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PREFACE 


The  present  treatise  neither  pretends  to  nor  aims 
at  giving  a  complete  description  or  demonstration 
of  the  phenomena  of  Sound,  or  of  the  history  and 
laws  of  Music.  Those  who  wish  to  study  these 
subjects  thoroughly,  whether  from  their  scientific 
or  artistic  aspect,  must  have  recourse  to  special 
works  and.  special  study. 

Following  the  example  given  by  Helmholtz  in 
his  now  classical  book,  "Die  Lehre  von  den  Ton- 
empfindungen,"  I  have  tried  to  bring  together  in 
a  plain  and  simple  form  two  subjects  which  have 
hitherto  been  treated  of  separately.  The  student 
of  physics  did  not  go  much  into  the  study  of 
musical   arguments,    and    our   artists    do    not   suf- 
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ficiently  understand  the  very  important  bearing 
that  the  laws  of  sound  have  upon  many  musical 
questions. 

Science  has  latterly  made  notable  jDrogress  in 
this  respect.  She  has  come  to  regard  the  history 
of  the  development  of  Music  from  a  single  point  of 
view,  and  is  on  the  road  to  furnish  a  larger  and 
firmer  basis  to  musical  criticism. 

To  expound  briefly  the  fundamental  principles 
of  such  a  science,  aud  to  point  out  its  most  im- 
portant applications,  has  been  the  object  and 
scope  of  this  treatise.  I  hope,  therefore,  that  it 
will  be  received  with  some  interest  both  by  lovers 
of  science  and  by  lovers  of  art. 

PIETRO  BLASERNA. 

Apra  1875. 
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CHAPTER   I. 

1.  Periodic  movements,  vibration — 2.  Sonorous  vibration — 3.  Vibra- 
tion OF  A  BELL — 4.  Vibration  of  a  tuning-fork,  graphic  method — 
5.  Vibration  of  a  string — 6.  Of  plates  and  membranes — 7.  Vibra- 
tion OF  air  in  a  sounding  pipe — 8.  Method  by  the  manometric 
FLAME. — 9.  Conclusion. 

1.  Amongst  the  innumerable  forms  of  motion  which  exist 
in  nature,  the  science  of  Physics  pays  especial  attention 
to  some,  to  which  it  assigns  great  importance.  These  are 
those  forms  of  motion  in  which  a  body,  or  part  of  a  body, 
arrives  at  an  extreme  point,  remains  at  rest  for  a  moment, 
retraces  its  steps,  again  takes  the  road  it  has  already  passed 
over,  and  continues  thus,  making  regular  to-and-fro  move- 
ments in  a  determinate  line. 

The  pendulum  offers  us  the  most  simple  example  of 
such  a  periodic  movement.  Its  laws  have  been  determined 
by  Galileo,  who  discovered  that  the  movement  is  isochron- 
ous— that  is  to  say,  that  the  time  in  which  the  to-and-fro 
movement  is  executed,  is  always  the  same  for  the  same 
pendulum,  be  its  oscillations  large  or  not. 
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In  other  words,  if  we  give  to  a  pendulum  at  rest  a 
slight  impulse,  or  a  strong  impulse,  the  oscillations  will 
be  respectively  small  or  large ;  but  for  the  same  pendulum 
the  duration  of  each  oscillation  will  be  always  the  same ; 
which  may  be  expressed  as  follows,  that  the  duration  of 
the  oscillations  is  independent  of  their  extent. 

The  law  of  the  isochronism  of  the  pendulum  is  a  very 
general  law  in  nature.  Although  it  may  not  be  mathe- 
matically exact,  still  it  is  sufficiently  so  for  the  majority 
of  cases  which  we  shall  consider.  Every  periodic  to-and- 
fro  movement  comparable  with  that  of  the  pendulum  is 
called  an  oscillation,  and  if  it  be  smaller  and  quicker,  it 
is  also  termed  a  vibration.  For  greater  clearness  we  will 
give  the  name  of  simple  vibrations  to  those  which  exactly 
follow  the  laws  of  the  pendulum,  which,  by  the  way,  are 
the  most  simple  of  all.  On  the  other  hand,  we  will  give  the 
name  of  compound  vibrations  to  tliose  which  follow  more 
complex  laws. 

An  example  will  show  how  vibrations  can  be  more 
complex.  The  movement  of  the  pendulum  may  be  thus 
summed  up :  When  it  has  arrived  at  the  end  of  its  path, 
it  remains  at  rest  for  a  moment,  and  comes  back  with  a 
constantly-increasing  velocity,  which  becomes  a  maximum 
in  the  vertical  position,  and  then  decreases  during  the 
second  half  of  its  path.  For  the  pendulum,  then,  the  two 
extreme  points  of  the  oscillation  correspond  to  a  velocity 
zero,  the  middle  point  to  the  maximum  velocity. 

An  example  of  compound  periodic  movement  is  obtained 
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by  adding  to  the  already  existing  oscillation  of  the  pen- 
dulum some  other  oscillatory  movement.  Suppose,  for 
example,  that  the  pendulum  rod  be  flexible  and  elastic, 
and  that  it  oscillates  on  its  own  account,  and  let  us 
further  suppose  the  lower  heavy  part  of  the  pendulum 
to  be  an  elastic  ball,  which,  being  violently  impelled 
when  at  rest,  vibrates  like  a  ball  on  a  billiard-table — that 
is  to  say,  exhibits  successive  compressions  and  expansions. 
We  shall  then  have  three  vibratory  movements  united  in 
the  pendulum,  which  will  give  a  compound  movement 
obviously  more  complex  than  the  first. 

Another  example  of  a  compound  movement  is  furnished 
by  the  ball-player,  who  throws  a  ball  vertically  up  in  the 
air,  and  then  sends  it  up  again  without  allowing  it  to  fall 
to  the  ground.  Here  the  movement  is  different  from  that 
of  the  pendulum.  The  ball  goes  up  with  a  velocity  de- 
creasing nearly  at  the  same  rate  as  that  of  the  pendulum 
does  (but  the  velocity  decreases  according  to  a  different 
law),  comes  to  rest,  and  then  falls  with  a  constantly- 
increasing  velocity,  and  is  suddenly  stopped  and  thrown 
up  again  by  the  muscular  force  of  the  player,  whilst  its 
velocity  is  fairly  high  and  still  increasing,  according  to  the 
laws  which  regulate  the  falling  of  heavy  bodies.  In  this 
case,  then,  contrary  to  that  which  takes  place  in  that  of  the 
pendulum,  the  two  extreme  points  of  the  path  correspond 
—the  one  to  a  velocity  of  zero,  the  other  to  a  fairly  high 
velocity — in  fact,  to  the  highest  velocity  possible  under 
the  circumstances.     There  exist  in  nature  a  very  great 
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number  of  vibrations  of  various  forms,  and  that  these 
have  been  carefully  studied  and  their  importance  fully 
understood,  constitutes  one  of  the  most  pregnant  strides 
which  Physics  has  made  in  this  century. 

Of  all  these  vibratory  movements  I  will  treat  of  one 
group,  which  merits  special  attention  on  account  of  the 
great  facility  which  it  offers  for  its  study,  and  for  the 
great  importance  which  its  application  has  exercised  on 
the  history  of  human  culture. 

2.  I  wish  first  of  all  to  demonstrate  that  sound  is  formed 
by  the  vibrations  of  the  particles  of  bodies.  To  under- 
stand these  vibrations  we  are  not  obliged  to  know  the 
intimate  structure  of  the  bodies  themselves ;  it  is  enough 
to  know  that  the  body  can  be  subdivided  into  little  par- 
ticles, and  that  these  particles  can  move  away  from  one 
another,  at  least  within  certain  limits,  without  thereby 
causing  the  rupture  or  disaggregation  of  the  body.  This 
is  the  result  of  everyday  observation,  and  in  regard 
to  our  present  study,  I  have  no  need  to  go  farther 
into  the  matter  or  to  formulate  a  more  or  less  hypothe- 
tical opinion  on  the  intimate  structure  of  the  bodies 
themselves.  We  must,  however,  add  to  this  conception 
yet  another — that  of  the  elasticity  of  bodies.  A  body  is 
called  elastic  in  which  a  particle,  moved  from  its  natural 
position  of  equilibrium,  has  a  tendency  to  return  to  its 
first  position  as  soon  as  the  external  cause  which  had 
displaced  it  has  ceased. 

Wlien  a  particle  is  under  the  circumstances  here  con- 
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templated,  it  does  what  the  pendulum  does.  The  instant 
it  is  free  to  move,  it  returns  towards  the  position  it 
originally  occupied;  at  first  with  small  velocity,  afterwards 
with  constantly-increasing  velocity.  Arrived  at  its  position 
of  natural  equilibrium,  it  continues  for  a  certain  space  by 
its  momentum  the  movement  which  it  has  acquired,  and 
finally  stops  and  retraces  its  steps.  It  oscillates  then 
about  its  position  of  natural  equilibrium,  precisely  as  the 
pendulum  oscillates  on  one  side  and  the  other  of  its 
vertical  position.  Mathematical  investigation  shows  that 
in  this  case  the  vibration  is  simple,  like  that  of  the  pen- 
dulum. But  in  the  study  of  the  vibrations  to  which  a 
body,  or  part  of  a  body,  may  be  subjected,  it  is  not  enough 
tx)  consider  the  movement  of  one  particle  only.  The  body 
is  formed  of  a  vast  number  of  particles,  and  as  each 
one  vibrates,  it  is  important  to  know  whether  they  influ- 
ence each  other  in  their  respective  movements.  In  this 
respect  any  case  is  possible,  according  to  the  special 
conditions  under  which  the  vibrations  take  place,  and 
the  cause  which  excites  them:  It  often  happens  that  each 
single  particle  vibrates  on  its  own  account,  as  if  the  others 
were  not  in  existence.  Those  vibrations  which  take  place 
irregularly  in  all  possible  directions,  acquire  a  great  im- 
portance in  respect  to  the  phenomena  of  heat,  and  for 
others  besides,  but  have  no  direct  bearing  upon  sound. 
In  order  that  the  vibration  may  be  sonorous,  it  is  necessary 
that  the  particles  should  execute  their  movements  together 
and  with  a  certain  regularity.     The  vibrations  then  acquire 
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a  general  and  regular  character.  They  may  be  compared 
to  the  compact  manoeuvres  of  a  company  of  soldiers,  while 
the  thermal  vibrations  rather  resemble  the  altogether 
irregular  movements  of  an  undisciplined  crowd. 

3.  It  can  be  demonstrated  by  a  certain  number  of 
examples  that  sound  is  always  accompanied  by  vibration 
of  the  sounding  body.  A  metal  bell  is  taken,  mouth 
upwards,  firmly  attached  to  a  foot  A  (fig.  1).    A  very  light 
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pendulum  a  touches  the  bell  to  indicate  the  movements 
that  it  may  make  at  a  given  moment.  If  this  beU  be 
rubbed  by  a  violin  bow,  a  very  marked  sound  is  obtained, 
and  immediately  the  pendulum  is  driven  away,  falls  back 
against  the  bell,  and  is  again  driven  away,  and  so  on;  the 
movement  of  the  pendulum  lasts  for  a  certain  time,  and 
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grows  less  as  the  sound  dies  away,  and  shows  thart;  the 
bell,  so  long  as  it  sounds,  is  in  a  state  of  vibration  in  all 
its  parts. 

4.  Another  illustration  is  given  by  a  sort  of  steel  fork 
D,  which,  if  it  be  held  by  its  foot,  can  be  easily  set  in 
vibration  (fig.  2).  A  fork  of  this  kind  is  called  a  tuning- 
fork.  If  the  tuning-fork  be  struck  upon  the  table,  or  if 
it  be  rubbed  at  the  extremities  of  its  branches  with  a 
violin  bow,  a  very  faint  and  scarcely  audible  musical 
sound  is  obtained.  This  sound  is  observably  strengthened 
if  the  foot  of  the  tuning-fork  be  placed  in  contact  with 
the  table,  or,  better  still,  with  a  hollow  box.  The  sound 
can  then  be  clearly  heard,  and  by  this  means  it  may  be 
shown  that  the  sound  really  exists.  This  being  so,  it  is 
easy  to  believe  that  the  two  branches  of  the  tuning-fork, 
when  it  sounds,  are  in  a  state  of  continual  vibratory  move- 
ment. The  movement  is  very  rapid  and  the  eye  cannot 
follow  it,  but  the  outlines  of  the  branches  no  longer  have 
a  sharp  and  well-defined  form,  which  clearly  shows  the 
movement  of  the  tuning-fork.  This  vibratory  movement 
is  made  very  perceptible  by  touching  the  fork  itself  with 
the  finger.  If  the  two  branches  be  touched,  the  move- 
ment ceases,  and  with  it  the  sound.  Sound  and  move- 
ment are  so  correlated  that  one  is  strong  when  the  other 
is  strong,  one  diminishes  when  the  other  diminishes,  and 
the  one  stops  when  the  other  stops. 

But  the  vibrations  of  the  tuning-fork  can  be  made 
visible  by  the  following  graphic  method : — 
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A  plate  of  glass  L  (fig.  2),  coated  witli  lamp-black  by 
a  petroleum  flame,  and  which  slides  easily  in  the  frame 
G,  is  taken,  and  a  point  P  having  been  attached  to  one  of 


Fig.  2. 

the  branches  of  the  vibrating  tuning-fork,  this  point  is 
placed  against  it,  and  the  plate  is  drawn  along  rapidly  in 
such  a  way  that  the  point  slides  continuously  on  it. 

Or,  to  make  the  experiment  still  more  certain  and  more 
elegant,  a  cylinder  of  brass  is  used,  on  w^hich  is  stretched 
a  sheet  of  paper  blackened  by  a  petroleum  flame.  This 
cylinder  can  be  turned  by  means  of  a  screw  handle  A 
moved  by  hand  or  by  mechanism  (fig.  3).  The  tuning- 
fork  is  now  brought  close  to  the  cylinder,  so  that  the  point 
D  slightly  scores  the  paper,  and  is  fixed  firmly  by  means 
of  a  vice.  If  the  tuning-fork  remains  at  rest  and  the 
cylinder  turns,  the  point  traces  a  straight  line  on  the 
paper,  or,  as  the  movement  of  the  cylinder  is  spiral,  it 
traces  a  curve  differing  very  little  from  a  straight  line. 

If,  on  the  other  hand,  the  cylinder  remains  at  rest  and 
the  tuning-fork  vibrates,  its  point  traces  a  short  line  per- 
pendicular to  the  first.  If,  lastly,  the  tuning-fork  vibrates 
and  the  cylinder  turns,  a  regular  and  very  characteristic 
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undulating  line  is  obtained  on  the  paper,  wliicli  represents 
fairly  well  the  vibratory  movement  of  the  tuning-fork. 
When  the  tuning-fork  gives  a  loud  sound,  the  vibrations 


Fig.  3. 

traced  on  the  paper  are  very  wide ;  later  on,  when  the 
sound  is  already  weakened,  the  vibrations  begin  to  dim- 
inish in  width ;  finally,  when  the  sound  is  on  the  point  of 
ceasing,  they  become  almost  invisible,  and  are  sensibly 
confounded  with  the  straight  line. 

5.  The  vibration  of  a  string  can  also  be  very  easily 
demonstrated.  Tor  this  purpose  a  metal  string  is  used, 
stretched  over  a  wooden  box  (fig.  4).     Two  bridges,  A  and 
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B,  on  wliicli  the  string  rests,  give  it  the  exact  length  of 
one  metre,  and  a  scale  placed  beneath  it  enables  the  length 
of  any  part  to  be  determined  at  will.     The  wire  is  fixed 


Fig.  4. 

and  kept  stretched  by  means  of  pegs,  exactly  as  in  a 
pianoforte.  Tliis  instrument,  which  has  been  known  since 
the  days  of  the  ancient  Greeks,  and  which  is  called  a 
sonometer  or  monochojxl,  is  of  great  importance  both  in  the 
history  of  music  and  in  the  study  of  those  phenomena  in 
which  we  are  now  interested.  If  the  string  be  rubbed  in 
the  middle  with  a  violin  bow,  a  note  is  obtained,  the  pitch 
of  which  depends  on  many  circumstances,  as,  for  instance, 
on  the  length,  thickness,  and  density  of  the  string,  and  on 
its  tension.  If  the  string  be  rubbed  lightly,  the  sound  is 
feeble ;  if,  on  the  contrary,  it  be  rubbed  with  some  force, 
the  sound  is  loud ;  and,  generally  speaking,  the  intensity 
or  loudness  of  the  sound  depends  on  the  greater  or  less 
amount  of  force  that  produces  it.  The  vibration  of  this 
string  can  be  demonstrated  in  the  following  manner : — 
Simple  observation  has  already  shown  that  the  string 


VIBRATION   OF  A  STRING.  11 

when  rubbed  is  in  a  state  of  rapid  vibration.  At  the 
extremities,  where  it  rests  on  the  two  bridges,  the  string 
appears  to  be  at  rest,  but  when  the  middle  part  is  exam- 
ined, it  is  found  that  the  string  loses  its  sharpness  of 
outline.  It  appears  sensibly  thickened,  and  this  thicken- 
ing reaches  its  maximum  at  about  the  middle  of  the 
string,  which  proves  that  each  particle  of  the  string  per- 
forms a  to-and-fro  movement  in  a  direction  perpendicular 
to  the  length  of  the  string.  Vibrations  of  this  sort  are 
called  transverse,  to  distinguish  them  from  longitudinal 
vibrations,  in  which  each  particle  vibrates  in  the  direc- 
tion of  the  string  itself. 

In  practical  music  no  use  is  made  of  the  longitudinal 
vibration  of  strings ;  the  transverse  vibrations  only  need 
here  be  treated  of.  In  order  better  to  demonstrate  their 
existence,  some  little  slips  of  paper,  doubled  in  the  middle 
like  riders,  may  be  placed  on  the  string ;  when  it  vibrates, 
these  riders  are  thrown  up  on  account  of  their  lightness 
and  faU  back  again  on  the  string,  thus  indicating  when  it 
is  in  a  state  of  vibration  and  when  it  is  at  rest.  The  most 
simple  form  of  vibration  is  that  in  which  the  whole  string 
performs  simultaneously  one  single  vibration.  This  effect 
can  easily  be  obtained  by  leaving  the  string  quite  free, 
and  rubbing  it  with  the  bow  close  to  one  of  its  ends.  In 
that  case  aU  the  riders  are  thrown  up — first  those  in  the 
middle,  where  the  movement  is  greatest,  and  afterwards 
the  others  in  succession.  This  shows  that,  with  the  ex- 
ception of  the  two  fixed  points  of  the  string,  there  is  no 
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point  of  it  that  does  not  vibrate,  or,  in  other  terms,  that 
the  whole  string  vibrates  in  one  single  vibration.  The 
note  which  is  thus  obtained  from  the  string  is  the  lowest 
note  corresponding  to  it,  and  it  is  for  this  reason  that  it  is 
called  its  fundamental  note. 

But  this  is  not  the  only  note  which  can  be  obtained 
from  the  string.  If  it  be  touched  at  its  middle  with  the 
finger,  or,  better  still,  with  a  feather  (fig.  4),  a  note  is 
obtained  which  is  observably  higher — a  note  which  the 
musical  ear  easily  distinguishes,  and  which  practical 
musicians  call  the  octave  of  the  fundamental  note.  The 
string  in  this  case  vibrates  in  two  parts  in  such  a  way 
that  the  point  touched  remains  at  rest.  This  fixed  point 
is  called  a  node  of  the  vibrating  string,  and  such  a  node 
has  been  produced  artificially  by  touching  the  string 
at  the  point  indicated.  In  fact,  if  the  riders  be  now 
placed  on  the  string,  it  will  be  observed  in  this  case 
that  the  rider  nearest  to  the  finger  does  not  move, 
whilst  all  the  others  are  thrown  off.  The  rider  by  re- 
maining at  rest  thus  indicates  the  presence  of  the  node. 
Successively  higher  and  higher  notes  can  be  obtained 
from  the  string  by  touching  it  at  a  third,  a  fourth,  and 
a  fifth  of  its  length,  &c.  An  experiment  made  by  means 
of  riders  shows  that  in  each  case  of  this  sort  the  string 
subdivides  itself  into  a  certain  number  of  parts,  invariably 
equal — in  the  first  case  into  three,  in  the  second  into  four, 
and  in  the  third  into  five,  &c. —  and  the  riders  that  remain 
on  the  string  will  indicate  the  equidistant  nodes  formed 
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in  tlie  string.  Thus,  for  example,  if  the  string  be  touched 
at  one-fifth  of  its  length,  it  divides  itself  into  five  equal 
parts,  and  four  nodes  are  formed  at  distances  of  ^,  f ,  |,  -| 
of  the  string's  length,  whilst  at  the  intermediate  points  is 


found  the  maximum  vibratory  movement  (fig.  5).  The 
parts  of  the  string  between  the  nodes  wliich  contain  these 
points  of  maximum  movement  are  called  'ventral  segments. 


Fig. 


Fig.  6  represents  in  somewhat  exaggerated  dimensions 
the  different  modes  of  vibration  which  a  string  assumes  in 
different  cases,  when  it  vibrates  as  a  whole,  or  is  divided 
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into  2,  3,  4,  &c.,  parts.  In  the  first  case  no  node  is 
formed,  in  the  others  we  have  1,  2,  3,  &c.,  nodes.  It  is 
necessary  to  observe  that  these  different  cases  correspond 
to  different,  and  successively  higher  and  higher,  notes  of 
the  same  string. 

6.  Another  interesting  example  of  vibration  is  that 
offered  by  a  plate  or  membrane.  This  case  is  somewhat 
more  complicated  than  that  of  a  string,  but  the  explana- 
tion is  almost  the  same.  In  fact,  a  plate  may  be  con- 
sidered as  an  assemblage  of  strings  rigidly  fastened  to- 
gether. As  we  obtained  nodal  points  in  the  string,  we 
ought  therefore  to  have  nodal  lines  in  the  plate,  formed 
by  the  junction  of  the  different  nodal  points. 

Chladni,  who  first  observed  these  nodal  lines,  indicated 
a  very  simple  means  of  demonstrating  them,  on  which 
account  the  figures  produced  by  these  lines  are  called 
"  Chladni's  figures."     Fig.  7  shows  some  plates,  such  as  are 


Fig.  7. 


generally  used,  fixed  in  the  middle  to  a  solid  foot,  which 
rests  on  a  common  bench.    By  sprinkling  a  Little  sand  on 
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the  plate  and  rubbing  it  with  a  bow,  musical  sounds  are 
obtained,  unpleasant  because  too  shrill,  but  always  quite 
clear ;  and  the  moment  the  sound  is  produced,  the  sand 
dances  about  and  collects  to^ijether  on  certain  straight 
or  curved  lines,  which  indicate  the  places  where  the 
vibratory  movement  does  not  exist:  these  are  Chladni's 
nodal  lines. 

From  the  same  plate  very  varied  figures  can  be  obtained 


Pig.  8. 


by  applying  the  finger  to  suitable  points,  in  order  thus  to 
induce  a  nodal  point,  and  thence  a  nodal  line.    Fig.  8 
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contains  a  very  beautiful  series  of  figures,  wliicli  can  be 
obtained,  according  to  Savart,  from  a  square  plate  of 
sufficient  size.  The  number  of  these  figures  is  rather  large, 
and  those  here  drawn  represent  only  a  small  part  of  those 
which  can  be  obtained,  especially  when  the  plate  is  large. 

Membranes  also  vibrate  in  an  analogous  way.  The 
forms  of  their  nodal  lines  are  generally  even  more  com- 
plicated than  those  of  plates,  and  are  observed  in  an  an- 
alogous way.  The  rule  is  this,  that  to  a  determinate  note 
belongs  a  determinate  figure  for  the  same  membrane  or 
plate,  and  that  the  figure  is  more  complicated  as  the  note 
produced  is  higher. 

1^0  relation,  however,  between  these  phenomena,  or 
rather  no  law  that  will  make  known  the  relation  between 
the  figure  obtained  and  the  corresponding  note,  has  yet 
been  discovered. 

7.  We  have  up  to  this  point  only  studied  the  case  of 
the  vibration  of  solid  bodies,  but  liquid  and  gaseous  bodies 
can  also  produce  sound  by  vibrating.  The  best-understood 
case  is  that  of  a  sounding  pipe,  of  which  under  many 
different  forms  much  use  is  made  in  practical  music.  It 
is  divided  into  two  large  categories— that  of  "flue"  or 
"  mouth  "  pipes,  and  that  of  "  reed  "  pipes.  In  both  the 
sound  is  produced  either  by  breaking  up  the  air  which  is 
blown  into  tliem,  or  by  causing  it  to  enter  in  puffs.  In 
the  first  and  most  important — that  is,  in  the  flue-pipe — 
this  effect  is  obtained  by  a  special  arrangement,  which  is 
called  the  embouchure  of  the  pipe. 
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Fig.  9  represents  the  most  common  form  of  flue-pipe. 
By  blowing  through  the  open  tube  a,  whether  by  means 
of  the  mouth  or  by  connecting  the  pipe  to  a  bellows, 
a  musical  sound  is  obtained.  The  pipe  is  hollow  within, 
and  open  or  closed  at  the  top,  according  to  circumstances, 
and  it  has  its  embouchure  at  m  and  I.     Fis.  10  shows  better 


Fig.  9.  Fig,  10. 

in  section  the  arrangement  of  such  an  embouchure,  which 
consists  of  an  upper  lip  I  and  a  lower  lip  m,  which  are 
bevelled  to  an  edge.  The  air  enters  by  the  tube  a,  passes 
into  the  box  &,  and  breaks  through  a  narrow  fissure  against 
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the  upper  lip  I.  It  partly  enters  the  pipe,  and  induces 
vibrations,  and  produces  a  very  clear  and  agreeable  sound. 
Fig.  11  gives  an  example  of  a  reed  pipe.  The  air,  which 
enters  by  r,  is  obliged,  in  order  to  get  to  the  larger  tube  E, 
to  pass  through  a  special  apparatus,  the  reed,  of  which  fig.  12 


rig.  11. 


gives  the  detailed  arrangement.  The  box  acb  is  closed  in 
the  middle  by  a  small,  thin,  elastic,  metalKc  plate  d,  called 
the  tongue.  When  this  is  lifted  up,  the  air  passes  through 
the  fissure  a ;  when  the  tongue  springs  back  by  its  own 
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elasticity,  it  closes  the  passage.  The  vibration  of  the 
tongue  induces  a  rapid  opening  and  closing  of  this  fissure ; 
the  air  penetrates  at  intervals,  in  regular  puffs,  and  thus 
a  sound  is  obtained.  "Whether  the  first  or  second  kind  of 
pipe  be  used,  if  we  blow  hard  the  sound  is  loud ;  it  be- 
comes feeble  if  we  blow  gently,  and  in  this  last  case  the 
note  is  the  lowest  that  the  pipe  can  give,  for  which 
reason  it  is  called  the  fundamental  note  of  the  pipe. 

This  note  depends  on  the  dimensions,  and,  above  all,  on 
the  length  of  the  pipe,  and  also  on  the  nature  of  the  gas 
that  enters  it ;  so  that  to  determinate  dimensions  and  to 
a  determinate  mode  of  blowing  corresponds  a  determinate 
fundamental  note.  When  the  blowing  is  stronger,  it  may 
happen  that  the  pipe  will  give  a  different  note  from  the 
fundamental  note.  This  happens  especially  if  the  pipe  is 
very  narrow  for  its  length ;  it  is  easy  to  prevent  this  by 
giving  to  the  tube  a  sectional  area  proportioned  to  its 
length,  according  to  certain  rules  suggested  by  practice. 

A  pipe,  then,  may  be  constructed  at  pleasure  which 
will  give  by  preference  the  fundamental  note,  or  one 
which  will  give  by  preference  higher  notes.  Sometimes 
the  one  case  and  sometimes  the  other  is  utilised  in  prac- 
tical music. 

In  fact  there  are  instruments,  both  with  embouchures 
and  with  reeds,  in  which  each  pipe  is  intended  only  to  give 
its  fundamental  note — as,  for  example,  the  organ,  in  all  the 
various  and  complicated  forms  which  it  can  assume.  Many 
wind  instruments — as  the  trumpet,  trombone,  &c,,  and  also 
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the  flute — are  pipes,  each  one  of  which  is  intended  to  give 
a  series  of  notes.  This  is  attained  by  giving  the  instru- 
ments great  length  in  proportion  to  their  other  dimensions 
and  turning  and  twisting  the  pipe  when  too  long  in  order 
to  give  it  a  more  convenient  form.  Like  a  vibrating  string, 
a  sounding  pipe  thus  gives  a '  series  of  notes  successively 
hicjher  and  his/her.  It  is  enouf;jh  for  this  to  strenc^then 
the  current  of  air ;  but  a  better  and  quicker  effect  is  ob- 
tained by  opening  a  communication  with  the  external  air 
at  suitable  points  by  means  o^  pistons  in  the  cornet,  and 
by  means  of  the  fingers  and  of  the  keys  in  the  flute.  The 
effect  may  be  compared  with  that  obtained  when  a  point 
in  a  vibrating  string  is  touched  by  the  finger ;  a  node  is 
established,  and  the  vibrating  column  of  air  subdivides 
into  a  certain  number  of  parts,  according  to  simple  rules, 
which  vary,  however,  with  the  nature  of  the  pipe. 

The  flute  and  organ  pipes  for  the  most  part  are  flue- 
pipes,  but  in  the  first  the  embouchure  is  formed  both  by 
the  instrument  itself  and  the  lip  of  the  player.  The 
clarionet,  the  oboe,  and  all  the  trumpet  class,  are  reed 
instruments  ;  these  last  have  a  little  funnel  against  which 
the  lips  are  placed,  which  by  vibrating  act  as  a  reed. 

All  the  various  difl'erent-shaped  pipes  are  divided  into 
open  and  stopped.  Besides  certain  very  characteristic 
differences,  the  note  produced  by  the  two  kinds  of  pipes 
is,  cceteris  paribus,  diflerent  in  pitch.  Two  pipes  of  the 
same  shape  and  dimensions,  the  one  stopped  and  the  other 
open,  give  two  fundamental  notes  which  are  to  each  other 


VIBRATION   OF   AIR  IN   A   PIPE. 


21 


as  the  fundamental  note  and  its  octave.  If  therefore  an 
open  pipe  be  stopped,  its  note  descends  to  the  octave 
below ;  and  if  a  stopped  pipe  be  opened,  its  note  rises  to 
the  octave  above. 

Many  different  methods  may  be  used  to  demonstrate 
the  vibration  of  air  in  a  pipe.  One 
method  is  to  introduce  into  an  open 
pipe,  one  wall  of  which  is  of  glass, 
by  its  upper  end  a  light,  well- 
stretched  membrane  of  paper  m  on 
which  some  sand  is  sprinkled  (fig. 
13).  The  note  is  slightly  altered 
by  the  introduction  of  this  ex- 
traneous body,  but  nevertheless 
continues  to  exist,  and  through  the 
glass  wall  it  may  be  observed  how 
the  sand  is  thrown  up  with  some 
noise,  because  the  vibration  of  the 
air  is  communicated  to  the  paper 
membrane  and  thence  to  the  sand. 
At  the  middle  point  of  the  pipe 
the  movement  of  the  sand  ceases, 
which  shows  that  at  this  point 
there  is  a  true  node,  and  also  that 
the  dancing  of  the  sand  is  not 
produced  by  air  in  a  stream,  but  only  by  air  in  a  state  of 
vibration. 

Another  simple  mode  of  demonstrating  the  vibration 
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Fig.  13. 
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of  the  air  is  the  following:  A  tube  rather  long  for  its 
sectional  area  is  taken,  in  which  one  wall  is  made  of  very 
thin  flexible  wood.  By  blowing  into  it  with  some  violence, 
a  note  is  obtained  much  higher  than  tlie  fundamental 
note  of  the  pipe.  The  air  in  vibrating  communicates  its 
vibrations  to  the  flexible  side- of  the  tube.  Therefore,  if 
the  pipe  be  held  horizontally,  and  sand  be  sprinkled  on 
the  flexible  side,  the  sand  will  dance  about  and  accumu- 
late in  certain  lines  which  are  true  nodal  lines,  and  indi- 
cate exactly  the  way  in  which  the  air  is  vibrating  in  the 
interior  of  the  pipe. 

Another  method  of  some  importance  has  been  pointed 
out  by  Kundt.  Take  a  tube  of  glass  of  sufficient  sectional 
area  and  about  two  metres  long.  Some  light  powder,  such 
as  lycopodium  or  cork  dust,  is  poured  into  the  interior  of 
the  tube,  and  distributed  over  it  fairly  evenly.  The  tube 
is  then  stopped  at  the  two  extremities  with  corks ;  it  is 
then  held  firmly  by  its  middle  with  one  hand,  whilst  it  is 
rubbed  with  a  slightly  wetted  cloth  with  the  other.  A 
very  sharp  clear  note  is  then  formed ;  the  vibrations  of 


Fig.  14. 


the  tube  are  transmitted  to  the  enclosed  air,  and  the  lidit 
powder  distributes  itself  regularly  in  the  way  indicated  in 
fig.  14,  where  a  portion  of  the  tube  is  represented.    The 
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circles  are  nodes,  and  between  them  the  powder  shows 
real  transverse  lines. 

The  form  of  the  figure,  and  especially  the  distribution 
of  the  nodes,  depends  on  various  circumstances — on  the 
dimensions  of  the  tube,  on  the  note  which  can  consequently 
be  obtained  from  it,  and  on  the  gas  which  is  enclosed  in 
the  tube.  In  this  respect  Kundt's  method  is  susceptible 
of  great  accuracy,  and  is  widely  applicable,  enabling  us 
to  deduce  the  velocity  with  which  sound  is  propagated 
through  different  bodies. 

8.  The  mechanician  Konig  has  recently  devised  a  very 
elegant  novel  method  of  demonstrating  the  vibrations  of 
the  air  in  sounding  pipes — viz.,  that  by  means  of  the 
manometric  flame.  Fig.  15  gives  a  sufficiently  exact 
idea  of  the  apparatus  contrived  by  him.  One  or  more 
pipes,  equal  or  unequal  (in  the  annexed  drawing  they  are 
equal  A  and  B),  are  mounted  on  a  small  box  h,  which  acts 
as  an  air-chest.  The  indiarubber  tube  a  puts  it  in  com- 
munication with  a  blower.  The  valves  v  serve  to  set  in 
action  at  will  either  pipe  or  both  together.  In  the  pipe 
itself  a  hole  is  made  and  closed  again  by  a  capsule  e, 
under  which  is  a  flexible  elastic  membrane  which  serves 
to  separate  the  interior  of  the  pipe  from  the  interior  of  the 
capsule,  which  is  put  in  communication  on  one  side  with  a 
gas-tube  c  by  means  of  the  small  tube  d,  and  on  the  other 
with  the  small  tube  /,  which  ends  in  a  gas-burner.  The 
gas  then  enters  the  capsule,  fiUs  it,  and  passes  through  the 
small  tube  and  the  burner.   Lighting  it,  then,  at  the  burner, 


24 


THE  THEORY   OF   SOUND. 


a  small  flame  is  obtained.  If  the  pipe  is  not  sounding,  the 
gas  passes  quietly  through  the  capsule,  and  gives  rise  to  a 
quiet  and  normal  flame.     If,  on  the  other  hand,  the  pipe 


Pig.  15. 


produces  its  note,  the  movement  of  the  vibrating  air  is 
communicated  to  the  membrane,  from  it  to  the  gas,  and 
thence  to  the  flame.  When  the  pipe  produces  this  note, 
it  will  be  seen  that  the  flame  lengthens,  grows  restless 
and  more  blue,  and  by  all  its  behaviour  indicates  some- 
thing abnormal.  This  proceeds  from  the  fact  that  the 
flame  takes  part  in  the  vibrations  of  the  air  in  the  pipe. 
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It  rises  and  falls  rapidly,  and  as  this  movement,  on  account 
of  its  rapidity,  cannot  be  folloTved  by  the  eye,  only  a  com- 
plete image  of  the  flame  is  seen,  an  image  caused  by  the 
superposition  of  the  partial  short  and  long  flames. 

In  order  readily  to  observe  the  vibrations  of  the  flame, 
recourse  is  had  to  a  means  often  made  use  of  in  physics. 
Behind  the  flames  is  placed  a  four-sided  box  of  looking- 
glass  S,  which  can  be  rapidly  turned  round  a  vertical  axis 
by  means  of  a  handle  and  a  system  of  toothed  wheels. 
When  the  flame  burns  steadily,  a  continuous  luminous 
band  is  formed  in  the  turning  mirror,  because  to  each 
position  which  the  mirror  takes  up  in  its  rotation,  there 
corresponds  a  similar  image  of  the  flame.  If,  on  the  other 
hand,  the  flame  vibrates — that  is  to  say,  if  it  is  sometimes 
short  and  sometimes  long — there  wiU  correspond  to  cer- 
tain positions  of  the  mirror  long,  and  to  others  short 
imasjes,  and  there  will  be  seen  in  the  turnincr  mirror  lonc^ 
and  short  images  succeeding  each  other  (fig.  16,  a). 

The  short  flame  is  confounded  sensibly  with  the  limiin- 
ous  mass,  because  the  lower  part 
of  the  flame  does  not  take  much 
part  in  the  vibrations.  But  the 
long  flames  are  seen  clearly  sepa- 
rated one  from  the  other;  whence 
the  phenomenon  presents  the  ap- 
pearance of  separate  and  equal 
flames,  as  is  shown  in  fig.  16.  This  method  gives  a  clear 
idea  of  what  happens  in  the  interior  of  the  pipe,  and  if 
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care  be  taken  to  darken  the  room  in  order  to  remove  all 
other  reflections  from  the  mirror,  the  experiment  becomes 
perfectly  visible  even  to  a  very  numerous  audience.  A 
smaller  pipe  may  now  be  used,  which  gives  a  note  exactly 
an  octave  higher  than  that  of  the  first. 

Wlien  the  apparatus  is  set  in  action  in  the  same  way  as 
at  first,  it  will  be  observed  that  the  vibrating  flames  are 
considerably  nearer  together.  In  general  terms,  the  higher 
the  note,  for  an  equal  speed  of  the  mirror,  the  nearer 
together  are  the  flames — that  is  to  say,  the  more  rapid  are 
the  mirations  of  the  air  in  the  pipe.  This  is  a  very 
important  law,  which  will  require  further  study  later  on, 
but  which  it  is  useful  to  have  already  demonstrated  by  this 
elegant  experiment.  "We  may  even  go  farther,  and  deter- 
mine the  ratio  between  the  number  of  vibrations  per 
second  of  the  two  pipes.  Setting  them  both  in  action 
independently  of  each  other,  two  series  of  flames  are 
obtained  one  over  the  other  (fig.  16,  a  h).  And  with  a 
little  attention  it  will  be  seen  that  with  whatever  velocity 
the  mirror  be  turned,  two  images  of  the  lower  line  cor- 
respond to  one  image  of  the  upper  line.  This  conclusion 
may  then  be  arrived  at,  that  the  octave  is  always  composed 
of  a  number  of  vibrations  per  second  double  that  of  the 
fundamental  note. 

9.  Similar  demonstrations  might  be  continued,  for,  in 
truth,  examples  are  not  wanting.  A  few  only  of  the  more 
important  have  been  cited,  and  these  will  sufi&ce  to  demon- 
strate the  point  to  be  settled  in  this  chapter.     Wherever 
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there  is  sound,  there  is  always  vibration ;  whence  it  may 
be  concluded  that  sound  and  vibration  are  concomitant 
phenomena.  The  vibration  may  come  from  a  solid,  a 
liquid,  or  a  gaseous  body ;  but  there  is  no  known  case  of 
sound,  without  vibration  of  material  bodies.  It  does  not 
necessarily  follow  that  all  vibrations  must  produce  sound. 
In  order  that  this  may  happen,  they  must  satisfy  certain 
special  conditions,  which  will  be  considered  later  on.  But 
up  to  this  point  we  may  say,  that  wherever  there  is  sound 
there  is  vibration.  But  vibration  is  objective  :  it  exists  in 
sounding  bodies  independently  of  the  listener. 

Sound,  on  the  other  hand,  is  produced  in  our  ears,  and  is 
therefore  subjective.  To  a  deaf  man  the  vibration  exists, 
but  the  sound  does  not.  He  would  be  able  to  study  the 
vibration,  though  entirely  ignorant  of  the  fact  that  it  pro- 
duces a  special  sensation  on  our  normal  organisation. 
From  this  we  may  conclude  that  vibration  is  the  cause  and 
sound  the  effect  produced  on  our  ears,  or  in  other  words, 
that  sound  is  the  result  of  certam  forms  of  vibration  of 
bodies. 


CHAPTER  11. 

1.  Transmission  of  sound— 2.  Propagation  in  air — 3,  In  water  and 

OTHER    BODIES — 4.    VELOCITY    OF    SOUND    IN    AIR — 5.    In    WATER    AND 
OTHER  BODIES — 6.    REFLECTION  OF  SOUND — 7.    EcHO. 

1.  ^YE  possess  in  our  organisation  a  special  instrument, 
the  ear,  adapted  for  perceiving  sounds.  But  if  the  vibra- 
tions of  the  sounding  body  are  the  cause  of  sound,  the 
question  arises,  How  do  these  vibrations  ultimately  reach 
our  ears,  so  as  to  produce  the  sensation  of  sound  ?  A 
vibration  evidently  could  not  be  propagated  if  there 
were  no  medium  fit  to  propagate  it.  This  medium  is 
generally  air ;  but  it  may  also  be  any  other  solid,  liquid, 
or  gaseous  body,  so  long  as  it  be  elastic.  Elasticity  of  the 
body  is  a  necessary  condition,  not  only  for  the  formation 
of  sound,  but  also  for  its  transmission  :  since  a  vibration 
can  only  be  propagated  by  transmitting  its  own  move- 
ment to  the  layers  of  the  medium  nearest  the  vibrating 
body ;  these  layers  communicate  it  to  fresh  layers  in  their 
neighbourhood,  and  so  on. 

Vibration  seems,  then,  to  travel  from  layer  to  layer,  and 
when  circumstances  permit,  in  every  direction.  The  vibra- 
tory movement  is  not  possible  if  each  particle  of  the 
transmitting  medium  be  not  able  to  vibrate  on  its  own 
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account — that  is  to  say,  if  the  medium  be  not  elastic. 
And  thus  the  power  that  a  body  possesses  of  transmitting 
sound  constitutes  one  of  the  surest  criteria  of  its  elasticity. 

A  very  clear  idea  of  the  transmission  of  a  vibratory 
movement  may  be  obtained  by  observing  a  large  surface 
of  water  at  rest.  On  throwing  a  stone  into  it,  a  series  of 
concentric  waves  is  seen  to  start  from  the  point  struck  by 
the  stone,  which  as  they  grow  larger,  become  less  distinct, 
and  end  by  becoming  imperceptible.  It  would  be  a  mis- 
take to  suppose  that  the  water  itself  moved  from  point  to 
point.  Each  particle  remains,  so  to  speak,  at  its  post,  and 
only  executes  a  vibration  perpendicular  to  the  direction 
of  the  wave  ;  having  accomplished  which,  it  is  at  the  very 
same  post  as  before.  It  is  easy  to  demonstrate  that  this 
is  so,  by  throwing  on  the  water  some  sawdust  or  other 
floating  body,  when  it  will  be  observed  that  it  is  lifted  by 
the  vibratory  movement  which  passes  under  it,  without 
being  sensibly  displaced.  It  is,  then,  only  the  vibratory 
movement  which  moves  from  one  point  to  another,  and 
not  the  body  itself  or  any  part  of  it. 

The  case  of  several  vibratory  movements,  which  coming 
from  different  points  strike  against  or  across  each  other, 
is  more  complicated,  and  at  the  same  time  more  interest- 
ing. If  two  or  more  stones  be  thrown  into  still  water  at 
different  points,  two  or  more  systems  of  waves  are  formed, 
which,  as  they  grow  larger,  join  together.  Experience 
shows  that  at  each  point  common  to  two  waves  moving 
in  opposite  directions,  there  are  special  phenomena,  caUed 
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interference.  But  beyond  these  points,  each  wave  is  pro- 
pagated exactly  as  if  the  other  did  not  exist,  and  never 
had  existed. 

This  is  the  great  principle  of  the  coexistence  of  vibratory 
movements,  a  principle  discovered  by  experiment  and 
proved  to  demonstration  by  mathematical  analysis.  It  is 
applicable  to  all  cases,  whatever  be  the  elastic  body 
examined,  and  whatever  be  the  nature  of  its  vibrations. 
Applied  to  the  case  of  sonorous  vibrations  and  air,  it  leads 
to  this  conclusion :  that  twenty,  thirty,  a  hundred  different 
sounds  may  be  transmitted  in  every  direction  without 
reciprocal  disturbance. 

2.  In  order  to  demonstrate  that  air  is  really  able  to  trans- 
mit sound,  use  is  made  of  a  glass  globe,  into  which  a  rod 
of  brass  penetrates,  carrying  at  its  lower 
extremity  a  little  bell  c  (fig.  17)  attached 
by  means  of  an  inelastic  cotton  thread. 
The  globe  is  furnished  with  a  stopcock 
a  in  its  neck,  which  enables  it  to  be 
opened  or  closed.  If  the  air  be  ex- 
hausted from  the  globe  as  thoroughly 
as  possible  by  means  of  an  air-pump, 
the  globe,  and  thence  the  bell,  may  be 
shaken  with  any  degree  of  violence  with- 
out any  sound  being  heard.  By  holding  the  ear,  how- 
ever, against  the  globe,  a  very  feeble  sound  is  heard, 
the  reason  of  which  is,  that  the  air  is  not  completely 
exhausted,  and  that  the  cotton  thread  by  whicb  the  bell 
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is  suspended  is  not  completely  devoid  of  elasticity,  and 
therefore  transmits  the  sound,  though  but  slightly.  But 
the  phenomenon  is  very  faint,  and  is  imperceptible  at  a 
very  short  distance.  If  the  stopcock  be  opened  for  an 
instant  and  again  closed,  a  little  air  will  enter  the  globe, 
and  the  sound  of  the  bell  will  begin  to  be  heard.  Its 
vibrations  now  find  an  elastic  medium,  which,  althousjh 
very  rarefied,  is  able  to  transmit  them  at  last  to  the 
glass  envelope  of  the  globe.  The  glass,  which  is  very 
elastic,  transmits  them  to  the  external  air,  and  thence 
to  the  ear  of  the  observer,  and  therefore  the  sound 
is  heard,  although  feebly.  If  the  stopcock  be  again 
opened,  and  left  open  so  that  the  air  can  enter  freely, 
the  sound  will  grow  louder,  and  when  the  air  in  the  globe 
has  reached  the  same  density  as  the  external  air,  the  bell 
will  be  heard  with  its  full  loudness.  This  experiment 
shows  that  air  is  able  to  transmit  sound,  that  in  this 
case  it  was  necessary  for  such  transmission,  and  that  it 
transmits  sound  better  as  its  density  is  greater. 

3.  ISTot  only  air,  but  all  solid.  Liquid,  and  gaseous 
bodies,  are  able,  if  elastic,  to  transmit  sonorous  vibrations. 
It  is  a  well-known  fact  that  if,  when  bathing  in  the  sea, 
the  head  be  plunged  under  water,  or  even  the  ears  only, 
the  noise  produced  by  the  water  striking  against  the 
rocks  is  distinctly  heard.  And  it  is  an  equally  well- 
known  fact,  that  to  hear  a  distant  noise  produced  by  the 
passage  of  men  or  animals,  the  ear  must  be  held  to  the 
ground ;  which  shows  not  only  that  the  earth  transmits 
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sound,  but  that  in  some  cases  it  transmits  it  even  better 
than  air. 

Almost  all  known  bodies  are  able  to  transmit  sound, 
and  metals  are  best  of  all  adapted  for  this  purpose.  This 
transmission  succeeds  best  when  the  sound  is  circum- 
scribed and  obliged  to  travel  in  one  direction  only.  This 
is  not  the  case  for  a  bell  sounding  in  the  open  air ;  the 
sound  is  transmitted  in  every  direction,  and  soon  grows 
feeble.  But  if,  on  the  other  hand,  the  transmission  takes 
place  in  one  direction  only,  a  sound,  although  feeble,  may 
be  heard  at  a  great  distance.  It  is  on  this  principle  that 
are  founded  the  acoustic  pipes,  or  speaking-tubes,  in  common 
use.  These  are  cylindrical  tubes,  generally  of  gutta-percha, 
which  are  arranged  from  point  to  point  as  may  be  required, 
with  this  condition,  however,  that  they  should  not  have 
sharp  curves.  If  words  be  spoken  at  one  end,  the  sound 
is  transmitted  from  layer  to  layer  of  the  enclosed  air,  and 
easily  reaches  the  other  end ;  communication  can  thus  be 
made  between  two  distant  parts  of  a  building.  Theoreti- 
cally, there  is  no  limit  to  such  transmission  in  cylindrical 
tubes ;  in  practice,  however,  the  sound  grows  gradually 
weaker  in  long  tubes,  because  the  vibrating  air  loses  a 
part  of  its  vibratory  movement  by  friction  with  the  sides 
of  the  tube.  Very  long  distances  may  nevertheless  be 
attained. 

An  elegant  experiment  on  the  transmission  of  sound 
is  that  described  by  Wheatstone.  A  rod  of  wood  several 
yards   in   length  passes  from  one  room  to  another — for 
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example,  from  one  room  to  the  room  on  the  floor  below. 
In  order  to  preserve  it  from  contact  with  other  bodies,  it 
is  surrounded  by  a  tin  tube  and  by  indiarubber,  but  the 
two  extremities  are  left  free.  One  extremity  is  put  in 
communication  with  the  sounding-board  of  a  pianoforte 
or  other  musical  instrument,  and  transmits  all  its  notes 
to  the  other  extremity.  To  make  these  perceptible,  it 
need  only  be  fixed  to  some  other  instrument — a  vioHn, 
harp,  or  pianoforte.  The  effect  is  astonishing;  a  piece 
of  music  played  in  the  other  room  or  other  floor  is 
perfectly  heard. 

4.  This  being  so,  the  following  questions  now  present 
themselves :  With  what  velocity  is  sound  transmitted  in 
different  bodies  ?  Is  it  great  or  small  ?  Is  it  the  same 
for  all  bodies  ? 

By  velocity  is  meant  the  space  passed  over  in  a  second 
of  time ;  as  an  example,  let  us  investigate  the  space  passed 
over  by  a  sonorous  vibration  in  one  second  of  time  in  air. 
It  is  a  weU-known  fact  that  this  velocity  is  not  great. 
In  fact,  when  a  man  some  distance  off  strikes  an  anvil 
with  a  hammer,  the  movement  of  the  hammer  is  first  seen 
and  then  the  sound  is  heard ;  and  if  the  distance  is  rather 
great,  the  lapse  of  time  between  the  moments  at  which 
the  blow  is  seen  and  heard  becomes  very  considerable. 
The  firing  of  a  cannon  a  long  distance  off  is  announced 
first  by  the  flame  produced  by  the  explosion  of  the  powder, 
and  only  some  time  afterwards  by  the  report.  Similar 
examples   are  very  numerous.     They   demonstrate  that 
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sound  is  transmitted  much  more  slowly  than  light,  and 
that  the  velocity  of  sound  in  each  case  cannot  be  great. 

The  method  of  determining  the  velocity  of  sound  is  in 
itself  very  simple.  It  may  be  done  by  merely  placing 
two  cannon  at  two  different  stations  as  far  apart  as  pos- 
sible, and  having  exactly  measured  the  distance  between 
them,  firing  them  at  previously-arranged  moments,  and 
observing  by  means  of  a  stop-watch  the  moment  at  which 
the  report  from  the  first  station  reaches  the  second,  and 
vice  versa.  The  time  which  the  sound  takes  to  pass  over 
the  space  comprised  between  the  two  stations  is  thus 
ascertained,  and  further,  the  distance  between  the  two 
stations  being  also  known,  the  required  velocity  is  found 
by  dividing  the  latter  by  the  former.  Such  experiments 
must  be  made  at  night,  so  as  not  to  be  disturbed  by  other 
noises.  They  ought,  further,  to  be  made  on  calm  nights 
when  there  is  no  wind,  because  wind,  which  is  merely  a  ' 
change  of  place  of  a  great  mass  of  air,  increases  or 
diminishes  the  velocity  of  sound  according  as  it  is  favour- 
able or  unfavourable — that  is  to  say,  according  to  whether 
its  direction  is  the  same  as,  or  contrary  to,  the  direction  in 
which  the  sound  is  transmitted.  But  as  it  is  impossible 
to  be  quite  free  from  wind,  the  cannon  are  fired  first  from 
one  station  and  then  from  the  other,  because  in  this  case 
the  wind  will  be  favourable  to  the  transmission  of  the 
one  sound,  and  unfavourable  to  the  transmission  of  the 
other.  One  of  the  two  velocities  w^ill  then  be  too  great, 
the  other  too  small,  and  the  mean  will  represent  a  very 
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close  approximation  to  the  value  wliich  would  have  been 
found  had  there  been  no  wind. 

Experiments  of  this  kind  have  often  been  performed. 
We  may  note  especially  those  made  by  members  of  the 
French  Academy  in  the  year  1822  between  Montlilery  and 
Villejuif,  those  made  by  Moll  and  Van  der  Beck,  and  lastly, 
those  lately  made  by  Eegnault  with  much  more  perfect 
means. 

The  result  of  these  experiments  is,  that  the  velocity  of 
sound  in  air,  at  a  temperature  of  0°  C.  (32°  F.),  may  be 
fixed  in  round  numbers  at  330  metres'^  in  a  second 
of  time ;  and  that  this  velocity  increases  regularly  with 
the  temperature,  so  that  at  a  temperature  of  16°  C. 
(60-8°  r.)  it  is  about  340  metres  per  second.  It  was 
not  at  first  known  that  it  is  rather  greater  for  loud 
sounds  than  for  feeble  ones.  However,  this  difference 
observed  by  Eegnault  is  very  small,  and  may  be  neglected 
in  most  cases.  To  confirm  the  influence  of  temperature 
on  the  velocity  of  sound,  we  may  here  notice  the 
experiment  made  by  Captain  Parry  in  Melville  Island, 
lying  in  the  middle  of  the  group  of  islands  near  North 
America,  from  which  it  results  that  for  the  very  low 
temperature  of  38-5°  below  zero  C.  (37*3°  below  0°  F.),  the 
least  velocity  was  309  metres  per  second. 

Another  question  is  this.  Are  low  and  high  notes  pro- 
pagated with  the  same  velocity  ?  Listening  to  a  military 
band  playing  at  a  distance,  it  will  be  observed  that  the 

*  One  metre  is  equal  to  3-28  feet,  i.e.,  to  about  3  feet  3  inches. 
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piece  of  music  which  is  being  executed  completely  pre- 
serves its  rhythmic  movement.  The  notes  reach  the 
observer  enfeebled  by  a  great  distance,  but  they  maintain 
exactly  the  same  consecutive  order.  This,  however,  would 
not  be  possible  if  the  different  notes,  whether  high  or  low, 
had  not  the  same  velocity.  Biot  endeavoured  to  make 
more  accurate  experiments  on  this  point  by  causing  a 
known  and  very  simple  melody  to  be  played  on  a  flute  in 
such  a  way  that  the  sound  entered  one  of  the  water- 
pipes  at  Paris.  On  listening  at  the  other  end  of  this 
very  long  pipe,  he  found  the  rhythm  of  the  melody  un- 
altered. It  is  not  at  all  impossible  that  still  more  accurate 
experiments  may  reveal  some  such  small  difference  in 
this  respect  as  was  found  for  loud  and  feeble  sounds  in 
certain  of  Begnault's  experiments,  but  the  difference 
would  be  certainly  very  small,  and  might  in  most  cases 
be  neglected. 

5.  The  velocity  of  sound  in  water  has  been  determined 
by  Colladon  and  Sturm  in  the  Lake  of  Geneva.  A  bell 
was  suspended  under  water  and  sounded  at  known  mo- 
ments ;  at  a  long  distance  from  this  a  tube  was  led  into 
the  water  from  the  boat,  in  which  was  the  observer.  The 
lower  end  of  the  tube  was  much  enlarged,  like  a  colossal 
ear,  and  was  closed  by  means  of  an  elastic  membrane, 
which  was  completely  under  water.  The  sonorous  vibra- 
tions from  the  bell  were  propagated  through  the  water  to 
the  membrane,  and  from  it  to  the  air  in  the  tube.  The 
observer  holding  his  ear  to  the  tube,  distinctly  perceived 
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the  sound.  Whence,  by  measuring  the  distance  from 
the  bell  to  the  observer,  and  the  time  occupied  by  the  sound 
in  traversing  the  whole  distance,  Colladon  and  Sturm  found 
a  velocity  of  1435  metres  per  second.  The  velocity  of 
sound  through  water  is  therefore  appreciably  greater  than 
through  air. 

Many  other  experiments  have  been  tried  in  order  to 
arrive  at  the  velocity  of  sound  in  different  bodies.  It 
would  be  impossible  to  enter  into  further  details  on  these 
points  without  overstepping  the  limits  I  have  laid  down, 
the  more  so  as  the  methods  employed  in  these  researches 
are  very  various,  and  require  a  somewhat  profound  know- 
ledge of  the  theory  of  sound.  I  wish  therefore  to  limit 
myself  to  the  statement,  that  the  velocity  of  sound  is 
small  in  gaseous  bodies,  such  as  air,  and  is  smaller  in 
proportion  as  the  gas  is  more  dense ;  that  it  is  therefore 
the  smallest  possible  in  carbonic  anhydride  [262  metres 
per  second],  which  is  a  gas  one  and  a  half  times  denser 
than  air,  and  the  greatest  possible  in  hydrogen  [1269 
metres  per  second],  a  gas  which  is  fourteen  times  less 
dense  than  air.  In  gas  an  increase  of  temperature 
considerably  increases  the  velocity. 

In  liquids  the  velocity  is,  generally  speaking,  sensibly 
greater  than  in  gas  [with  the  exception  of  hydrogen].  In 
solids  it  is  found  to  be  stiU  greater,  especially  in  metals, 
in  which  it  rises  as  high  as  twenty  times  the  velocity  in 
air.  But  increase  of  temperature  generally  considerably 
diminishes  the  velocity,  except  in  iron,  in  which  at  first 
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the  velocity  increases  with  the  temperature  up  to  100° 
C.  (212°  r.),  and  then  rapidly  diminishes. 

These  differences  and  these  anomalies  arise  from  the 
intimate  structure  of  the  various  bodies,  and  from  the  way 
in  which  this  structure  varies  with  temperature.  The 
velocity  of  sound  depends  on  two  quantities — on  the  elas- 
ticity and  on  the  density  of  the  body ;  it  increases  when 
the  first  increases  and  when  the  second  diminishes.  But 
as  the  laws  according  to  which  elasticity  and  density 
vary  with  the  temperature  are  very  various,  especially  in 
solid  bodies,  it  follows  that  the  variations  of  the  velocity 
of  sound  in  solids  must  also  follow  complicated  laws. 

For  different  kinds  of  wood  there  are  very  different 
values,  according  to  the  direction  of  the  fibre  and  of  the 
rings.  The  following  table  contains  some  results  obtained 
in  this  respect,  and  will  serve  to  render  the  above  explana- 
tion more  clear : — 
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Metres  per 
Second. 


Air.        .  at      0=C.   (32»F0,|--;^|;8;--fy^ 

Oxygen       .  „  0°  C.    (32^  F.),  according  to  Dulong  .  317 

Hydrogen  .  „  0'  C.    (32^  F.)         „                   „        .  1269 

'twael  "  «'«-'^^=^-'      "            "     •  ^^^ 

Common  gas  „  0°  C.    (32°  F.)         „                  „        .  314 

Seine  water  „  15°  C.     (59°  F.),  according  toWertheim  1437 

Sea-water    .  „  20°  C.     ^68°  F.)        „                  ,,         .  1453 

Absolute  alcohol  „  20°  C.     (68°  F.)        „  „         .  1160 

Ethyl  aether.  „  0^  C.     (32°  F.)        „                 „         .  1159 

Lead    .        .  „  20°  C.     (68°  F)        „                 „         .  1228 

„      .         .  „  100°  C.  (212°  F.)         „  „         .  1204 
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Metres  per 

Second. 

Gold 

at  20°  C. 

(68°  F.),  according 

toWertheim 

1743 

>» 

„  100=  C. 

(212°  F.) 

J) 

» 

1719 

)) 

„  200^  C. 

(392°  F.) 

'J 

)» 

1634 

Silver      . 

„     20°  C. 

(68°  F.) 

>j 

j> 

2707 

V 

„  100°  C. 

(212°  F.) 

J) 

)> 

2639 

)J 

„  200°  C. 

(392°  F.) 

?> 

j> 

2477 

Copper 

„     20°  C. 

(68°  F.) 

)> 

» 

3556 

M 

.,  100°  C. 

(212°  F.) 

»  ■ 

J) 

3292 

» 

„  200°  C. 

(392°  F.) 

}j 

» 

2954 

Iron 

„     20°  C. 

(68°  F.) 

5J 

» 

5127 

5>                    ' 

„  100°  C. 

(212°  F.) 

?» 

» 

5299 

5> 

„  200"  C. 

(392°  F.) 

?> 

>» 

4719 

Cast  steel 

.        „    20°  C. 

(68°  F.) 

)> 

J) 

4986 

>» 

„  100'  C. 

(212°  F.) 

5> 

»> 

4925 

•) 

„  200°  C. 

(392°  F.) 

5) 

>} 

4788 

Acacia  ^vo 

od  along  the  fibre 

. 

4714 

?> 

across  the  rings 

, 

1475 

>5 

with  the  rings 

, 

1352 

Pine  in  th 

e  direction  of  the  fibre 

. 

3322 

„  acros 

3  the  rings . 

,          , 

. 

1405 

„    with 

the  rings  . 

, 

, 

794 

6.  When  a  sonorous  wave  strikes  ac^ainst  an  obstacle, 
it  exMbits  the  same  phenomena  as  an  elastic  body  striking 
an  elastic  wall.  The  sonorous  wave  is  reflected  in  such  a 
way  that  the  angle  of  incidence  is  equal  to  the  angle  of 
reflection.  The  angle  formed  by  the  ray  of  sound  which 
impinges  on  the  wall,  with  the  perpendicular  to  the  waU 
drawn  from  the  point  at  which  it  impinges,  is  called  the 
angle  of  incidence.  The  angle  formed  by  this  perpendi- 
cular with  the  reflected  ray  of  sound  is  caUed  the  angle  of 
reflection.  By  means  of  this  law  the  direction  taken  by 
a  ray  of  sound  after  its  reflection  can  always  be  perfectly 
determined. 
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An  innumerable  quantity  of  phenomena  of  reflection 
exist.  The  two  most  distinct  forms  are  resonance  and 
echo.  When  a  sound  is  produced  in  a  closed  chamber, 
the  sonorous  waves  are  propagated  in  every  direction, 
strike  against  the  walls  of  the  chamber,  and  are  sent  back 
from  them  by  reflection,  and  can  be  repeated  several  times 
from  one  wall  to  another.  An  observer  within  the  cham- 
ber will  hear  not  only  the  sound  wliich  comes  direct  from 
the  sounding  body,  but  will  also  receive  the  vibrations 
which  come  by  reflection  from  all  parts  of  the  chamber. 

The  sound  is  thus  remarkably  strengthened,  and  this  is 
the  reason  why  it  is  easier  to  hear  and  to  make  one's  self 
heard  in  a  closed  room  than  in  an  open  space. 

Evidently  in  such  a  case  the  sound  will  not  only  return 
strengthened,  but  even  altered;  because  the  reflections 
from  the  walls,  on  account  of  the  low  velocity  of  sound, 
require  some  time,  and  prolong  the  sound  more  or  less 
considerably.  If  the  chamber  be  small,  this  prolongation 
is  not  considerable  and  can  be  neglected ;  but  when  the 
chamber  assumes  large  proportions — as,  for  example,  in  a 
theatre — each  note  spoken,  sung,  or  played,  may  be  con- 
siderably prolonged :  it  is  confounded  with  the  next  note, 
and  this  phenomenon  of  resonance  may  become  extremely 
troublesome  unless  it  be  remedied.  This  happens  in  all 
large,  enclosed,  empty  places,  where  reflection  takes  place 
freely.  There  is  only  one  way  to  prevent  it,  which  con- 
sists in  breaking  up  the  large  walls.  The  seats  of  a  theatre, 
the   decorations  between  them,  the  galleries,   even  the 
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hangings,  serve  not  merely  for  tlie  accommodation  of  the 
spectators  and  for  the  internal  beauty  of  the  theatre,  but 
also  fill  an  even  more  important  office — viz.,  that  of  pre- 
venting the  disagreeable  resonance  of  the  place.  It  is  one 
of  the  most  difficult  problems  for  an  architect  to  construct 
a  room  on  proper  acoustic  principles — that  is  to  say,  a  room 
in  which  sound  shall  be  considerably  strengthened  without 
degenerating  into  resonance,  and  it  may  be  said  that  up 
to  the  present  time  this  problem  has  been  solved  in  very 
few  theatres  in  a  satisfactory  way. 

The  reflection  of  sound  has  been  utilised  in  various 
ways;  nature  and  art  have  combined  to  solve  some 
problems  not  deficient  in  interest.  The  celebrated  "  ear  of 
Dionysius  "  is  well  known ;  it  is  a  sort  of  hole  excavated 
in  the  rocks  near  Syracuse,  where  the  least  sound  is  trans- 
formed into  a  deafening  roar.  The  great  dome  of  St  Paul's 
Cathedral  in  London  is  so  constructed  that  two  persons  at 
opposite  points  of  the  internal  gallery,  placed  in  the  drum 
of  the  dome,  can  talk  together  in  a  mere  whisper.  The 
sound  is  transmitted  from  one  to  the  other  by  successive 
reflections  along  the  curve  of  the  dome.  Similar  phe- 
nomena are  often  met  with  under  the  large  arches  of 
bridges,  viaducts,  &c. ;  and  there  was  a  period  when 
problems  of  this  nature  were  much  sought  after,  and 
often  solved,  by  architects.  It  is  for  this  reason  that 
whispering  -  galleries,  speaking  -  pipes,  &c.,  are  so  often 
met  with  in  old  houses. 

An   elegant  mode   of  demonstrating  the  reflection  of 
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sound  is  by  tlie  use  of  two  parabolic  reflectors  MN  M'N' 
(fig.  18),  placed  one  opposite  the  other  in  such  a  way  that 
their  centres  shall  be  on  the  straight  line  AA'.  Placing  a 
sounding  body  at  a  particular  point  F,  called  the  focus  of  the 
reflector  MN",  the  sound-wave  strikes  against  the  reflector, 
is  driven   back  thence  by  reflection  on  to  the  second 


Fig.  18. 


reflector,  and  by  it  is  concentrated  on  to  its  own  focus  F; 
that  is  to  say,  the  ray  FC  is  reflected  in  the  direction  CC, 
and  by  a  second  reflection  along  C'F'.  Each  of  the 
remaining  rays  is  reflected  in  the  same  way,  and  they  all 
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concentrate  at  T\  An  ear  placed  at  this  point  distinctly 
perceives  a  very  sliglit  sound  made  at  F,  by  means  of 
the  reflectors  and  of  the  double  reflection  which  they 
give,  whilst  without  the  mirrors  it  would  only  be  possible 
to  perceive  the  ray  YF\  which  is  much  too  feeble  by  itself 
to  excite  a  sufficiently  strong  sensation. 

Another  case  of  multiple  reflection  is  met  with  in 
the  famous  Baptistry  at  Pisa,  a  building  surmounted  by 
a  narrow  cupola  of  peculiar  form.  Placing  one's  self 
under  the  cupola  inside  the  Baptistry  and  singing  a  note, 
the  sound  is  prolonged  for  a  very  considerable  time ;  there- 
fore by  singing  three  or  four  notes  in  cadence,  by  the  effect 
of  the  reflections,  a  most  beautiful  chord  is  heard,  as  if 
from  an  organ,  which  is  considerably  prolonged. 

7.  The  best  understood  of  all  the  cases  of  reflection  is 
that  which  is  called  ecJio.  In  order  that  an  echo  may  be 
produced,  it  is  necessary  that  tliere  should  be,  at  some 
distance  from  the  observer,  a  large  vertical  wall,  or  some 
other  object — as,  for  example,  a  rock — which  roughly  re- 
sembles a  wall.  A  sound  sent  by  the  observer  towards 
the  wall  returns  from  it  by  reflection,  and  if  the  distance 
passed  over  by  the  sound  be  sufficiently  great,  the  reflected 
sound  will  be  clearly  separated  from  the  sound  uttered. 
The  velocity  of  sound  being,  at  our  ordinary  temperature, 
about  340  metres  per  second,  the  tenth  of  this  is 
34  metres.  But  experiment  shows  that  about  five 
syllables  are  pronounced  in  one  second,  therefore  the 
time  necessary  to  pronounce  one  syllable  is  one-fifth  of  a 
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second.  In  tins  time  sound  passes  over  twice  34,  or 
G8  metres. 

It  follows  that,  if  the  reflecting  wall  be  at  a  distance 
of  34  metres  from  the  observer,  one  syllable  when  pro- 
nounced would  take  one-tenth  of  a  second  to  be  trans- 
mitted to  the  wan,  and  another  tenth  of  a  second  to 
return  to  the  observer;  in  all,  therefore,  one-fifth  of  a 
second.  Therefore  the  echo  would  reach  the  ear  of  the 
observer  after  the  syllable  had  been  pronounced,  and 
therefore  separate  and  distinct.  In  this  case  the  echo  is 
called  monosyllabic ;  it  is  called  dissyllabic  when  two  syl- 
lables can  reach  the  observer  distinctly.  This  happens 
when  the  wall  is  at  twice  the  distance — that  is  to 
say,  at  a  distance  of  about  68  metres.  At  a  triple  distance 
an  echo  may  be  trisyllabic,  and  so  on.  An  echo  may 
also  be  multiple,  when  the  sound  is  reflected  from  two 
parallel  walls,  placed  at  a  sufficient  distance  from  each 
other.  The  most  interesting  case  of  this  sort  is  certainly 
that  of  Simonetta,  near  Milan,  a  viUa  with  two  lateral 
wrings.  The  report  of  a  pistol  is  repeated  as  often  as 
thirty-two  times. 

Examples  of  echoes  are  found  almost  everywhere. 
Their  explanation  is  always  easy ;  it  seems  therefore  use- 
less to  dwell  longer  on  the  point. 


CHAPTER  III. 

1.  Characteristics  of  sound,  and  difference  between  musical  sound 
AND  NOISE — 2.    Loudness  of  sound,  and  the  various  causes  on 

WHICH  IT   depends — 3.    PRINCIPLE   OF   THE   SUPERPOSITION   OF   SOUNDS 

— 4.  Sounding-boards  and  resonators. 

1.  All  the  different  musical  sounds  in  nature,  whatever 
may  be  their  origin,  and  by  whatever  means  they  may 
be  propagated,  may  be  distinguished  from  each  other  b}^ 
three  different  qualities. 

Firstly,  By  the  greater  or  less  energy  by  which  they  are 
produced,  or  by  their  loudness. 

Secondly,  By  their  jpitch. 

Thirdly,  By  a  certain  characteristic  difference,  by  which 
even  an  almost  unpractised  ear  easily  distinguishes  the 
sound  of  the  violin  from  that  of  the  flute,  that  of  the 
pianoforte  from  that  of  the  human  voice,  &c.,  even  though 
these  sounds  are  all  of  the  same  loudness  and  the  same 
pitch.  This  characteristic  difference  is  called  "cjualit^," 
"  tone,"  or  "  timhrer 

We  ought,  then,  to  examine  on  what  these  three  different 
characteristics  of  sound  depend.  But  before  entering  into 
this  important  matter,  it  is  necessary  to  explain  what  is 
really  meant  by  sound,  when  its  qualities  are  spoken  of. 
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A  distinction  is  generally  made  in  physics  between  sound 
and  noise.  Sound  is  the  result  of  very  regular  vibrations, 
which  follow  a  law,  complicated  perhaps,  but. still  ajaw. 
A\Tien  the  vibrations  assume  the  simplest  possible  form — 
viz.,  that  offered  by  the  oscillations  of  the  pendulum — the 
resulting  sound  is  called  simple,  or  a  simple  note ;  if  the 
law  be  more  complex,  the  sound  is  called  compound,  or  a 
compound  note.  Noise,  on  the  contrary,  is  a  mixture  of 
sounds  collected  together  under  no  law,  or'  under  some 
law  so  complicated  that  the  ear  neither  understands  nor 
feels  it.  It  follows  that  in  most  cases  it  is  easy  to  dis- 
tinguish the  one  from  the  other,  but  the  limit  between 
sound  and  noise  is  not  always  so  clearly  drawn.  That  which 
is  a  sound  to  one,  is  a  noise  to  another,  and  vice  versa.  The 
confused  sound  produced  by  the  movement  of  the  waves 
of  the  sea  is  generally  considered  to  be  a  noise ;  but  an 
attentive  and  practised  ear  distinguishes  determinate 
musical  sounds,  and  finds  a  musical  meaning.  Thus  the 
poets  speak  often,  and  not  without  reason,  of  the  harmony 
of  the  waves.  An  orchestra,  when  the  individual  instru- 
mentalists are  tuning  their  instruments  and  preparing  to 
play,  produces  a  noise  which  may  perhaps  be  considered  as 
the  line  of  demarcation  between  musical  sound  and  noise. 
In  fact,  there  really  is  a  considerable  amount  of  music  in 
it,  although  perhaps  somewhat  irregular,  and  the  general 
impression  produced  is  by  no  means  disagreeable. 

A  fine  or  practised  ear  is  able  to  pick  out  a  determinate 
note  from  the  midst  of  a  confused  noise.     Often  those  who 
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have  not  the  habit  are  not  aware  of  the  presence  of  a  more 
marked  note  in  the  midst  of  so  many  others ;  but  with 
very  little  attention  it  becomes  easy  to  recognise  it. 

In  order  to  demonstrate  this  fact,  nse  is  made  of 
a  series  of  eight  small  boards,  which  are  all  of  the  same 
length  and  breadth,  and  which  differ  only  in  thickness. 
If  one  of  these  boards  be  allowed  to  fall  on  a  bench,  most 
people  wonld  be  unable  to  distinguish  any  note  in  the 
noise  of  the  blow.  But  a  very  marked  note  is  there.  To 
make  it,  however,  perfectly  evident,  the  eight  boards  may 
be  allowed  to  fall  one  after  another.  They  are  tuned  so  as 
to  produce  the  musical  scale,  which  will  be  perceived  very 
distinctly.  It  follows  that  in  the  confused  noise,  produced 
by  the  fall  of  each  board,  there  is  a  note,  which  at  first  is 
not  easily  perceived,  but  which  is  nevertheless  sufficiently 
clear  and  distinct. 

In  the  study  which  we  have  now  commenced,  I  shall 
always  consider  musical  sounds,  or  notes,  and  not  noises, 
because  the  attempt  to  determine  the  quality  of  a  noise 
would  be  meaningless.  It^has  no  definite  pitch,  loudness, 
or  timhre. 

2.  This  being  so,  let  us  now  investigate  what  may  be 
the  causes  on  which  the  modification  of  the  loudness  of 
musical  sounds  depends,  or  by  which  it  is  produced.  The 
loudness  depends,  in  the  first  place,  on  the  greater  or 
less^  energy  by  which  the  sound  is  produced.  Now,  all 
the  experiments  described  in  the  earlier  part  of  this  work 
show  that  greater  energy  produces  a  more  marked  vibra- 


48  THE  THEORY   OF  SOUND. 

tory  movement  in  the  particles  of  the  sonorous  body,  in 
the  sense  that  each  vibrating  particle  traverses  a  longer 
space.  The  law  of  isochronism  of  vibrations  shows  that 
the  duration  is  independent  of  the  space  passed  over, 
within  a  certain  approximation,  which  is  generally  con- 
sidered sufficient.  "We  will  call  the  greatest  space 
passed  over  by  each  particle  the  amplitude  of  its  vibration, 
therefore  we  may  say  that  the  greater  or  less  energy  by 
which  a  sound  is  produced  only  influences  the  amplitude 
of  the  vibrations,  and  not  their  duration.  In  other  words, 
the  loudness  of  a  sound  is  represented  hy  the  amplitude  of  the 
vibrations  causing  it. 

The  loudness  of  a  sound  depends  also  on  the  nature  and 
density  of  the  body  which  is  to  transmit  it.  In  fact,  a 
sounding  body  is  heard  in  different  degrees  of  loudness, 
according  as  the  sound  is  transmitted  by  air,  some  other 
gas,  water,  or  some  other  liquid  or  solid  body.  As  to  the 
density,  it  is  enough  for  me  to  refer  to  the  experiment 
described  in  the  second  chapter,  of  a  bell  under  a  glass 
receiver.  When  the  air  is  completely  exhausted,  the  sound 
can  scarcely  be  heard,  and  the  sound  becomes  stronger  and 
stronger  as  the  air  is  gradually  allowed  to  enter  the  receiver. 
The  loudness  depends,  again,  on  the  distance  of  the 
sounding  body.  It  is  a  general  law  of  nature,  confirmed 
by  numerous  experiments  and  by  theory,  that  aU  those 
phenomena,  whatever  they  may  be,  which  have  the 
property  of  being  transmitted  equally  in  all  directions, 
must  foUow  the  inverse  ratio  of  the  square  of  the  distance. 
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Sound  belongs  to  precisely  this  class  of  phenomena — 
in  fact,  under  like  conditions,  it  is  transmitted  equally  in 
every  direction.  It  follows  that  its  loudness  must  vary 
inversely  as  the  square  of  the  distance ;  which  means  that 
a  sound  that  has  a  given  loudness  at  a  certain  distance 
is  found  at  double  the  distance  to  have  a  loudness  four 
times  less— in  other  words,  its  loudness  is  reduced  to  one- 
fourth.  At  three  times  the  distance  the  loudness  would 
be  one-ninth,  and  for  a  distance  twenty  times  greater,  the 
loudness  would  be  ^Jo-  of  the  original  loudness. 

3.  The  loudness  depends,  again,  on  the  presence  of  other 
bodies,  capable  of  vibrating  together  with  the  principal 
body.  We  have  abeady  seen  that  sound  is  stronger  in  an 
enclosed  place  than  in  an  open  one.  This  arises  from 
the  multiple  reflection  in  the  interior  of  the  place,  by 
which  the  vibrations  which  exist  within  it  are  not  able 
to  disperse,  and  therefore  come  in  greater  number  to  the 
ear  of  the  observer.  This  is  only  a  particular  case,  treat- 
ing rather  of  the  conservation  of  existing  vibrations  than 
of  the  creation  of  new  ones. 

But  experiment  shows  that  whenever  a  body  vibrates, 
other  bodies  placed  near  it  are  able  to  enter  into  a  state 
of  vibration,  on  this  condition  only,  that  such  todies  shall 
he  capaUe  hy  themselves  of  producing  the  same  note.  This 
interesting  fact,  which  deserves  a  moment's  consideration, 
may  be  demonstrated  in  many  ways. 

Take,  a  sonometer  on  which  two  equal  strings  are 
stretched,  tuned  to  give  the  same  note.     In  order  to  show 
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whether  they  are  in  a  state  of  vibration  in  any  given  case 
or  no,  place  paper  riders  on  the  two  strings,  as  described 
in  the  iirst  chapter  [5].  If  one  of  the  two  strings  be 
rubbed  with  the  bow  so  that  it  may  give  its  fundamental 
note,  all  the  riders  placed  on  this  string  will  be  thrown  up 
into  the  air.  But  it  will  be  observed  at  the  same  time, 
that  the  other  string,  which  has  not  even  been  touched, 
also  exhibits  the  same  phenomenon,  although  more  feebly : 
its  riders  will  also  after  a  little  hesitation  be  thrown  off. 

If  the  riders  be  replaced  on  the  two  strings,  and  one  of 
the  strings  be  touched  at  its  middle  point  and  rubbed  with 
the  bow,  a  node  is  set  up  in  the  middle,  and  a  higher 
note  is  produced.  The  second  string  begins  to  vibrate  of 
its  own  accord  in  the  same  way ;  all  the  riders  are  thrown 
off  except  one,  which  is  the  one  corresponding  to  the 
middle  node.  This  means  that  the  second  string  vibrates 
in  the  same  way  as  the  first. 

This  may  be  continued  :  the  first  string  being  made  to 
vibrate  in  any  way  whatever,  the  riders  on  the  second 
string  wiU  show  that  it  immediately  begins  to  vibrate  in 
the  same  way.  The  vibrations  of  the  first  string  are  trans- 
mitted to  the  wooden  bridge  on  which  it  rests,  and  thence 
to  the  second  string.  They  are  also  transmitted  from  the 
first  to  the  second  string  by  means  of  the  air,  and  the 
vibratory  movement  is  the  same  in  both  strings. 

But  the  vibratory  movement  of  the  second  string  no 
longer  takes  place,  if  it  is  unable  by  vibrating  alone  to 
give  the  same  note  as  the  first. 
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To  demonstrate  this,  let  one  of  the  strings  be  stretched 
a  little  more,  so  that  there  may  be  a  sensible  difference  of 
note  between  the  two  strings — for  example,  a  semi-tone. 
The  first  string  may  then  be  rubbed  how  and  to  what- 
ever extent  you  please,  but  no  movement  is  now  observed 
in  the  second.  It  was  not  therefore  the  purely  mechan- 
ical action  of  the  blow  or  shock  given  to  the  instrument 
which  produced  in  the  previous  instance  the  beautiful 
phenomenon  observed. 

The  following  is  another  experiment,  tending  to  show 
the  same  law :  Take  a  tuning-fork,  mounted,  as  is  usual, 
on  a  wooden  box.  Being  rubbed  with  a  bow,  it  gives  a 
very  clear  pure  note.  Now  take  an  organ-pipe,  which 
itself  would  give  the  same  note.  Scarcely  is  it  made  to 
sound  near  the  tuning-fork,  without,  however,  touching  it, 
than  the  tuning-fork  is  heard  to  reproduce  the  same  note. 
But  the  phenomenon  no  longer  takes  place,  when  instead 
of  the  first  pipe  one  is  used  which  gives  a  different  note 
from  that  of  the  tuning-fork. 

Two  equal  tuning-forks  exhibit  this  phenomenon  in  a  very 
marked  manner.  Even  when  placed  at  a  great  distance 
from  each  other,  the  one  sounds  directly  the  other  sounds. 
This  no  longer  happens  if  the  tuning-forks  do  not  give  the 
same  note.  A  convincing  proof  of  this  may  be  obtained 
by  taking  two  different  tuning-forks,  or  even  by  slightly 
altering  the  note  of  one  of  the  two  former  tuning-forks  by 
fastening,  by  means  of  some  wax,  a  small  coin  to  one  of  its 
branches.     It  will  not  now  sound. 
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The  following  is  a  third  method  of  demonstrating  the 
same  law  (fig.  19) :   Take  a  cylindrical  glass  jar  a,  and 


Fig.  19, 

make  a  tuning-fork  6  vibrate  over  it.  The  sound  of  the 
tuning-fork  is  not  in  the  least  reinforced.  By  pouring 
water  into  the  jar,  however,  the  volume  of  the  air  enclosed 
in  it  is  gradually  diminished.  By  pouring  in  more  and 
more,  a  point  is  arrived  at  where  the  sound  is  considerably 
reinforced.  If  more  be  poured  in,  the  phenomenon  ceases. 
The  quantity  of  water  which  must  be  put  into  the  jar 
in  order  to  obtain  the  greatest  possible  reinforcement,  can 
thus  be  determined  by  a  few  trials.    This  point  being 
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found,  let  us  next  look  for  the  cause  of  tMs  reinforcement 
of  the  sound. 

Take  the  jar  and  blow  gently  across  the  upper  edge ;  a 
feeble  note  is  produced  by  the  vibration  of  the  air,  like 
that  of  an  organ-pipe,  and  this  note  is  exactly  that  of  the 
tuning-fork.  If,  on  the  other  hand,  the  water  be  poured 
away,  or  more  be  added,  notes  may  be  obtained  by  blow- 
ing in  the  same  manner,  but  they  are  no  longer  the  same 
as  the  note  given  by  the  tuning-fork. 

The  same  conclusion  is  arrived  at  by  means  of  Savarfs 
hell  (fig.  20).     A  large  bell  a  when  rubbed  by  a  bow  pro- 


Fig.  20. 

duces  a  powerful  note.  A  hollow  cylinder  of  wood,  with 
a  movable  bottom  h,  is  so  constructed  that  it  can  be 
brought  near  it.  By  altering  the  position  of  the  movable 
bottom,  and  thus  modifying  the  internal  dimensions  of  the 
cylinder  (the  open  end  of  which  is  turned  towards  the 
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bell),  the  point  at  wliicli  the  reinforcement  of  the  sound 
13  greatest  is  easily  found.  The  effect  obtained  is  con- 
siderable when  the  cylinder  is  brought  near. 

When  the  sound  of  the  bell  is  still  strong,  the  reinforce- 
ment produced  by  the  cylinder  is  very  sensible.  The 
effect  is  still  more  remarkable  when  the  sound  of  the  bell 
is  allowed  to  diminish  so  that  it  can  scarcely  be  heard ;  on 
bringing  the  cylinder  nearer,  it  becomes  very  marked. 

4.  These  experiments  demonstrate,  then,  that  the  rein- 
forcement of  a  sound  only  takes  place  when  there  are 


Fig.  21. 

other  bodies  in  the  neighbourhood  of  the  sounding  body 
themselves  capable  of  giving  the  same  note.  This  im- 
portant law  of  resonance  has  been  applied  to  many  cases. 
The  sounding-board  is  founded  on  this  law.  In  fact, 
tuning-forks  give  a  very  feeble  sound  by  themselves. 
They  are  therefore  often  mounted  on  wooden  boxes,  as  in 
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fig.  21,  where  the  tuning-fork  AC  is  attached  to  the  box 
that  supports  it  by  means  of  the  foot  B. 

The  boxes  have  different  dimensions,  according  to  the 
dimensions  of  their  tuning-forks,  and  enclose  a  quantity 
of  air  determined  for  each  note.  They  considerably  rein- 
force the  sound  of  the  tuning-fork,  provided  that  their 
dimensions  have  been  well  chosen. 

An  interesting  form  of  sounding-board,  which  has  ac- 
quired a  great  importance  of  late  years,  is  that  called  Helm- 
lioltz's  resonator.  These  resonators  are  hoUow  metallic 
spheres  or  even  cylinders  of  different  sizes,  furnished  with 
two  apertures.  One  a,  the  larger,  only  serves  to  maintain 
a  communication  between  the  external  air  and  that  in  the 
sphere ;  the  other  h,  the  smaller,  has  the  form  of  an  orifice 
with  an  elongated  neck,  and  is  intended  to  be  inserted  in 
the  ear  [figs.  22  and  23]. 


Pig.  22. 


For  use,  it  is  necessary  to  have  a  series  of  these  reso- 
nators of  different  sizes.  Each  of  them,  according  to  the 
volume  of  air  that  it  contains,  reinforces  one  single  note ; 
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the  larger  ones  serve  for  the  low,  the  smaller  for  the  high 
notes. 

The  spherical  resonators  are  really  the  best,  and  give 
the  clearest  phenomena.     Nevertheless,  a  cylindrical  and 


Pig.  23. 

even  conical  form  is  sometimes  adopted,  because  they  are 
more  readily  held  in  the  hand,  and  are  therefore  more 
convenient  to  manage. 

It  is  easy  to  show  that  these  resonators  reinforce  musical 
sounds,  and  each  one  only  one  particular  note.  If  a  series 
of  tuning-forks,  which  give  notes  corresponding  to  those 
of  the  resonators,  be  taken,  the  sound  of  each  fork  is  rein- 
forced by  its  corresponding  resonator.  This  effect  may  be 
still  better  observed  if  the  point  of  the  resonator  be  intro- 
duced into  one  ear  and  the  other  be  closed  with  the  hand. 

It  is  to  be  noticed  that  no  resonator  will  produce  this 
effect  unless  it  be  combined  with  its  corresponding  tuning- 
fork. 

Let  us  suppose  that  there  are  a  number  of  notes  mixed 
together,  our  ears  then  separate  them  with  difficulty. 
But  if  an  observer  wishes  to  know  whether  amongst  all 
these  there  is  some  one  particular  note,  he  need  only  take 
the  corresponding  resonator  and  hold  it  to  his  ear.  If  the 
note  in  question  is  there,  it  will  be  reinforced,  and  thus  he 
will  easily  be  able  to  distinguish  it  amongst  aU  the  others. 
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An  example  of  this  kind  is  easily  to  be  found.  If  a 
number  of  suitable  tuning-forks  be  sounded  together, 
a  very  agreeable  harmony  will  be  produced,  in  which, 
however,  an  unpractised  ear  would  not  perhaps  be  able  to 
distinguish  the  individual  notes  composing  it.  By  means 
of  resonators  it  is  quite  easy  to  do  so.  To  take  another 
example,  the  human  voice  is  very  rich  in  notes,  and 
even  when  merely  speaking,  we  modulate  the  voice  much 
more  than  is  generally  believed.  If  a  resonator  be  taken 
and  held  to  the  ear  while  the  observer  speaks  in  his 
natural  voice,  every  now  and  then  he  will  distinctly 
perceive  in  the  resonator  the  note  to  which  it  corresponds, 
which  signifies  that  amongst  the  many  notes  which  he 
uses  in  speaking,  there  is  the  particular  one  to  which  the 
resonator  corresponds.  He  could  tlms  with  a  little  patience 
analyse  successively  all  the  notes  used  by  a  person  whilst 
speaking. 

In  a  later  chapter,  following  the  example  of  Helmholtz, 
I  will  show  what  use  can  be  made  of  the  employment  of 
these  resonators.  I  will  show  [chapter  ix.]  how  one  of  the 
most  important  and  most  delicate  laws  may  be  observed 
and  followed  by  this  means. 

The  case  of  resonators  and  of  the  sounding-boards 
described  above  must  not  be  confounded  with  that  of 
the  sounding-boards  forming  part  of  certain  musical 
instruments.  The  sonometer,  which  has  been  described 
in  an  earlier  chapter,  the  violin  and  other  stringed  instru- 
ments, the  pianoforte,  &c.,  have  sounding-boards  intended 
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to  reinforce  not  only  one  note  alone,  but  all  the  notes  in 
turn,  and  as  far  as  possible  to  a  uniform  extent.  It 
would  be  a  very  bad  musical  instrument  in  which  the 
different  notes  had  not  the  same  loudness,  when  the 
method  of  producing  them  is  the  same.  The  theory 
of  these  sounding  -  boards  is  ■  much  more  complicated, 
and  is  not  easy  to  follow.  I  will  confine  myself  to 
saying,  that  in  order  to  obtain  this  effect  it  is  necessary 
that  the  sounding-board  be  relatively  very  large,  and  that 
it  should  have  a  particular  shape  determined  by  experience. 
In  this  case  the  sounding-board  corresponds  to  a  very  low 
note,  and  is  subject,  like  a  vibrating  string,  to  such  laws 
that  it  corresponds  not  only  to  the  lower  note,  but  also 
to  many  successively  higher  notes. 

If  the  lowest  note  be  very  low,  it  can  reinforce  so  many 
notes  that  their  number  may  be  considered  infinite. 

This  takes  place  especially  in  the  case  of  plates,  mem- 
branes, and  large  vibrating  boards,  and  practice  shows  that 
all  that  is  wanted  in  the  way  of  reinforcing  notes  can  be 
obtained. 


CHAPTEE  IV. 

1.  Measure  of  the  number  or  vibrations  ;  the  graphic  method — 
2.  Cagniard  de  la  Tour's  Siren — 3.  Pitch  of  sounds  ;  limit  or 
audible  sounds,  of  musical  sounds  and  of  the  human  voice — 
4.  The  "normal  pitch"— 5.  Laws  of  the  vibrations  of  a  string, 

AND  OF  harmonics. 

1.  The  second  characteristic  quality  of  musical  sounds 
is  their  pitch.  Every  ear,  however  little  practised,  dis- 
tinguishes a  high  note  from  a  low  one,  even  when  the 
interval  is  not  large.  I  propose  to  demonstrate  that  the 
2ntch  dej^ends  on  the  number  of  vibrations  that  a  sounding 
body  makes  in  each  second  of  time,  in  such  a  way  that  the 
low  notes  are  characterised  by  the  small  number,  the  high 
notes  by  the  large  number  of  their  vibrations  per  second. 

In  order  to  solve  this  problem,  we  must  first  solve 
another:  how  the  number  of  vibrations  is  to  be  deter- 
mined ?  There  are  many  methods  in  physics  used  for  this 
purpose. 

One  method  I  have  already  to  a  great  extent  indicated — 
the  graphic  method,  by  means  of  which  the  vibrations  of 
a  tuning-fork  were  traced  in  the  first  chapter.  In  that 
experiment  use  was  made  of  a  cylinder,  turned  by  hand. 
ISTaturally  the  motion  could  not  be  very  regular,  but  if  in- 
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stead  of  the  hand,  use  is  made  of  one  of  the  many  mechani- 
cal equivalents,  a  perfectly  regular  motion  can  easily  be 
obtained ;  and  further,  the  velocity  of  this  motion  may  be 
determined.  Suppose,  for  example,  that  the  cylinder  has  a 
velocity  of  one  turn  per  second ;  the  tuning-fork  will  then 
record  its  vibrations,  and  to  kno.w  their  number  per  second 
we  have  only  to  count  how  many  there  are  in  one  complete 
turn  of  the  cylinder.  The  calculation  is  equally  simple  if  the 
cylinder  makes  any  other  number  of  turns  in  a  second.  If, 
for  example,  the  cylinder  only  makes  five,  we  have  only  to 
count  the  vibrations  in  five  turns,  and  the  determination 
will  be  accurate,  if  the  number  of  turns  that  the  cylinder 
makes  per  second  is  accurately  determined.  This  is  often 
possible,  and  I  will  describe  later  on  a  very  simple  counter, 
by  which  the  number  of  turns  of  a  rotating  apparatus  is 
measured.  The  problem  may  then  be  solved  by  this 
means,  as  far  as  the  vibrations  of  a  tuning-fork  are 
concerned. 

2.  At  this  point  it  becomes  necessary  to  make  the  reader 
acquainted  with  another  instrument,  which  answers  this  pur- 
pose to  perfection,  and  which  offers  the  advantage  over  the 
turning  cylinder  of  not  requiring  for  its  use  a  slight  change 
of  the  note,  for  a  point  has  to  be  attached  to  the  vibrating 
tuning-fork  to  trace  its  vibrations.  This  instrument  is 
Cagniard  de  la  Tour's  Siren.  Figs.  24,  25,  and  26  show  the 
arrangement  of  the  instrument.  It  consists  of  a  hollow 
empty  cylindrical  box  BBB,  which  by  means  of  its  neck 
can  be  put  in  communication  with  a  blower  capable  of 
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furnisliing  a  constant  current  of  air.  In  the  upper  end  of 
the  cylinder  are  a  certain  number  of  equidistant  holes, 
disposed  on  the  periphery  of  a  circle  concentric  to  the 
outline  of  the  rim  itself.     These  holes  are  all  oblique,  so 


V 


^ig.  24.  Fig.  25.  Fig.  26. 

as  to  form  an  angle  of  about  45°  with  the  vertical  line. 
Over  these  holes  is  a  metal  disc  C,  which  covers  them 
entirely,  and  which  is  able  to  turn  rapidly  on  a  vertical 
axis  A.  This  disc  carries  an  equal  number  of  holes, 
corresponding  exactly  in  position  and  size  with  the  holes 
in  the  disc  below.  These  holes  are  also  oblique,  but  in  a 
different  direction,  and  form  an  angle  of  about  45°  with 
the  vertical,  but  an  angle  of  90°  with  the  direction  of  the 
holes  beneath.  Fig.  25  shows  the  section  of  the  two  discs, 
the  fixed  one  and  the  movable  one,  as  well  as  the  arrange- 
ment of  the  holes.  The  holes  p  slope  in  one  direction  and 
the  holes  p  in  the  other.  Fig.  26  is  a  drawing  in  section  of 
the  whole  apparatus,  in  which  is  shown  the  hollow  cylindri- 
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cal  box  B  of  the  siren,  the  movable  disc  CF,  and  the  axis  Ka 
on  which  it  turns.  When  a  current  of  air  is  forced  into  the 
cylinder  by  means  of  the  blower,  this  current  passes,  it  is 
true,  through  the  holes ;  but  on  account  of  their  obliquity,  it 
strikes  against  theu'  sides.  The  movable  disc  thus  receives 
a  series  of  impulses,  all  in  the  same  direction,  and  therefore 
begins  to  turn.  It  turns  quickly  when  the  current  is  strong, 
and  slowly  when  the  current  is  weak ;  by  suitably  control- 
ling the  blower,  the  force  of  the  current  can  be  regulated  at 
will,  and  through  it  the  velocity  of  rotation  of  the  movable 
disc. 

But  the  current  of  air  that  enters  the  cylinder  in  a 
regular  jet,  can  only  pass  out  through  the  holes  inter- 
mittently as  soon  as  the  movable  disc  has  begun  to 
turn.  The  reason  for  this  is  very  simple.  The  air  only 
passes  out  at  the  moments  when  the  holes  in  the  movable 
disc  coincide  with  the  holes  in  the  fixed  disc ;  it  is,  on  the 
other  hand,  intercepted  when  the  holes  in  the  movable 
disc  are  over  the  unperforated  parts  between  the  holes 
in  the  fixed  disc.  It  follows  that  the  air  must  come  out 
of  the  siren  in  the  form  of  little  puffs,  which  will  be  more 
frequent  as  the  number  of  holes  in  the  two  discs  is  greater, 
and  the  velocity  of  rotation  of  the  movable  disc  is  greater. 
Suppose,  for  example,  that  each  disc  has  twenty-five  holes, 
as  is  the  case  in  the  siren  I  am  now  describing  [twelve 
are  shown  in  the  drawing,  but  the  number  is  arbitrary]. 
Suppose  further  that  the  velocity  of  rotation  is  one  turn 
per  second  of  time.     In  this  case  each  hole  in  the  upper 
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disc  will  give  out  twenty-five  puffs  of  air  in  a  second  of 
time.  If,  however,  the  movable  disc  makes  2,  3,  4,  &c., 
turns  in  a  second,  I  must  multiply  the  number  of  holes 
— i.e.,  25 — by  2,  3,  4,  &c.,  or  generally  by  the  number 
of  turns,  to  find  the  number  of  puffs  of  air  produced  by 
each  hole  per  second. 

When  the  siren  is  set  in  action,  a  very  pure  note  is 
formed,  low  at  first  when  the  disc  turns  slowly,  but  higher 
as  the  velocity  of  the  disc  increases.  The  note  is  produced 
because  the  external  air  over  the  instrument  is  struck 
regularly  by  the  puffs  of  air  from  the  siren.  These 
periodical  blows  produce  vibrations  in  the  external  air, 
the  number  of  which  per  second  evidently  corresponds 
to  the  number  of  blows  received  per  second.  We  can 
therefore  produce  at  w^ill,  by  controlling  the  blower,  any 
note  we  please,  be  it  high  or  low ;  we  can  at  the  same 
time  calculate  the  number  of  vibrations  per  second 
corresponding  to  it,  as  there  is  a  means  of  determining 
the  number  of  turns  that  the  instrument  makes  in  a 
second  of  time. 

The  very  simple  counter,  which  is  placed  at  the  top  of 
the  instrument,  and  which  is  represented  in  fig.  26, 
answers  this  purpose.  To  the  movable  disc  CF  is 
fixed  a  vertical  steel  arbor  Aa,  which  carries  at  its  upper 
end  a  few  turns  S  of  what  is  called  an  endless  screw. 
The  teeth  of  a  toothed  wheel  EH  gear  into  this  screw,  so 
that  it  moves  forward  one  tooth  for  one  turn  of  the  arbor 
and  movable  disc.     To  the  axis  of  the  toothed  wheel  is 
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fastened  a  hand,  like  that  of  a  clock  [see  fig.  24];  a 
graduated  circle  enables  its  movements,  and  by  its  means 
those  of  the  toothed  wheel,  to  be  observed.  Each  division 
on  the  circle  corresponds  to  one  tooth  of  the  wheel,  or  one 
revolution  of  the  movable  disc  of  the  siren.  The  toothed 
wheel  has  100  teeth,  therefore  the  divisions  under  the 
hand  are  hundredth  parts,  arranged  round  an  internal 
periphery.  A  second  toothed  wheel,  with  a  second  hand 
and  a  second  set  of  divisions,  is  so  arranged  that  for  each 
revolution  of  the  first  wheel  it  moves  forward  one  tooth 
and  its  hand  one  division.  Its  divisions  show,  therefore, 
each  hundred  turns,  whilst  those  of  the  first  show  the 
single  turns  of  the  movable  disc  of  the  siren. 

This  system  enables  us  easily  to  determine  the  number 
of  turns  made  by  the  siren  in  a  given  time,  even  though 
it  may  be  very  high. 

To  facilitate  the  counting,  the  toothed  wheel  can  be 
brought  near  to  the  main  arbor  and  moved  away  from  it 
at  will  by  means  of  the  button  a  (fig.  24),  which  allows  of 
a  small  displacement ;  the  wheel  is  thus  put  in  action  for 
as  long  as  may  be  desired,  and  may  be  stopped  at  will. 

The  instrument  is  thus  used.  Suppose  we  wish  to 
determine  the  number  of  vibrations  per  second  which 
corresponds  to  the  note  of  a  tuning-fork.     We  have  : — 

(1.)  To  reproduce  with  the  siren  the  same  note  in  such 
a  way  as  to  keep  it  constant  for  a  certain  length  of 
time. 

(2.)  This  being    obtained,  to  set    in    action  a    stop- 
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watch  and  the  counter  of  the  siren,  and  thus  to  determine 
the  number  of  turns  per  second. 

These  two  operations  are  easily  performed.  The  first 
result  is  obtained  by  suitably  loading  the  blower.  The 
note  of  the  siren  is  at  first  very  low,  then  rises  slowly, 
and  after  some  time  remains  constant.  The  reason  of 
this  constancy  is  this,  that  the  current  of  air  is  just  able 
to  overcome  the  friction  of  the  instrument  for  this  given 
velocity.  But  say  the  note  of  the  tuning-fork  is  higher : 
then  in  order  to  get  up  to  it,  the  blower  must  be  loaded 
more.  The  note  rises  suddenly,  and  after  a  few  trials 
the  weight  is  found  which  must  be  put  on  the  blower  in 
order  to  reproduce  the  note  of  the  tuning-fork  and  keep  it 
steady.  The  note  keeps  constant  for  a  certain  length  of 
time,  during  which  the  second  operation  can  be  easily 
completed.  This  being  arranged,  the  exact  position  of 
the  pointers  is  observed,  the  stop-watch  is  set  going,  and  so 
afterwards,  at  a  chosen  moment,  is  the  counter  of  the  siren, 
which  is  left  in  action  for  ten  seconds.  It  is  always 
better  to  operate  for  a  somewhat  long  time  rather  than 
for  one  second  only,  because  in  the  former  case  a  small 
error  committed  in  setting  the  counter  going  is  less  felt 
than  in  the  latter. 

When  the  ten  seconds  have  elapsed,  the  action  of  the 
counter  is  stopped,  and  from  the  position  of  the  pointers 
the  number  of  turns  made  by  the  instrument  in  ten 
seconds  is  seen. 

In  this  case  say  there  are  358  turns  in  ten  seconds — 

E 
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tliat  is  to  say,  that  35'8  turns  correspond  to  one  second. 
To  know  now  the  number  of  vibrations  per  second,  since 
the  disc  of  the  siren  has  25  holes,  35"8  must  be  multiplied 
by  25,  which  gives  895  as  the  number  of  vibrations  per 
second.  The  tuning-fork  in  question,  therefore,  produces 
a  note  of  895  vibrations  per  second  of  time.  As  we  have 
operated  in  this  case,  so  we  can  operate  in  any  other  case 
whatsoever.  The  shen  lends  itself  admirably  to  researches 
of  this  nature.  It  only  requires  a  practised  ear  to  be  able 
to  reproduce  exactly  a  particular  note.  Whether  we  wish 
to  have  recourse  to  the  graphic  method,  or  whether  we 
wish  to  make  use  of  the  siren,  we  have  acquired  the  power 
of  determining  the  number  of  vibrations  of  very  many, 
or,  I  might  say,  of  all  notes. 

3.  Let  us  now  consider  the  more  important  results 
which  have  been  arrived  at  on  this  point,  by  a  minute 
and  accurate  examination  of  the  facts. 

What  is  the  limit  of  audible  sounds  ?  Does  our  ear 
perceive,  as  a  note,  any  number  of  vibrations  whatever, 
or  is  our  perception  confined  between  certain  limits  ? 
That  there  is  a  lower  limit  may  easily  be  demonstrated 
by  means  of  the  siren.  When  the  siren  is  set  in  action, 
and  at  first  turns  very  slowly,  the  single  puffs  of  air  are 
heard  singly,  but  no  note  is  perceived.  A  very  low  note, 
however,  begins  when  the  siren  turns  a  little  faster.  By 
more  exact  experiments  it  is  found  that  there  must  be  at 
least  sixteen  vibrations  in  a  second  of  time  in  order  to 
produce  a  note ;  and  this  limit  is  only  reached  by  using  a 
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very  powerful  instrument — that  is  to  say,  an  instrument 
able  to  give  a  somewhat  loud  note.  In  other  cases — as, 
for  instance,  in  the  case  of  the  common  siren — twenty  or 
twenty-five  vibrations  must  take  place  per  second,  in 
order  to  produce  an  appreciable  note. 

It  is  more  difficult  to  fix  a  high  limit  for  sound.  If 
the  blower  be  successively  loaded,  the  siren  turns  faster 
and  faster,  the  note  grows  sharper  and  sharper,  and  at 
last  becomes  shrill  and  disagreeable.  But  with  an  ordi- 
nary siren  it  would  not  be  possible  to  obtain  a  velocity 
above  a  certain  limit,  because  the  friction  would  prevent 
a  very  high  velocity.  To  solve  the  problem,  Despretz 
made  use  of  smaller  and  smaller  tuning-forks,  and  finally 
succeeded  in  demonstrating  that  there  is  an  upper  Hmit 
for  sound,  beyond  which  our  ear  perceives  nothing. 

This  limit  was  fixed  by  him  at  very  nearly  38,000 
vibrations  in  a  second,  a  figure  that  has  been  finally  con- 
firmed by  Helmholtz ;  but  it  is  probable  that  it  differs  in 
different  individuals.  We  may  conclude  that  sonorous 
vibrations  lie  between  the  limits  16  and  38,000  per 
second. 

But  all  the  notes  comprised  between  these  extreme 
limits  are  not  musical  notes,  properly  so  called — that  is  to 
say,  notes  advantage  of  which  is  taken  in  practical  music. 
The  notes  that  are  too  low  are  badly  heard ;  those  that  are 
too  high  are  unpleasant. 

In  the  modern  pianoforte  of  seven  complete  octaves,  the 
base  A  corresponds  to  about  2  7 J,  the  highest  A  to  3480 
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vibrations  per  second.  Therefore,  taking  into  account  the 
differences  of  tuning,  it  may  be  said  that  the  notes  of  the 
pianoforte  range  from  27  to  3500  vibrations  per  second. 

In  the  violin,  the  fourth  ojDen  string  [the  lowest  note] 
corresponds  to  about  193  vibrations;  the  highest  note 
may  be  fixed  at  about  3500. 

This  number  is  not,  however,  the  highest.  Some  piano- 
fortes go  up  to  the  seventh  C,  which  corresponds  to  about 
4200 ;  and  with  the  piccolo  4700  and  more  vibrations  per 
second  are  reached.  But  the  real  gain  that  music  has 
realised  from  so  great  an  extension  is  very  doubtful. 
Notes  that  are  too  high  are  shrill,  and  lose  entirely  that 
full,  sweet  quality  which  constitutes  the  principal  char- 
acteristic of  musical  notes.  It  may  be  concluded,  without 
exaggeration,  that  musical  notes  are  comprised  between 
27  and  4000  vibrations  per  second. 

The  question  of  the  human  voice,  and  of  the  limits 
between  which  it  acts,  is  also  interesting.  In  consider- 
ing it,  we  must  distinguish  between  the  voice  of  men 
and  of  women.  The  latter  is  represented  by  about  twice 
as  many  vibrations  per  second  as  that  of  men.  Subdivi- 
sions are  made  for  musical  purposes  in  each  of  these 
classes  of  voice :  thus  there  are,  for  men,  bass,  baritone, 
and  tenor  voices ;  for  women,  contralto,  mezzo-soprano, 
and  soprano  voices.  The  following  table  shows  the  limits 
of  each  of  these  voices  for  a  normal  case,  as  they  may 
reasonably  be  expected  from  a  good  and  practised  singer. 
The  figures  written  in  brackets  represent  cases  of  excep- 


Bass      .     .     . 

[B  = 

61] 

E  =    82 

Baritone    .     . 

(D  = 

73) 

E=    87 

Tenor   .     .     . 

(G  = 

98) 

A  =  109 

Contralto  .     . 

(C  = 

110) 

E  =  164 

Mezzo-soprano 

(E  = 

164) 

F  =  174 

Soprano     .     . 

(G  = 

196) 

A  =  218 
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tional  voices  which   the   stage   has   produced  up  to  the 
present  time : — 

Ejctent  and  Limits  of  the  Human  Voice. 

.  D  =    293     [F  =    348] 

.  FJ=    370    [G=    392] 

.  A  =    435  (C^  =    544)* 

.  F  =    696    (A  =    870) 

.  A=    870     (B=    976) 

.  C  =  1044     (E  =  1305) 

The  well-developed  voice  of  a  single  singer  embraces 
about  two  octaves ;  in  the  case  of  women  a  little  more. 
The  extreme  limits  of  the  human  voice  [man's  and 
woman's  combined]  may  be  fixed  within  four  octaves, 
from  C  =  65  up  to  C  =  1044,  certain  extreme  cases  not 
included.f 

4.  A  question  of  some  practical  importance  has  latterly- 
been  raised  and  solved:  that  of  establishing  a  uniform 
pitch  for  all  countries,  so  as  to  make  it  possible  to  tune 
instruments  uniformly.  For  the  purpose  of  tuning  musi- 
cal instruments,  a  small  tuning-forli  is  generally  used, 
which  gives  the  A  which  corresponds  to  the  second  open 
string  of  the  violin,  and  is  in  a  seven-octave  pianoforte 
the   fifth  A,   counting   from   the  lowest   note.     All  the 

*  Tamberlik's  overpraised  CJt. 

t  Certain  marvellously  gifted  voices  have  had  more  extended  limits  ; 
the  voices  of  Cruvelli,  Catalani,  Patti,  and  Nilsson  will  always  be  cele- 
brated for  this.  The  highest  voice  seems  to  be  that  of  Bastardella,  whom 
Mozart  heard  at  Parma  in  1770,  which  had  three  and  a  half  octaves,  and 
went  up  almost  to  2000  vibrations.  Also  the  voice  of  eunuchs,  and 
especially  that  of  the  celebrated  Farinelli,  have  a  very  great  range. 
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different  theatres  of  Italy  and  Europe  have  adopted 
pitches  differing  from  each  other ;  and  even  in  the  same 
theatre  the  A  goes  on  gradually  rising.  At  Paris,  in 
1700,  it  was  405;  later  on,  425;  in  1855,  440;  and  in 
1857,  448  vibrations  per  second.  This  last  number  has 
since  remained  steady  at  the  .Berlin  Theatre ;  but  the 
pitch  of  the  Scala  at  Milan  corresponds  to  451  J,  and  that 
of  Covent  Garden  Theatre  at  London  to  455  vibrations 
per  second. 

This  state  of  things  was  very  unpleasant  to  singers, 
for  whom  it  was  no  easy  matter  to  satisfy  requirements 
differing  so  sensibly  in  different  countries,  especially 
when  it  is  remembered  that  modern  music,  to  increase 
the  effect,  is  written  very  much  on  the  extreme  notes, 
and  especially  on  the  high  ones,  and  therefore  makes  a 
great  call  upon  the  singers.  To  this  may  be  added  the 
tendency  of  the  manufacturers  of  musical  instruments, 
and  especially  of  brass  instruments,  to  raise  the  pitch 
continually,  in  order  to  give  a  greater  brilliancy  of  tone  to 
theu'  instruments. 

As  may  be  seen  from  the  example  given  of  the  rise  of 
pitch  at  Paris,  it  thus  came  about  that  from  the  last 
century  until  now  the  pitch  had  been  rising  considerably 
everywhere,  and  had  a  tendency  to  rise  still  higher.  It 
was  therefore  necessary  to  find  a  remedy  for  so  grave  an 
inconvenience,  and  an  international  commission  fixed  as 
the  normal  pitch  (usually  called  the  diapason  normal)  a 
tuning-fork  giving  435  vibrations  per  second  of  time. 
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5.  I  will  close  this  chapter  by  demonstrating  an  impor- 
tant law,  at  which  we  arrive  by  studying  the  number  of 
the  vibrations  per  second  of  a  string.  "When  the  whole 
string  vibrates  in  one  vibration,  it  gives  its  lowest  note, 
which  I  have  called  the  fundamental  note.  If  the  string 
be  divided,  by  touching  it  with  the  finger  or  a  feather, 
into  two,  three,  four,  &c.,  parts,  higher  and  higher  notes 
are  obtained,  which  form  that  which  is  called  an  harmonic 
series.  The  notes  of  this  harmonic  series  are  not  notes 
taken  at  random.  They  are  very  agreeable  to  the  ear  in 
relation  to  the  fundamental  note,  and  have  great  import- 
ance, as  we  shall  see  in  the  sequel,  in  the  theory  of  music 
and  of  musical  instruments.  It  may  be  asked,  then,  if 
there  is  a  simple  law  to  regulate  these  notes,  as  the 
method  of  their  production  is  so  simple. 

To  answer  this  question,  aU  that  is  needed  is  to  deter- 
mine the  number  of  vibrations  of  the  string  for  the  funda- 
mental note,  and  for  the  successive  harmonic  notes. 

Carefully  repeated  experiments  show  that  simple 
relations  exist  between  all  these  notes.  Let  us  suppose, 
for  example,  that  the  fundamental  note  makes  128  vibra- 
tions per  second ;  the  second  harmonic,  which  is  obtained 
by  dividing  the  string  into  two  parts,  then  makes  twice 
128  vibrations,  or  256  per  second;  the  third  harmonic, 
which  is  obtained  by  dividing  the  string  into  three  parts, 
makes  three  times  128,  or  384  vibrations  per  second;  the 
fourth  harmonic,  which  arises  from  the  division  of  the 
string  into  four  parts,   makes   four  times   128,   or   512 
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vibrations  per  second,  and  so  on.  Therefore,  calling  the 
fundamental  note  1,  the  harmonic  notes  will  be  exactly 
represented,  in  respect  of  their  vibrations  per  second,  by 
the  whole  numbers,  2,  3,  4,  &c.  By  considering  the  mode 
of  formation  of  these  notes,  the  following  two  laws  are 
arrived  at : — 

(1.)  The  harmonics  increase,  in  respect  of  the  number  of 
their  vibrations  per  second,  as  the  whole  numbers. 

(2.)  The  number  of  vibrations  per  second  of  a  string 
always  varies  inversely  as  its  length. 

This  second  law  holds  for  all  cases,  even  when  a  string 
is  shortened  in  any  manner  whatever ;  on  the  sonometer 
this  shortening  is  accomplished  in  a  very  simple  manner. 
Besides  the  two  fixed  bridges  on  which  the  string  rests, 
there  is  a  third  movable  bridge,  by  means  of  which  the 
string  can  be  shortened  at  will.  A  scale  of  centimetres 
and  millimetres  allows  the  length  of  the  effective  part  of 
the  string  to  be  measured  in  any  case.  A  sonometer 
constructed  in  this  manner  affords  the  simplest  and 
shortest  means  of  determining  the  number  of  vibrations 
of  a  note.  The  operation  is  performed  as  follows :  The 
string  of  the  sonometer  is  stretched  so  that  when  vibrating 
in  its  whole  length  (one  metre),  it  gives  a  known,  constant 
note — for  example,  one  of  128  vibrations  per  second.  When 
the  string  is  thus  tuned,  the  sonometer  is  ready  for  imme- 
diate use.  If  it  be  desired  to  know  the  number  of  vibra- 
tions of  a  given  musical  sound,  that  note  is  exactly 
reproduced  by  sliding  the  bridge  along,  and  so  shortening 
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the  string;  tlie  scale  under  the  string  gives  its  new  length. 
Let  this  be,  for  example,  432  millimetres ;  then,  as  the 
number  of  vibrations  varies  inversely  as  the  length  of  the 
string,  we  arrive  at  the  following  proportion : — 
432  :  1000  : :  128  :  a? 
Whence    x   =  ^^^-^i^  =  296 

Therefore  the  note  makes  296  vibrations  per  second. 

This  method  of  determining  the  number  of  the  vibra- 
tions is  the  simplest  of  all.  It  is  capable  of  giving  results 
of  sufficient  accuracy,  and  may  be  adopted  directly  the 
laws  of  the  vibrations  of  strings  have  been  established. 


CHAPTER  V. 

1.  Musical  sounds — 2.  Law  of  simple  ratio — 3.  Unison,  interference 
— 4.  Beats — 5.  Their  explanation — 6.  Eesultant  notes — 7. 
Octaves  and  other  harmonics — 8.  Consonant  chords  and  their 
lbiits — 9.  The  major  fifth,  fourth,  sixth,  and  third  ;  the  minor 
third  and  sixth — 10.  The  seventh  harmonic. 

1.  It  lias  been  sllo^Yn  in  the  last  chapter  that  all  the 
sounds  in  nature  are  not  musical  sounds,  properly  so 
called.  In  order  that  a  sound  may  acquire  a  musical 
character,  it  must  satisfy  the  essential  condition  of  being 
agreeable  to  the  ear.  It  is  on  this  account  that  all  the 
sounds  produced  by  imperfect  instruments  must  be  re- 
jected, whatever  may  be  their  pitch.  AU  those,  also, 
which  are  too  high  or  too  low  must  be  rejected  as  either 
disagreeable  or  insignificant.  There  remain,  therefore,  the 
notes  comprised  between  about  27  and  4000  vibrations 
per  second,  which  form  an  interval  of  a  little  more  than 
seven  octaves,  between  which  Hmits  the  music  of  all 
countries  and  all  nations  is  written. 

But  it  would  be  a  grave  error  to  suppose  that  between 
the  limits  hinted  at,  aU  the  notes  can  be  used  arbitrarily 
or  at  hazard.  Experience  shows  that  any  one  of  these 
notes  may  be  chosen  in  executing  or  beginning  a  piece 
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of  music.  But  wlien  ouce  this  note  is  selected,  all  tlie 
others  that  are  to  follow  or  accompany  it  are  limited,  and 
we  move  in  a  very  restricted  circle.  This  is  not  only  the 
case  in  our  modern  music,  but  also  holds  good  for  the 
music  of  every  epoch.  There  is  no  instance  known  of  a 
musical  system,  however  barbarous  it  may  be,  in  which 
the  choice  of  the  notes  is  left  to  the  fancy  of  the  com- 
poser or  performer.  The  history  of  music,  on  the  con- 
trary, teaches  us  that  it  has  always  been  sought  to  select, 
from  the  enormous  number  of  possible  notes,  an  infinitely 
more  restricted  number,  according  to  certain  established 
rules,  in  which  musical  instinct  was  at  times  influenced 
by  scientific  theories  of  greater  or  less  value,  giving  the 
preference  to  one  and  sometimes  to  another  of  such 
theories.  We  will  consider  later  on  the  different  concep- 
tions which  instinctively  or  rationally  have  guided  different 
nations  in  the  historical  development  of  music.  Tor  the 
present  I  will  content  myself  by  saying  that  in  our 
modern  music,  art  has  outstripped  science  with  rapid 
strides,  and  it  is  only  quite  recently  that  the  latter  has 
been  able  to  give  a  complete  and  rational  explanation  of 
what  the  former  has  effected  by  means  of  delicate 
aesthetic  feelin;:^. 

2.  It  may  be  established  as  one  of  the  fundamental 
principles  of  our  music,  that  the  ear  can  only  endure 
notes,  be  they  simultaneous  or  successive,  on  this  condi- 
tion— namely,  that  they  should  hear  siinple  ratios  to  each 
other  in  respect  of  the  nuinber  of  their  vibrations  per  second; 
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that  is  to  say,  that  the  ratio  of  the  number  of  vibrations 
per  second  of  the  notes  should  be  expressed  by  low 
numbers.  All  the  bearings  of  this  simple  principle  will 
be  pointed  out  in  a  later  chapter,  and  since,  thanks  to  the 
great  researches  of  Helmlioltz,  it  has  acquired  of  late  years, 
notwithstanding  its  simplicity,  an  even  simpler  and  wider 
significance,  I  will  for  the  present  content  myseK  with 
indicating  its  more  important  consequences. 

It  is  not  without  some  hesitation  that  I  enter  upon 
such  a  subject.  I  shall  have  to  go  through  a  series  of 
figures,  and  indeed  to  argue  entirely  upon  figures.  The 
road  is  rather  a  rough  and  thorny  one,  but  I  trust  that, 
like  the  traveller  who  courageously  climbs  the  steep  and 
rugged  sides  of  a  mountain  in  order  to  enjoy  at  last  a  vast 
and  magnificent  panorama,  so  from  the  highest  peak  of  this 
argument  a  vast  horizon  will  open  out  before  the  reader, 
in  which  he  will  discover  the  synthesis  of  one  of  the 
grandest  creations  of  the  imagination — a  creation  that  in 
itself  forms  one  of  the  most  brilliant  pages  in  the 
history  of  human  culture. 

3.  The  most  simple  ratio  that  can  be  imagined  between 
the  vibrations  per  second  of  two  notes  is  that  in  which 
both  are  represented  by  the  same  number  of  vibrations. 
The  two  notes  are  then  said  to  be  in  unison.  If  they  be 
sounded  one  after  the  other,  they  only  form  one  more  pro- 
longed note  ;  if  they  be  sounded  together,  they  only  give 
one  note  of  double  loudness.  It  sometimes  happens, 
however,  that  two  equal  notes,  instead  of  supporting  each 


INTERFERENCE.  77 

other,  are  enfeebled  in  their  effects.  Cases  of  this  kind 
are  due  to  what  is  called  interference.  This  happens 
whenever  the  vibrations  of  the  two  notes  are  made  in  the 
reverse  way — that  is  to  say,  when  the  vibrating  body  of 
the  first  note  makes  a  movement  in  one  given  direction, 
whilst  the  other  makes  a  precisely  contrary  movement. 
It  is  evident  that  such  opposing  vibratory  movements 
must  destroy  each  other's  effect,  when  superposed  in  the 
air  in  which  they  are  propagated;  as  a  particle  of  air 
which  ought  to  move  at  the  same  time  and  with  the 
same  force  in  two  opposite  directions,  not  being  able  to 
follow  either,  remains  at  rest. 


i'ig.  27. 

The  apparatus  represented  in  fig.  27  enables  us  to  pro- 
duce interference  at  will.  It  is  composed  of  a  vibrating 
plate  in  which  a  Chladni's  figure  is  formed  by  the 
vibrating   segments  A  B,  A'  B'.     The  vibrations  in  two 
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contiguous  segments,  as  A'  and  B',  are  contrary,  or  reverse, 
inasmucli  as  wlien  the  particles  at  A'  fall,  those  at  B' 
rise,  and  vice  versa;  they  are  similar  in  two  opposite 
segments,  as  at  A  and  A'.  DCE  is  a  bifurcated  pipe 
which  gives  by  itself  the  same  note  as  the  plate,  and  is 
closed  at  the  top  by  a  paper  membrane,  which  serves, 
when  sprinkled  with  sand,  to  indicate  the  vibrations 
in  the  pipe.  If  now  the  plate  be  caused  to  vibrate, 
and  some  sand  be  sprinkled  on  it  to  indicate  its  mode 
of  vibration,  two  points  having  similar  vibrations,  as 
A  and  A',  may  be  selected,  and  the  branches  of  the 
pipe  placed  over  them,  without,  however,  allowing  them 
to  touch;  the  sand  on  the  membrane  will  then  dance 
about  and  dispose  itself  regularly,  which  shows  that  the 
air  in  the  pipe  vibrates,  because  the  vibrations  of  A  and  A! 
support  each  other  in  producing  this  effect.  Again,  two 
points  having  an  opposite  motion,  as  A'  and  B',  may  be 
selected  and  the  branches  of  the  pipe  placed  over  them ; 
the  effect  will  then  be  nil,  and  the  sand  will  not  move. 

From  all  this  we  may  conclude  that  when  two  equal  and 
simultaneous  vibratory  movements  are  superimposed,  they 
support  each  other,  hut  that,  on  the  other  hand,  their  effect  is 
destroyed  if  they  are  equal  and  opposite. 

4.  The  question  is  interesting  as  to  what  happens  when 
the  two  notes  produced  are  almost  though  not  quite 
identical,  and  have  not  therefore  quite  the  same  number 
of  vibrations  per  second.  A  new  phenomenon  then  appears, 
known  by  the  name  of  leats. 
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In  order  to  sliow  what  these  beats  really  are,  the  follow- 
ing experiment  may  be  adopted.  Two  large  equal  organ- 
pipes  are  taken  which  give  two  low,  strong,  identical 
notes.  These  being  attached  to  a  blower,  and  sounded 
together,  we  obtain  the  same  note,  only  of  double  loud- 
ness, which  is  obtained  by  sounding  either  pipe  without 
the  other.  But  the  pipes  are  so  made  that  it  is  easy 
slightly  to  alter  the  note  of  either.  For  this  purpose 
there  is  an  aperture  in  the  upper  part  of  one  of  the  walls 
of  each  pipe  closed  by  a  movable  plate,  by  lowering 
which  more  or  less  the  aperture  in  the  pipe  can  be  opened 
to  a  greater  or  less  extent;  the  effect  thus  produced  is 
similar  to  that  obtained  by  shortening  the  pipe.  The 
note  is  slightly  raised,  and  by  means  of  the  movable  plate 
it  can  be  regulated  at  will. 

Now  let  the  note  of  one  of  the  two  pipes  be  slightly 
raised.  The  difference  between  the  notes  of  the  two  pipes 
is  so  small  that  even  a  practised  ear  can  scarcely  perceive 
it  for  such  low  notes.  But  if  the  two  pipes  be  sounded 
together,  a  sound  is  obtained  of  varying  loudness,  now 
strong  and  now  feeble,  and  very  marked  jerks  or  shocks 
ai^  perceived.  These  shocks  are  the  beats.  If  the  dif- 
ference between  the  notes  of  the  two  pipes  be  very  small, 
the  beats  will  be  very  slow,  not  more  perhaps  than  one 
in  the  second ;  but  if,  on  the  other  hand,  the  difference 
be  increased  by  raising  the  note  of  the  first  pipe,  they 
wiU  become  more  frequent.  By  suitably  regulating  the 
note  of  one  of  the  pipes  by  means  of  the  movable  plate, 
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and  leaving  the  other  untouched,  2,  3,  4,  5,  or  10  beats 
per  second  may  be  obtained.  In  the  last  case,  however, 
it  is  difficult  to  count  them ;  but  they  are  distinctly 
audible,  and  remain  so  up  to  20  or  even  25  per  second, 
beyond  that  the  ear  is  no  longer  able  to  distinguish 
them. 

Beats  of  this  kind  are  very  common.  They  are  more 
especially  heard  in  instruments  with  fixed  strong  notes,  as, 
for  example,  in  the  organ.  They  are  a  sure  sign  that  the 
instrument  is  not  well  tuned,  and  afford  a  very  simple  and 
correct  method  of  bringing  two  slightly  differing  notes 
into  unison.  All  that  need  be  done  is  to  tune  them  until 
the  beats  cease. 

In  the  sound  of  bells  the  phenomenon  of  beats  is  very 
common.  In  fact,  it  is  not  possible  to  cast  a  large  beU  so 
that  it  may  present  at  every  point  a  perfect  homogeneity 
and  an  equal  density  and  elasticity.  The  bell,  therefore, 
easily  divides  into  two  not  perfectly  equal  parts,  which  by 
vibrating  somewhat  differently  produce  beats. 

5.  It  is  easy  to  understand  how  these  beats  are  produced. 
If  two  notes  make  exactly  the  same  number  of  vibrations 
per  second,  except  in  the  special  case  of  interference, 
which  will  not  be  here  taken  into  account,  the  vibrations 
of  the  two  bodies  coincide,  and  a  note  is  produced  of 
double  loudness ;  but  if  the  two  notes  be  not  of  exactly  the 
same  pitch,  the  phenomenon  is  more  complicated.  Let  it 
be  supposed,  for  example,  that  the  first  note  makes  100 
vibrations  in  a  second,  and  the  other  101. 
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If  they  be  sounder]  together,  the  first  vibrations  will 
almost  correspond  with  each  other,  their  effects  will  be 
added  together,  and  a  louder  note  will  be  produced.  But 
at  the  fiftieth  vibration  of  the  first,  the  second  note  will 
have  accomplished  fifty  and  a  half  vibrations.  But  as  a 
vibration  always  has  one  half  in  which  the  vibrating  body 
moves  in  one  direction,  and  another  half  in  which  it 
moves  in  the  opposite  direction,  it  follows  that  at  the 
fiftieth  vibration  of  the  first  note,  and  the  corresponding 
half  vibration  of  the  second,  the  movements  wiU  be 
contrary,  and  the  note  will  therefore  be  sensibly  deadened, 
or  at  least  more  or  less  considerably  enfeebled.  To  the 
hundredth  vibration  of  the  first  note  corresponds  the  one 
hundred  and  first  vibration  of  the  second,  and  from  this 
point  they  again  reinforce  each  other,  and  so  on.  It 
is  thus  seen  that  for  each  difference  of  one  vibration 
there  must  be  one  strengthening  and  one  enfeebling  of 
the  note — that  is  to  say,  one  beat  per  second.  There- 
fore, if  there  be  two  notes,  which  differ  by  2,  3,  4,  5, 
10  vibrations  per  second,  there  will  be  2,  3,  4,  5,  10 
beats  per  second;  and  the  number  of  beats,  which  is 
easily  observed,  gives  a  very  exact  measure  of  the  differ- 
ence between  the  number  of  vibrations  per  second  of  the 
two  notes.  This  is  a  very  safe,  practical  method  for 
determinations  of  this  sort,  because  it  is  independent,  so 
to  speak,  of  the  ear,  or,  at  all  events,  does  not  require  a 
very  delicate  ear. 

The  phenomenon  of  beats  is  not  only  observed  when 
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two  notes  are  almost  in  unison,  but  even  more  when  the 
two  notes  are  to  each  other,  in  respect  to  their  number  of 
vibrations  per  second,  almost,  but  not  quite,  in  some 
other  simple  proportion.  Let,  for  example,  the  number  of 
their  vibrations  per  second  be  as  one  to  two,  then,  if  the 
proportion  is  exact,  there  will "  be  no  beats ;  if,  on  the 
other  hand,  the  proportion  be  not  exact,  the  beats  are  at 
once  heard.  In  order  to  show  this,  take  two  pipes  giving 
the  fundamental  note  and  its  octave,  and  which  can  be 
slightly  altered  at  will.  If  they  be  perfectly  tuned  and 
sounded  together,  there  are  no  beats,  and  the  harmony  is 
agreeable,  like  one  clearer  and  fuller  note ;  but  if  one  of 
the  two  notes  be  ever  so  slightly  altered,  immediately 
unpleasant  beats  appear,  which  spoil  the  harmony.  It 
is  easy,  by  an  analogous  reasoning  to  the  foregoing,  to 
explain  this  phenomenon.  It  is  enough,  however,  here  to 
draw  this  conclusion,  that  the  beats  are  the  simplest  and 
most  sure  means  of  observing  that  two  notes  are  not  so 
tuned  that  their  vibrations  may  be  represented  by  a  simple 
ratio.  But  as  simple  ratio  is  a  necessary  condition  in 
order  that  harmonies  may  be  produced  which  shall  be 
agreeable  to  the 'ear,  it  follows  that  the  presence  of  beats 
is  a  sure  proof  that  an  instrument  is  not  properly  tuned. 

6.  In  strict  relation  to  the  phenomenon  of  beats,  and  as 
a  necessary  consequence  to  the  combination  of  two  notes, 
are  those  notes  whose  discovery,  made  towards  the 
middle  of  the  last  century,  is  generally  attributed  to  the 
celebrated  violinist  Tartini,  and   to  which  the  name   of 
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resultant  notes,  or  sometimes  difference  notes,  is  usually 
given.  The  theory  of  these  notes  is  not  easy  to  give. 
Hitherto  it  has  been  held  that  when  the  beats  become 
very  rapid,  so  as  to  be  more  than  16  per  second,  they 
generate  on  their  own  account  a  very  low  note,  which  is 
the  resultant  note.  If  there  be  two  notes — one  which 
makes  100,  and  the  other  125  vibrations  per  second — they 
will  give  25  beats  a  second,  which  will  generate  a  note 
of  25  vibrations  a  second.  There  are  thus  three  notes 
— the  original  two  of  100  and  125,  and  the  resultant  note 
of  25  vibrations  per  second. 

But  this  explanation,  however  simple  it  may  appear, 
and  however  well  it  may  correspond  to  the  results,  is  open 
to  certain  serious  objections  on  which  it  is  impossible  to 
dwell.  The  true  theory  of  resultant  notes  can  only  be 
given  by  means  of  mathematical  calculation. 

All  that  need  here  be  said  is,  that  resultant  notes  are 
really  difference  notes  in  this  sense,  that  the  number  of 
their  vibrations  per  second  really  corresponds  to  the 
difference  of  the  vibrations  per  second  of  the  two  com- 
bined notes.  Thus  in  tlie  example  given  above,  when  two 
notes  are  combined  together,  one  of  100  and  the  other  of 
125  vibrations  per  second,  a  resultant  note  is  obtained 
which  really  corresponds  to  25  vibrations  per  second. 

These  resultant  notes  may  be  experimentally  observed 
by  means  of  two  organ-pipes,  one  making  200  and  the 
other  250  vibrations  per  second,  giving  a  harmony;  which 
is  represented  by  the  ratio  |,  and  which,  as  will  be  seen 
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later  on,  is  called  a  major  third.  When  tliey  are  sounded 
together,  besides  these  two  notes,  a  low  note  is  very  clearly 
heard,  which  corresponds  to  50  vibrations  per  second, 
a  number  which  is  the  fourth  part  of  200,  or  the  half  of 
the  half.  It  will  be  seen  later  on  that  the  half  means 
the  lower  octave  of  a  note,  therefore  the  half  of  the  half 
signifies  two  octaves  below  this  same  note.  It  follows 
that  the  resultant  note  wliich  is  formed  ought  to  be  the 
second  octave  below  of  the  note  of  200  vibrations  a 
second,  which  with  a  little  attention  is  found  to  be  the 
fact. 

Eesultant  notes  are  always  present,  whenever  two 
different  notes  are  combined ;  and  there  is  a  very  simple 
rule  for  determining  them :  the  nmriber  of  vibrations  per 
second  of  the  resultant  note  is  always  equal  to  the  difference 
hetween  the  number  of  vibrations  per  second  of  the  notes  that 
are  combined.  But  as  it  is  more  important  in  the  theory  of 
sound  to  know  the  ratios  of  the  numbers  of  vibrations  per 
second  of  the  different  notes  to  each  other  than  to  know 
the  absolute  number  of  their  vibrations  per  second,  the 
different  notes  are  expressed  by  whole  numbers ;  such 
being  the  case,  the  resultant  note  will  also  be  expressed 
by  whole  numbers. 

In  the  example  given  above  it  may  be  said  that  the 
notes  4  and  5  have  been  combined,  since  the  ratio  is 
the  same  as  that  between  200  and  250.  The  resultant 
note  is  then  rejDresented  by  the  difference  1. 

The  resultant  notes  have  great  importance  in  the  theory 
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of  music,  as  will  be  shown  later  on  in  this  chapter.  As 
they  are  frequently  very  loud,  it  is  necessary  to  take  them 
into  account,  and  also  their  ratios  to  other  notes.  If,  then, 
several  notes  he  combined  together,  it  is  not  enough  to 
select  tliose  which  by  themselves  will  give  an  agreeable 
harmony ;  it  is  necessary  further  to  examine  the  resultant 
notes,  and  to  see  how  these  will  behave  in  relation  to  the 
combined  notes. 

It  may  be  added  that  these  resultant  notes  are  notes 
that  really  exist.  It  follows  from  this  that  they  can 
combine  with  each  other  and  produce  new  resultant  notes, 
which  are  called  resultant  notes  of  the  second  order. 
There  are  thus  resultant  notes  of  the  third,  fourth  order, 
&c.  But  as  these  are  so  very  feeble  that  even  a 
practised  ear  cannot  succeed  in  distinguishing  them,  in 
most  cases  it  is  not  worth  while  to  take  them  into 
account. 

7.  The  next  most  simple  ratio  that  can  be  imagined 
after  unison  is  that  of  1  :  2.  This  is  the  ratio  called  that 
of  the  octave.  That  note  is  called  the  octave  of  the  funda- 
mental note  that  makes  twice  the  number  of  vibrations 
per  second.  Doubling  the  number  of  vibrations  of  a  note 
means  raising  it  to  its  octave  above,  and  vice  versa.  So, 
too,  reducing  the  number  of  vibrations  per  second  of  a 
note  to  one-half,  means  descending  to  its  octave  below. 
The  octave  of  the  octave  is  represented  by  a  number  of 
vibrations  per  second  four  times  greater,  the  third 
octave  by  a  number   eight  times   greater;   the  second. 
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third,  &c.,  octaves  below  are  expressed  by  -Jr,  J-,  &c.,  of 
the  vibrations  per  second  of  the  fundamental  note. 

The  harmony  of  the  octave  with  the  fundamental  note 
is  very  consonant.  When  the  two  notes  are  perfectly 
in  tune,  which  is  recognised  by  the  complete  absence  of 
beats,  the  ear  does  not  distinguish  two  notes.  One 
single,  open,  clear  note,  as  it  were,  is  heard,  with  a  some- 
what modified  twibre. 

The  Greeks,  who  did  not  use  harmony,  properly  so 
called,  in  their  music,  nevertheless  admitted  singing  in 
octaves;  which  is  easily  understood,  when  it  is  remem- 
bered that  the  voices  of  women  and  boys  are  an  octave 
higher  than  those  of  adult  men ;  therefore  a  chorus, 
singing  all  together,  must  produce  an  accompaniment 
in  octaves. 

The  resultant  note  produced  by  the  combination  of 
the  notes  1  and  2  is  again  1,  which  means,  that  in  the 
harmony  of  the  fundamental  note  and  its  octave  the 
resultant  note  serves  to  reinforce  the  fundamental  note. 

Other  simple  relations  are  furnished  by  the  fundamental 
note  1  united  to  one  of  the  notes  of  the  harmonic  series 
2,  3,  4,  5,  &c.  The  note  2  represents,  as  has  been  seen, 
the  octave ;  the  note  3  is  the  twelfth,  or  as  it  may  also 
be  called,  for  reasons  which  will  be  seen  later  on,  the  fifth 
of  the  octave;  the  note  4  is  the  octave  of  the  octave,  &c. 

All  these  notes  form  agreeable  harmonies  wdth  the 
fundamental  note.  Their  only  defect,  musically  speaking, 
is  that  the  intervals  between  them  and  the  fundamental 
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rxote  are  very  great.  These  liarmonies,  however,  are 
certainly  poor,  but  not  iin^Dleasant,  and  are  especially 
used  on  the  violin  and  other  stringed  instruments.  The 
fundamental  character  of  these  harmonies  is,  that  the 
resultant  notes  arising  from  them  also  belong  to  the 
harmonic  series.  Thus,  for  example,  the  resultant  note 
of  1  and  3  is  2,  that  of  1  and  4  is  3,  and  so  on ;  and 
the  resultant  notes  of  the  second  order  are  found,  when 
we  come  to  analyse  them,  to  strengthen  the  fundamental 
note. 

8.  But  music  would  be  extremely  poor  if  it  were  wished 
to  limit  it  to  these  few  notes,  although  they  are  the  most 
natural  ones.  Certain  brass  instruments,  indeed,  have  no 
other  notes  at  their  disposition,  as,  for  example,  the 
primitive  keyless  trumpet ;  but  the  melodies  played  on 
such  instruments  are  very  restricted  and  monotonous. 

Practical  musicians,  therefore,  have  been  compelled  to 
go  farther  into  the  matter,  and  to  see  if  they  could  not  find 
other  ratios  which,  although  more  complicated  than  the 
first,  would  be  still  simple  enough  to  be  acceptable.  But 
it  naturally  follows,  from  the  principle  laid  down  at  the 
head  of  this  chapter,  that  the  less  complicated  the  ratios, 
the  more  perfect  are  the  harmonies.  The  introduction 
into  music  of  more  and  more  complicated  harmonies  has 
therefore  been  made  slowly  and  gradually.  This  must  be 
considered  as  progress  in  the  sense  that  it  has  increased 
musical  resources,  but  it  is  progress  made  at  the  expense 
of  primitive  purity. 
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Starting  from  this  principle,  let  us  see  liow  far  this  has 
been  done  up  to  the  present  time,  and  how  much  farther 
we  can  reasonably  go.  What  has  been  said  is  of  itself 
sufficient  apology  for  the  opinion  of  those  who  maintain 
that  music  is  not  the  result  of  absolute  aesthetic  prin- 
ciples, but  that  it  is  rather  the  result  of  successive  musical 
education,  an  education  which  evidently  primarily  depends 
on  the  aesthetic  aspirations  of  different  nations,  and  on  the 
state  of  their  culture.  In  fact,  history  shows  that  all  bold 
musical  innovations  have  had  to  contend  with  immense 
opposition,  and  it  is  convenient,  though  not  consistent 
with  truth,  to  look  upon  such  resistance  as  only  rancour 
or  personal  envy.  The  true  reason  is,  that  there  is  no 
mathematical  expression  by  which  to  define  with  certainty 
when  a  ratio  is  simple  and  when  not ;  and  it  is  equally 
difficult  to  establish  when  a  sound  ceases  to  be  agreeable. 
Whether  it  be  more  or  less  simple,  more  or  less  compli- 
cated, more  or  less  agreeable,  it  depends  on  the  habit  of 
the  ear  how  far  it  will  follow  a  bold  innovation.  In  truth, 
certain  harmonies,  which  are  now  considered  perfectly 
admissible,  were  not  so  considered  in  past  centuries, 
especially  in  the  early  stages  of  music. 

9.  The  jump  from  the  fundamental  note  1  to  its  octave 
2  is  very  great,  and  leads  to  the  inquiry,  whether  it  be 
not  possible  to  introduce  other  notes  in  this  interval.  The 
study  of  the  harmonic  series  here  offers  a  good  precedent. 
In  fact  we  have  seen  that  the  ratios  1:2,  1:3,  1:4, 
&c.,  are  consonant.     It  may  then  be  asked,  if  the  ratios 
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which  result  from  taking  another  note  of  the  harmonic 
series  as  a  point  of  departure — such  as  2:3,  2:4,  3:4 
— are  not  also  consonant ;  which  signifies,  in  other  terms, 
that  the  notes  of  the  harmonic  series  are  consonant  not 
only  with  the  fundamental  note,  but  also  with  each  other. 
This  question  may  be  approaclied  in  a  different  way. 
Given  that  the  interval  between  1  and  2  can  or  ought  to 
be  filled  up  with  other  notes,  it  may  be  asked,  what  will 
be  the  notes  which  will  present  the  simplest  possible 
ratios  ?  It  is  evident  that  these  notes  will  be  expressed 
by  the  figures  IJ,  IJ,  If,  IJ,  If,  &c.,  or  by  the  ratios  |,  J, 

5      5      7      i^p 

The  simplest  note  is  that  of  |,  which  corresponds  to  the 
ratio  2:3.  It  signifies  that  the  new  note  makes  three 
vibrations  in  the  same  time  in  which  the  fundamental 
note  makes  two,  and  represents  also  the  harmony  of  the 
second  and  third  harmonic.  This  ratio  was  recognised  as 
consonant  even  by  the  ancient  Greeks,  who  made  it  with 
scientific  exaggeration  the  starting-point  of  their  music 
and  of  the  formation  of  the  musical  scale. 

It    is   the   harmony   of  the  fifth.      If    the    harmony 

2  :  3  be  taken,  its  resultant  note  is  1  —  that  is  to  say, 
the  octave  below  the  fundamental  note,  seeing  that  this  is 
equal  to  two.  This  resultant  note  contributes  considerably 
to  the  improvement  of  the  harmony  of  the  fifth. 

Another  simple  ratio  is  |,  which  may  also  be  written 

3  :  4.  This  ratio  was  also  known  to  and  admitted  by  the 
ancient  Greeks.     It  is  to  a  certain  extent  a  consequence 
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of  the  fifth,  and  can  be  derived  from  it ;  for  if  the  funda- 
mental note  be  1,  the  fiftli  below  it  is  evidently  |,  and  its 
octave  is  obtained  by  doubling  its  value,  hence  we  have 
-*.  This  ratio  is  called  in  music  the  fourth,  whence  the 
fourth  is  tke  octave  of  the  fifth  below  the  fundamental 
note.  In  the  liarmonic  series  it  represents  the  harmony 
of  the  third  and  fourth  harmonic.  Writing  down  the 
ratio  3  :  4,  it  is  seen  that  the  resultant  note  is  1,  which 
does  not  correspond  to  any  lower  octave  of  the  fundamental 
note,  but  is  instead  the  second  octave  below  the  note  4 — 
that  is  to  say,  of  the  fourth  itself.  The  harmony  of  the 
fundamental  note  with  the  fourth  presents,  then,  this  some- 
what strange  character,  that  the  resultant  note,  which 
arises  from  it,  does  not  reinforce  the  fundamental  note, 
Init  the  fourth,  and  makes  it  to  a  certain  extent  more 
important  than  the  fundamental  note. 

Another  fairly  simple  ratio  is  that  expressed  by  |- ;  it 
corresponds  to  the  major  sixth  in  music.  This  ratio  was 
unknown  to  the  Greeks ;  it  is,  in  fact,  more  complicated 
than  the  preceding,  and  it  was  some  time  before  it  w^as 
adopted.  Indeed  it  presents  this  hitherto  new  character, 
that  the  resultant  note  reinforces  neither  the  one  or  the 
other  of  the  two  notes,  but  is  an  altogether  new  note. 
Writing  the  ratio  3  :  5,  the  resultant  note  is  2,  which  is 
the  fifth  below  the  fundamental  note  3. 

Another  important  ratio  is  that  furnished  by  the  fourtli 
and  fifth  harmonics,  and  expressed  by  f  or  4:5;  it  is 
called  the  major  third.     Written  in  the  second  manner,  it 
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gives  as  a  resultant  note  1 — that  is  to  say,  the  second 
octave  below  the  fundamental  note  4.  It  is  a  very  im- 
portant ratio,  which  was  unknown  to  the  ancient  Greeks,  and 
was  introduced  into  modern  music  in  the  fifteenth  and  six- 
teenth centuries.  The  Greeks  had  in  its  stead  the  not  widely 
different,  but  obviously  dissonant  harmony,  fj,  formed 
from  the  fundamental  note  1  by  four  successive  fifths. 

1      3      3v^—  S'iv3v'5   —  27 
■•■J    2'    2    -^    2  4?   2    '^-  2    '^    2    —     8 

2    /^    2    •^    2    '^   2    '■■   16 

This  note,  lowered  by  two  octaves  in  order  to  bring  it 
near  to  the  note  1,  and  to  keep  it  in  the  same  octave, 
becomes  f|,  which  is  precisely  the  Greek  third,  also  called 
the  Pythagorean  third,  from  the  name  of  its  inventor. 

It  may  be  said  without  exaggeration  that  the  substitu- 
tion for  it  of  the  consonant  and  harmonic  third  |,  con- 
stitutes the  most  remarkable  and  most  decisive  progress  of 
our  scale  as  compared  with  that  of  the  Greeks.  The  third 
I  also  comes  into  the  category  of  consonant  harmonies 
through  the  consideration  that  its  resultant  note  being  the 
second  octave  below,  reinforces  the  fundamental  note. 
Another  harmony,  which  was  introduced  into  music,  is 
the  minor  third.  It  is  expressed  by  the  ratio  ,  or  also 
5:6.  It  was  only  adopted  in  the  seventeenth  century 
with  many  reservations,  together  with  the  harmony  of  the 
sixth,  from  which  it  can  be  easily  derived.  In  fact,  it  is 
only  the  octave  of  the  sixth  inverted.  As  late  as  the  middle 
of  the  last  century,  even  in  the  compositions  of  Mozart, 
this    harmony   was   considered    as  imperfect,    and    was 
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avoided  as  far  as  possible  as  the  final  chord  of  a  piece. 
The  resultant  note  is  very  low,  and  does  not  reinforce 
either  of  the  notes  of  the  harmony.  Writing  it 
5  :  G,  the  resultant  note  is  1,  and  is  in  respect  to  the 
note  6  of  the  harmony  the  second  octave  below  its  fifth. 
This  note  is  very  low,  and  not  dissonant  with  the  notes 
0  and  6.  But  in  the  further  combinations  to  which  the 
harmony  of  the  minor  third  becomes  subjected,  the  result- 
ant note,  as  will  be  seen  later  on,  becomes  obviously 
dissonant. 

There  is  one  other  harmony,  which  is  now  considered 
consonant,  although  imperfectly  so — that  of  the  minor 
sixth  I,  or  also  5:8.  It  was  the  last  with  that  of  the 
minor  third  to  be  adopted.  The  resultant  note  is  3 — 
that  is  to  say,  the  major  sixth  below  the  fundamental 
note  5 — a  new  note  which  is  not  dissonant  in  itself,  but 
which  becomes  so  in  the  fuller  chords  to  which  the  minor 
sixth  gives  rise. 

10.  This  harmony  of  the  minor  sixth  is  evidently  on  the 
limit  of  dissonant  notes.  It  may,  however,  be  asked,  if  it 
would  not  be  possible  to  push  on  farther  in  this  direction, 
so  as  to  enrich  music  with  other  fairly  consonant  harmonies. 
This  is  a  question  of  high  musical  art,  one  which  has  latterly 
been  much  discussed,  and  one  which  would  merit  even 
deeper  study.  It  is,  however,  perhaps  too  delicate  a  question 
to  be  touched  on  here.  To  treat  it  properly  it  would  be 
necessary  to  enter  into  a  series  of  most  minute  details, 
and  to  consider  the  harmonies  in  their  relations  to  three 
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or  four  different  notes.  Such  an  investigation  would  go 
far  beyond  the  limits  of  this  treatise.  It  may,  however, 
be  observed  that,  in  order  to  enlarge  the  field  of  music 
in  this  direction,  it  would  be  proper  to  have  recourse  to 
the  seventh  harmonic,  and  to  consider  the  ratios  I,  |-,  -J,  f, 
&c.,  in  which  the  seventh  harmonic  has  a  decisive  impor- 
tance. Some  of  these  ratios — as  J,  J,  | — are  undoubtedly 
dissonant  to  our  ears.  Their  resultant  notes  are  so  also, 
or  are  at  great  intervals,  and  therefore  insignificant,  and  I 
do  not  believe  that  future  generations  will  ever  be  taught 
to  think  otherwise.  The  same  cannot  be  said  a  priori 
of  the  harmony  I.  But  it  is  a  strange  phenomenon  to 
observe  how  the  seventh  harmonic  can  be  entirely 
banished  from  music  even  as  a  dissonant  note,  notwith- 
standing that  much  more  complicated,  and  therefore 
much  more  dissonant,  ratios  are  adopted,  as,  for  ex- 
ample, I,  V,  &c.,  of  which  we  shall  speak  hereafter.  To 
an  ear  accustomed  to  our  music,  as  it  is,  the  seventh 
harmonic  may  appear  like  an  unpleasant  note;  but  an 
unprejudiced  examination,  according  to  the  opinion  of 
some — an  opinion  with  which  I  entirely  agree — shows 
that  it  is  rather  strange  than  unpleasant;  that  in 
certain  special  cases  it  affords  very  good  discords  and 
passing  chords,  and  that  the  strangeness  arises  rather  from 
our  w^ant  of  familiarity  with  it  than  from  its  inherent 
nature. 

It  need  not,  however,  be  a  matter  of  surprise  that  this 
note  should  be  thus  banished  from  practical  music.     The 
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reason  is,  scientifically  speaking,  that  the  number  7  is  not 
sufficiently  small  for  a  consonant  harmony,  and  that  being 
great,  it  has  tlie  fault  of  being  a  prime  number.  Since,  even 
in  discords,  it  is  of  the  greatest  importance  not  to  make 
too  much  use  of  such  numbers,  numbers  greater  than  7, 
but  divisible  by  2,  3,  4,  or  5,  have  a  great  numerical 
advantage  over  it.'^  And  this  is  the  true  and  principal 
reason  why  no  use  is  made  of  it  in  music. 

Without  wishing  to  push  too  far  forward,  and  to  pro- 
phesy what  will  happen  in  the  future,  it  may  be  observed 
that  the  systematic  introduction  of  the  seventh  harmonic 
into  music  would  produce  in  it  a  very  deep  and  almost 
incalculable  revolution — a  revolution  which  does  not  seem 
justifiable,  because  for  our  magnificent  musical  system 
another  would  be  substituted,  perhaps  as  magnificent,  but 
certainly  not  better,  and  probably  worse,  and  at  any  rate 
more  artificial.  This  does  not,  however,  exclude  the  pos- 
sibility that  a  secondary  part  in  the  musical  system  will 
hereafter  be  assigned  to  the  seventh  harmonic.  To  certain 
chords — for  example,  the  chord  of  the  diminished  seventh 
— and  discords  it  is  well  suited,  and  may  sometimes  be 
substituted  with  advantage  for  some  in  present  use. 

However  this  may  be,  it  is  certain  that  for  us  the 
seventh  harmonic  represents  the  great  line  of  demarcation 
between  consonant  harmonies  and  discords.     Below  it  is 

*  Euler  had  remarked  the  importance  of  the  numbers  2,  3,  and  5, 
and  established  upon  them  a  rule  for  the  development  of  our  musical 

system. 
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consonance,  and  above  it  dissonance,  and  between  tliese 
is  a  great  hiatus.  We  have  thus  the  following  harmonies 
in  the  interval  of  one  octave : — 

Perfectly  consonant     .  .  ,         |.         ^ 

Consonant       .  .  .  .         |.         J 

Imperfectly  consonant  .  .         |-         -J 

Hiatus  formed  by  the  seventh  harmonic. 
Dissonant       .  .  .  .         -I 


\&c. 


This  demonstration  may  be  terminated  by  represent- 
ing in  musical  notation  the  harmonies  examined  above, 
with  the  resultant  notes  of  the  first  order  which  arise 
from  them.  The  harmonies  will  be  found  on  the  upper 
line,  in  the  treble  clef;  the  resultant  notes  on  the  lower 
line,  in  the  bass  clef. 

This  mode  of  illustration  will  serve  to  make  what  has 
been  explained  above  more  clear. 


mm.         mm, 
6tli.  eth. 
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CHAPTEE   VI. 

1.  Helmuoltz's  double  siren — 2.  Application  of  the  law  of  simple 
ratio  to  three  or  more  notes — 3.  perfect  major  and  minor 

CHORDS,  THEIR  NATURE — 4.    ThEIR  INVERSION. 

1.  The  laws  explained  iu  the  preceding  chapter  can  be 
demonstrated  by  means  of  the  siren  constructed  by 
Helmholtz,  which  is  called  the  double  siren  (fig.  28). 
It  is  composed  of  two  complete  sirens,  a^,  a^,  placed 
one  over  the  other,  so  that  their  revolving  discs  face  each 
other.  These  are  attached  to  the  same  arbor  h,  and  there- 
fore turn  together  with  the  same  velocity.  In  the  middle 
of  this  arbor  is  the  counter  (not  represented  in  the  figure), 
which  is  intended  to  measure  the  number  of  turns  when 
absolute  measurement  is  required.  Each  disc  carries  four 
concentric  circles  of  holes,  according  to  an  idea  already 
realised  by  Dove  ;  and  by  means  of  four  buttons  i  any  one 
of  the  circles  of  holes,  or  all  simultaneously,  can  be  set  in 
action.  There  are  thus  eight  notes,  which  can  be  pro- 
duced at  will,  at  the  disposition  of  the  experimenter. 

A  strong  current  of  air,  which  can  be  caused  to  enter 
either  siren  at  Qq  or  ^j,  produces,  as  in  the  simple  siren, 
the  rotation  of  the  discs  and  the  formation  of  the 
notes. 


Vip.  2^. 
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In  the  upper  disc  tlie  circles  have  successively  9,  12, 
15,  16,  in  the  lower  disc,  8,  10,  12,  18  holes.  There  are 
thus  many  possible  combinations  of  notes,  the  vibrations 
of  which  have  simple  ratios  to  each  other. 

The  revolving  discs  are  covered  by  cylindrical  boxes 
^0.  K>  h,  hy  which  serve  to  reinforce  the  notes  pro- 
duced, and  to  make  them  clearer. 

For  the  study  of  beats  there  is  an  arrangement  by 
which  these  ratios  can  be  slightly  altered.  In  fact,  the 
box  of  the  upper  siren  can  be  turned  independently  of  the 
rotatory  movement  of  the  discs.  This  is  attained  by  means 
of  a  handle  d,  which  turns  the  toothed  wheel  e,  which 
gears  into  one  on  the  upper  siren,  and  is  so  arranged  that 
for  each  three  turns  there  is  one  complete  revolution  of 
the  siren  itself.  Under  the  handle  is  a  graduated  circle 
divided  into  sixteenths,  whence  each  division  corresponds 
to  jQ  of  a  complete  turn  of  the  siren.  So  when  the  siren 
is  turned,  it  follows  the  holes  in  the  revolving  disc,  or 
moves  in  a  contrary  direction  to  them,  according  to  the 
direction  of  the  rotation. 

The  effect  in  the  first  case  is  to  somewhat  lower  the 
note,  in  the  second  to  raise  it.  The  reason  of  this  is,  that 
the  note  depends  on  the  number  of  puffs  of  air  which  are 
produced  each  time  that  the  holes  of  the  revolving  disc 
coincide  with  the  holes  of  the  siren;  these  puffs  mil 
be  more  or  fewer  in  number,  according  as  the  siren  is 
caused  to  move  in  a  direction  contrary  to,  or  the  same 
as  that  of  the  revolving  disc.     Very  varied  experiments 
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may  be  made  by  means  of  this  double  siren.  The  most 
important  and  the  most  interesting  of  them  may  now 
be  described.  If  the  twelve  holes  of  both  upper  and 
lower  siren  be  set  in  action,  two  identical  notes  are 
obtained.  Their  effects  are  added  together,  and  they 
therefore  give  a  reinforced  note,  when  the  two  sirens 
are  so  placed  that  the  puffs  of  air  from  both  are  made 
at  the  same  instant. 

But,  on  the  other  hand,  they  enfeeble  each  other  when 
the  two  sirens  are  so  placed  that  their  puffs  are  alter- 
nate. If  the  handle  d  be  slowly  and  regularly  turned, 
the  notes  sometimes  strengthen,  sometimes  weaken 
each  other ;  beats  are  thus  obtained,  the  number  of  which 
per  second  corresponds  to  the  difference  of  the  number 
of  vibrations  per  second  of  the  two  notes  produced  by  the 
sirens. 

If  the  twelve  holes  of  the  two  discs  be  kept  in  action, 
and  the  blower  be  more  loaded,  the  siren  will  turn 
quicker,  and  the  two  notes  will  rise  in  pitch  but  will 
still  remain  in  unison,  which  demonstrates  that  unison 
is  independent  of  the  absolute  number  of  vibrations 
per  second. 

But  if  the  eight  and  sixteen  holes  be  set  in  action,  a 
note  and  its  octave  is  obtained,  since  the  vibrations  in  any 
given  time  are  as  1  to  2.  The  octave  is  quite  perfect, 
and  remains  so,  however  much  the  velocity  of  rotation  of 
the  discs  may  be  altered  by  loading  the  blower.  The 
notes  change,  but  their  ratio  remains  the  same.    Whatever, 
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then,  may  be  the  fundamental  note,  the  octave  always 
makes  double  the  number  of  vibrations  in  a  second.  If  it 
be  desired  to  produce  beats,  the  upper  siren  has  but  to  be 
turned.  The  phenomenon  which  results  is  easy  to  foresee 
and  to  explain. 

The  ratio  of  the  fifth  can  be  produced  in  different  ways 
by  combining  the  numbers  8  and  12,  10  and  15,  or  12  and 
18,  since  in  each  case  there  is  the  ratio  2  :  3.  The  ratio 
of  the  fourth  is  obtained  by  the  holes  9  and  12, 12  and  16 ; 
that  of  the  major  third  by  8  and  10,  12  and  15,  since  they 
have  the  ratio  4:5. 

The  major  and  minor  sixth  are  obtained  by  the  combina- 
tions 9  and  15,  and  10  and  16. 

Lastly,  the  ratio  of  the  minor  third  is  obtained  by  the 
holes  10  and  12,  15  and  18. 

There  are  many  other  combinations  possible,  but  these 
examples  are  enough  for  the  present  purpose.  The 
harmonies  obtained  by  this  means  are  mathematically 
correct,  and  therefore  preferable  to  those  obtained  by  other 
instruments.  Experiments  made  with  this  instrument 
show  clearly  that  the  absolute  number  of  vibrations  per 
second  has  no  influence  on  the  harmonies,  because  the 
ratios  always  remain  the  same ;  since  in  this  instrument 
the  ratios  are  fixed  by  the  number  of  holes  in  action,  whilst 
the  absolute  number  of  vibrations  per  second  depends  on 
the  velocity  of  rotation  of  the  revolving  discs,  which  can 
be  controlled  at  will.  The  fundamental  note,  then,  may 
be  any  note  whatever ;   but  when  once  a  note  has  been 
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decided  on  for  this  office,  the  number  of  vibrations  per 
second  of  all  the  others  is  fixed  by  the  ratios  pointed  out 
above. 

Eesultant  notes  also  can  be  studied  by  means  of  this 
instrument.  The  laws  are  thus  arrived  at,  which  were 
set  forth  in  the  last  chapter,  by  which  the  resultant  note 
of  a  combination  of  any  two  notes  was  defined  as  a  true 
difference  note. 

2.  We  must  now  treat  of  another  question  which  is 
intimately  connected  with  that  just  studied.  As  yet  only 
the  case  of  the  combination  of  two  notes  has  been  con- 
sidered, and  the  conditions  under  which  they  give  a  con- 
sonant chord.  But  the  question  may  be  generalised.  It  may 
be  asked.  Can  three,  four,  or  more  notes  be  so  combined  as 
to  produce  a  consonant  chord  ?  In  this  case  the  following 
rule  holds  good,  which  is  nothing  more  than  the  generalisa- 
tion of  that  explained  and  illustrated  in  the  last  chapter : 
In  order  that  a  chord,  produced  by  three  or  more  notes,  may 
he  consonant,  it  is  necessary  that  the  different  notes  that  com- 
vose  it  hear,  in  respect  of  the  number  per  second  of  their  vibra- 
tions, simple  ratios  not  only  to  the  fundamental  note  hut 
also  to  each  other.  This  rule  shows  that  in  order  to 
produce  a  consonant  chord,  it  is  not  enough  to  take  the 
most  simple  ratios  of  octave,  fifth,  fourth,  &c.,  but  it  is 
necessary  also  to  bear  in  mind  that  the  different  notes  that 
compose  it  must  bear  simple  ratios  to  each  other.  Thus, 
for  example,  a  chord  formed  by  the  fundamental  note,  its 
fourth,  fifth,  and   octave,  is   clearly  dissonant,  notwith- 
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standing  that  these  notes  are  represented  by  the  most 
simple  ratios  existing — 

1      4      r?      o 

^)     iJJ     2)     -'• 

The  reason  is  that  the  ratio  of  the  fourth  to  the  fifth  is 
too  complex,  and  therefore  dissonant.  In  fact,  this  ratio 
is  expressed  by  §,  which  ratio  is  not  comprised  amongst 
those  giving  consonant  harmonies. 

3.  In  this  respect  a  much  better  chord  is  obtained  by 
substituting  the  major  third  for  the  fourth,  notwithstanding 
the  fact  that  it  has  a  more  complex  ratio  with  the  funda- 
mental note.     We  thus  obtain  the  notes — 


1      5     3     o 

^>    T>     2>    ^f 


whose  ratios  are — 


5      6 


which  are  all  consonant. 

The  above  chord  is  the  most  consonant  that  exists  in 
music,  and  it  is  therefore  called  the  perfect  chord;  to 
which  is  also  added  the  word  major,  because  the  major 
third  forms  part  of  it,  and  to  distinguish  it  from  the 
perfect  minor  chord,  in  which  the  minor  third  is  substituted 
for  the  major  third. 

The  perfect  major  chord,  as  its  name  expresses,  is  the 
most  consonant  chord  that  can  be  imagined.  In  its  most 
simple  form  it  is  composed  of  the  fundamental  note,  major 
third  and  fifth,  and  it  is  usual  to  add  the  octave.  The  ratios 
of  these  notes  to  each  other  are  a  major  third,  a  minor 
third,  and  a  fourth.     The  resultant  notes  which  they  form 


PERFECT   MAJOR  AKD   MINOR   CHORDS.  103 

can  be  easily  determined.  In  fact,  writing  the  chord  in 
figures — 

15       3      2 

by  combining  each  note  with  all  the  others,  it  is  seen 
that  the  resultant  notes  are  the  following : — 

113     1 

4^       "^f       4:>       -"■• 

The  first  represents  the  second  octave  below  the  funda- 
mental note;  the  second,  the  first  octave  below  the 
same  note;  the  third,  the  octave  below  the  fifth;  and 
the  last,  the  fundamental  note  itself.  Therefore  the  re- 
sultant notes  reinforce  existing  notes,  more  especially  the 
fundamental  note,  which  contributes  greatly  to  giving  the 
chord  a  firm,  bold,  and  decided  character.  In  this  respect 
the  perfect  minor  chord  is  inferior  to  the  first,  although 
its  structure  is  not  very  different.  In  fact,  if  it  be  written 
in  the  following  manner : — 

I      6      3     9 

it  wiU  be  seen  tliat  the  ratios  of  the  successive  notes  to 
each  other  are — 

£    _5      4 

6'   4'    3> 

which  only  differ  from  those  of  the  major  chord  by  the 
order  in  which  they  follow  each  other.  The  ratios  of  the 
notes  in  the  perfect  major  chord  to  each  other  are  the 
intervals  of  a  major  third,  a  minor  third  and  a  fourth  • 
whilst  in  the  minor  chord  they  are  a  minor  third,  a  major 
third  and  a  fourth.  The  difference  is  very  smaU  in  itself, 
and  is  not  enough  to  explain  the  great  fundamental 
difference  that  exists  between  these  two  chords. 
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But  a  far  more  conclusive  explanation  is  found  by  means 
of  the  resultant  notes.  These  are  in  the  perfect  minor 
chord — 

S>     lTT>    2'     5)     ^' 

The  first  represents  the  major  third  below  the  second 
octave  below  the  fundamental  note,  and  is  a  new  note  in 
the  chord,  which  is  dissonant  with  the  fifth ;  the  second 
is  the  second  octave  below  the  minor  third ;  the  third  is 
the  octave  below  the  fundamental  note ;  the  fourth  is  the 
major  third  below  the  fundamental  note — that  is  to  say, 
the  second  octave  above  the  first  resultant  note — which 
thus  adds  to  the  existing  dissonance  of  the  chord ;  the  last 
finally  reinforces  the  fundamental  note. 

Whilst,  then,  all  the  resultant  notes  in  the  perfect  major 
chord  reinforce  the  existing  harmony,  certain  of  them  in 
the  minor  chord  tend  to  disturb  it.  If  these  resultant 
notes  were  stronger,  they  would  suffice  to  make  the  chord 
dissonant.  Even  as  it  is,  they  impart  to  it  a  disturbed 
and  undecided  character. 

These  two  perfect  chords,  the  major  and  the  minor, 
form  the  keystone  of  our  musical  system.  They  are  often 
met  with  in  compositions,  and  every  piece  of  music  must 
end  with  one  or  the  other. 

They  are,  in  truth,  the  fundamental  chords,  and  impart 
to  the  composition  its  special  character.  Pieces  founded 
on  the  perfect  major  chord  have  a  cheerful,  brisk,  bold, 
open  character,  and  are  therefore  well  adapted  for  the 
expression  of  such  conditions  of  the  mind.     On  the  other 
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hand,  those  founded  on  the  perfect  minor  chord  are  sad 
and  melancholy,  or  to  express  it  more  exactly,  are  dis- 
turbed and  undecided,  and  therefore  express  well  condi- 
tions of  the  mind  in  which  uncertainty  and  indecision 
play  the  greatest  part.  Thus  it  is  seen  that  theory  and 
practice  perfectly  agree  in  defining  these  two  fundamental 
chords.  It  may  he  added  that  the  history  of  music  also 
corroborates  these  views.  Whilst  the  perfect  major  chord 
has  been  accepted  from  the  very  birth  of  harmonised 
music  properly  so  called,  the  perfect  minor  chord  was 
considered  for  a  long  time  rather  as  a  slightly  dissonant 
passing  chord  than  as  a  fundamental  chord.  Up  to  the 
time  of  Sebastian  Bach  —  that  is,  up  to  the  middle  of 
the  last  century — there  were  those  who  would  hesitate 
to  conclude  a  piece  of  music  with  the  minor  chord,  even 
when  its  character  demanded  it.  In  Mozart  we  find  a 
certain  reluctance  to  use  it  as  a  closing  chord ;  his  pre- 
decessors willingly  omitted  the  minor  third,  which 
probably  did  not  sound  well  enough  to  them.  It 
may  almost  be  said  that  the  most  highly  gifted  musical 
natures  may  have,  as  it  were,  felt  beforehand  that  which 
tlieory  has  since  been  able  to  explain  in  a  simple  and 
conclusive  way.  To  make  this  more  clear  with  respect 
to  the  resultant  notes  cf  the  two  perfect  chords,  these 
notes  are  given  below,  written  in  the  musical  notation. 
On  the  first  line  are  the  two  chords,  on  the  second  the 
resultant  notes  of  the  first  order  which  they  generate. 
Those  of  the  first  order  only  are  considered,  because  those 
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of  higher  orders  are  only  heard  under  exceptional  circum- 
stances,  and  have  no  great  practical  importance. 


PERFECT  CHORD. 
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4.  The  perfect  chord  can,  however,  be  used  in  different 
ways.  Carrying  one  or  more  of  the  notes  an  octrive 
higher  or  lower  is  called  inverting  the  chord.  The  chord 
then  acquires  a  somewhat  different  character  from  that 
which  it  had  at  first,  and  the  resultant  notes  especially 
are  considerably  modified.  This  is  a  point  which  can  be 
only  indicated,  as  a  fuller  study  of  it  would  require  wider 
limits  than  those  of  this  treatise.  However,  it  may  be 
remarked  that  music  is  very  rich  in  this  respect,  and  that 
inverted  chords  constituted  the  principal  resource  of 
Palcstrina,  and  of  the  composers  of  his  school  and  time. 
Chords  which  in  a  given  position  have  consonant  resultant 
notes,  can  be  transformed  by  invertion  into  others  with 
more  or  less  dissonant  resultant  notes.  This  is  especially 
the  case  with  the  perfect  minor  chord,  in  which  the 
slight  existing  dissonance  can  be  considerably  reinforced 
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by  means  of  invertion,  and  can  be  transformed  into  a 
mucli  more  marked  dissonance.  Falestrina,  who  had  cer- 
tainly one  of  the  most  finely  gifted  musical  organisations, 
made  very  great  use  of  this  musical  process ;  and  it  is 
wonderful  to  see  how,  without  being  guided  by  theory, 
and  only  by  the  delicacy  of  his  ear,  he  has  been  able  to 
feel  and  to  appreciate  such  slight  differences.  In  his  music 
he  makes  but  very  little  use  of  true  dissonances,  but,  on 
the  other  hand,  much  use  of  those  secondary  dissonances 
which  are  ^Droduced  by  the  resultant  notes  by  means  of 
invertions  of  the  chords.  This  justifies  the  saying  of  a 
great  German  thinker,  who  called  Fcdestrina's  music, 
"  music  of  angels,  grieving  indeed  over  things  terrestrial, 
but  not  disturbing  themselves  on  that  account  in  their 
celestial  serenity."     As  an  example,  a  few  inverted  chords 


MAJOR  CHOr^D 


MIMOR  CHORD 


■1 (S*. 


[ZZJSi. 


':^^~m=^^^. 


-C^- 

\-i'. 


iHpa 


are  given  with  their  resultant  notes,  taking  the  simplest 
case  of  three  notes.  The  otlier  cases  are  too  complicated 
to  find  room  here. 

Besides   the   perfect   chords,   major  and  minor,   there 
are    also    other    simple    chords.      Amongst    these    may 
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be  mentioned  the  chord  formed  by  the  fundamental 
note,  fourth,  sixth,  and  octave,  and  that  of  the  funda- 
mental note  with  the  third,  sixth,  and  octave,  which  have 
characters  differing  somewhat  from  each  other,  and 
especially  when  they  are  compared  with  the  perfect  major 
or  minor  chord.  These  chords  can  be  studied  by  the 
same  rules  as  the  perfect  chords,  and  the  conclusion  is 
easily  arrived  at,  that  they  are  nothing  more  than  these 
last  suitably  inverted,  as  is  also  seen  by  the  example  in 
musical  notation  on  the  preceding  page. 


CHAPTER    VII. 

1.  Discords — 2  and  3.  The  natcue  of  music  and  musical  scales — 
4.  Ancient  music — 5.  Greek  scale — 6.  Scale  of  Pythagoras — 
7.  Its  decay — 8.  Ambrosian  and  Gregorian  chants — 9.  Poly- 
phonic music,  harmony,  the  Protestant  Reformation,  Palestrina 
— 10.  Change  of  the  musical  scale,  the  tonic,  and  fundamental 
chord — 11.  The  major  scale,  musical  intervals — 12.  The  minor 
SCALE — 13.  Key  and  transposition — 14  and  15.  Sharps  and  flats 
— 16.  The  temperate  scale,  its  inaccuracy — 17.  Desirability  of 
abandoning  it. 

1.  Up  to  this  point  only  the  case  of  consonant  chords  has 
been  considered ;  but  music  would  be  very  poor  if  it  were 
limited  to  these,  and  to  the  few  notes  that  compose  them. 
It  may  further  be  said  that  music  formed  only  of  conso- 
nant chords  would  be  extremely  monotonous  and  quite 
without  vigour ;  it  would  be  a  sort  of  lullaby  only  intended 
to  catch  the  ear  without  touching  the  mind,  and  without 
expressing .  anything. 

To  increase  their  resources,  and  to  acquire  greater 
vigour  and  strength  in  the  expression  of  their  ideas, 
musicians  have  been  obliged  to  have  recourse  to  dissonant 
notes  and  chords. 

Strictly  speaking,  much  greater  satisfaction  is  felt  when 
a  dissonant  chord  is  resolved  into  a  consonant  chord  than 
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when  nothing  but  consonant  chords  has  been  heard.  It 
is  the  force  of  contrast  which  produces  these  sensations 
in  us,  just  as  we  doubly  appreciate  a  calm  after  a  storm. 

This  is  exactly  the  idea  which  has  unconsciously  guided 
music  up  to  our  time.  Its  strength  lies  in  dissonances,  if 
they  do  not  last  too  long,  and  they  be  at  last  resolved  into 
consonant  chords. 

The  perfect  chord  being  the  most  consonant  of  all,  must 
necessarily  close  the  piece  of  music.  There  can  be  no 
absolute  rule  for  the  admission  of  dissonance,  and  for 
determining  the  limit  up  to  which  it  may  be  used.  AU 
this  depends  on  the  degree  of  musical  culture  and  on  habit. 
Discords  which  now  are  perfectly  permissible  would  have 
appeared  monstrosities  in  the  time  of  Palestrina.  On  the 
other  hand,  certain  notes  adopted  by  the  Greeks  at  a  period 
of  decline — as,  for  example,  quarter  tones — are  decisively 
rejected  by  us.  It  is  therefore  an  error  which  many 
commit,  to  think  that  music,  and  especially  modern  music, 
has  absolute  character  and  values,  and  therefore  to  reject 
every  musical  system  which  does  not  agree  with  ours. 
There  is  nothing  absolute  in  it  but  the  laws  of  notes  and 
their  combinations ;  but  the  application  of  these  laws  is 
rather  vague,  and  there  remains  a  very  wide  and  indeter- 
minate field,  which  will  be  traversed  in  very  different  ways 
by  different  nations  at  various  historical  epochs. 

2.  If  the  history  of  music  be  examined  with  attention, 
even  if  all  the  evidence  possible  concerning  the  music  of 
barbarous  nations  be  collected,  this  constant  phenomenon 
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-svill  be  found,  that  music  proceeds  by  notes  clearly 
separated  from  one  another.  Among  the  immense  number 
of  notes  adopted  for  musical  purposes,  there  are  only  a  few 
that  go  to  make  up  the  various  musical  systems.  A  style 
of  music  in  which  it  would  be  necessary  to  pass  from 
one  note  to  another,  through  all  the  intermediate  notes, 
would  become  almost  intolerable.  It  is  true  that  our 
singers,  and  violin  and  violoncello  players,  sometimes 
make  use  of  this  style  with  success.  But  the  slide  from 
one  note  to  another  is  only  tolerated  when  it  is  used 
sparingly;  and  it  always  remains  doubtful  whether  it 
would  not  be  better  to  forbear  from  it  entirely.  Music 
proceeds,  then,  by  musical  intervals,  precisely  as  a  man 
walks  with  separate,  firm,  and  decided  steps.  It  seems 
that  it  is  in  its  movement  by  intervals  and  by  rhythmic 
steps,  as  also  by  the  different  shades  of  piano  and  forte, 
crescendo  and  diminuendo,  accelerando  and  rcdlantando,  of 
legato  and  staccato,  which  constitute  musical  accent,  that 
the  secret  of  the  great  impression  which  music  makes 
upon  the  human  heart  resides.  It  has  thus  very  varied 
means  of  completely  adapting  itself  to  the  psychological 
movements  which  constitute  any  given  state  of  mind, 
because  it  is  to  be  observed  that  music  does  not  express 
determinate  sentiments;  however,  it  is  applicable  to 
certain  states  of  mind  from  which  a  special  sentiment  may 
arise.  That  this  is  the  case  is  easily  seen  from  instru- 
mental music;  the  determinate  sentiment  is  added  by 
means  of  words  united  with  music.     But  if  the  words 
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be  taken  away,  or  modified  in  meaning,  it  will  be  seen 
that  the  same  melody  and  the  same  music  may  be  adapted 
to  widely  different  sentiments. 

Music  is  certainly  the  least  material  of  all  the  fine  arts. 
There  is  no  question  in  it,  as  in  sculpture,  of  copying 
idealised  nature;  nor,  as  in  painting,  of  uniting  to  the 
study  of  nature  the  geometrical  idea  of  perspective,  and 
the  optical  idea  of  colours  and  their  contrasts.  Even 
architecture  has  a  larger  basis  in  nature  itself  The 
trunks  of  trees  and  their  branches,  the  grotto,  the  cavern, 
have  suggested  to  the  architect  the  first  principles  of  his 
art,  dictated  to  him  by  the  wants  of  man  and  the  condi- 
tions of  the  strength  of  materials  ;  but  in  music  nature 
offers  scarcely  anything.  It  is  true  that  it  abounds  in 
musical  sounds,  but  the  idea  of  musical  interval  is  but 
little  suggested  by  the  song  of  birds,  and  the  idea  of 
simple  ratios  is  almost  entirely  wanting,  and  without 
these  two  ideas  no  music  can  exist.  Man  has  therefore 
been  obliged  to  create  for  himself  his  own  instrument, 
and  this  is  the  reason  why  music  has  attained  its  full 
development  so  much  later  than  its  sister  arts.  Music 
resembles  architecture  more  than  any  other  art,  as  in  it 
also  numerical  relations  are  considered.  In  fact,  the 
height  and  width  of  a  building  or  of  a  room,  the  height 
and  width  of  windows,  the  thickness  and  height  of 
columns — in  a  word,  all  dimensions  are  linked  together 
by  numerical  relation.  But  these  are  only  approximate 
relations  which  allow   of  a  certain   amount  of  freedom. 
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whilst  in  music  the  relations  must  be  exact,  and  nature 
revenges  itself  by  beats  whenever  this  fundamental  law  is 
departed  from,  however  slightly. 

3.  In  the  music  of  all  nations  two  unfailing  characters 
are  found,  rhythmic  movement  and  procedure  by  deter- 
minate intervals.  The  first  appertains  also  to  the  speech 
and  other  acts  of  man,  as  walking,  swimming,  dancing, 
&c. ;  the  second  belongs  exclusively  to  music. 

All  nations  have  selected  notes  to  be  used,  have  col- 
lected together  those  intended  to  be  together,  and  have 
thus  created  one  or  more  musical  scales. 

By  musical  scale  is  meant  the  collection  of  aU  the  notes, 
comprised  between  the  fundamental  note  and  its  octave, 
which  succeed  each  other,  and  are  intended  to  succeed 
each  other,  with  a  certain  pre-estabHshed  regularity.  The 
study  of  the  musical  scale  gives  one  of  the  most  important 
and  concise  means  of  judging  of  the  musical  state  of  a 
nation.  The  examination  of  the  musical  scale  is  then 
of  the  greatest  assistance,  and  for  this  reason  a  few  hints 
will  here  be  given  on  the  most  important  musical  systems 
that  history  has  noticed  up  to  the  present  time. 

It  seems  strange  that  a  few  notes  put  together  in  a 
musical  scale  should  be  able  to  acquire  a  true  importance 
in  the  study  of  music.  If  it  were  a  question  of  an  as- 
semblage of  notes  made  at  hazard  or  capriciously,  the 
matter  would  be  of  no  importance ;  but  the  musical 
scale  is  always  the  product  of  the  musical  activity  of 
many  centuries.     It  is  not  established  before  music,  but 
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is  developed  with  it.  A  very  perfect  form  of  music 
must  have  a  very  perfect  scale ;  an  imperfect  and  primi- 
tive form  of  music,  on  the  other  hand,  will  have  a  scale 
of  little  value. 

In  this  respect,  also,  the  comparison  with  archi- 
tecture holds  good.*  In  Greek  architecture,  the 
distances  between  column  and  column,  and  wall 
and  wall,  were  small ;  the  roofs  were  flat.  Everything 
therefore  was  reducible  to  vertical  and  horizontal  lines, 
and  it  is  this  great  simplicity  that  constitutes  one  of 
the  most  beautiful  characteristics  of  this  form  of  archi- 
tecture. The  ancient  Etruscans  invented  the  arch,  which 
allows  of  greater  dimensions  without  impairing  stability, 
and  from  which  comes  the  vaulted  roof,  and  as  a  more 
magnificent  form  of  this,  the  dome. 

The  Eoman  architecture  is  founded  on  this  new^  dis- 
covery. But  the  semicircular  arch  becomes  unstable  when 
of  large  dimensions;  it  is  found  that  the  pointed  arch 
answers  the  purpose  better  in  certain  cases.  It  allows  of 
and  demands  greater  height  in  the  buildings,  and  is 
accompanied  by  an  admirable  development  of  details 
which  are  perfectly  adapted  to  it,  and  it  is  thus  that 
the  Gothic  style  in  all  its  immense  vaiiety  was  developed. 
Thus  a  simple  consideration  of  stability  and  strength  has 
caused  different  nations  to  find  different  solutions,  and 
from  three  simple  primitive  forms,  three  magnificent  styles 
of  architecture  have  been   developed,  which  differ  from 

*  Helmholtz,  Oj).  cit. 
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each  other  so  much  that  it  would  almost  be  thought  that 
they  had  nothing  in  common. 

4.  Primitive  music  is  as  ancient  as  history  itself.  From 
the  high  plains  of  Asia,  where  many  ancient  historical 
traces  of  it  are  found,  it  followed  man  in  his  wanderings 
through  China,  India,  and  Egypt.  One  of  the  most  ancient 
hooks,  the  Bible,  speaks  of  music  often  and  from  its 
earliest  pages.* 

David  and  Solomon  were  very  musical.  They  composed 
psalms  full  of  inspiration,  and  evidently  intended  to  be 
sung.  To  the  latter  is  due  the  magnificent  organisation  of 
the  singing  in  the  temple  at  Jerusalem.  He  founded  a 
school  for  singers,  and  a  considerable  band,  which  at  last 
reached  the  number  of  four  thousand  trumpeters,  the 
principal  instruments  being  the  harp,  the  cithern,  the 
trumpet,  and  the  drum. 

The  history  of  the  development  of  Greek  music  has  a 
more  important  bearing  on  the  question  now  under  con- 
sideration. It  is  incontestably  established  that  the  Greeks 
had  no  true  principle  of  harmony  even  in  their  most  pros- 
perous times.  The  only  thing  that  they  did  in  this  re- 
spect was  to  accompany  in  octaves  when  men  and  boys 
executed  the  same  melody. 

Thus  their  instrumentation  only  served  to  reinforce  the 

*  [At  Genesis  iv.  21,  speaking  of  the  generations  of  Cain,  it  says  : 
"And  his  brother's  name  was  Jubal.  He  was  the  father  of  all  such  as 
handle  the  harp  and  organ."  These  words  do  not  prove  in  the  least 
that  the  organ  was  in  existence  at  that  time,  but  they  are  certainly 
characteristic] 
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voice  part,  whether  it  were  played  in  unison  or  in  octaves, 
or  whether  more  or  less  complicated  variations  were  exe- 
cuted between  one  verse  and  another,  or  even  between  the 
parts  of  a  verse.  With  them  music  was  an  auxiliary  art, 
intended  to  increase,  by  idealising  it,  the  effect  of  words. 

The  development  of  their  music  must  be  regarded  only 
from  this  point  of  view,  and  in  this  respect  it  must  be 
admitted  that  they  arrived  at  a  considerable  degree  of 
perfection,  notwithstanding  the  truly  primitive  form  under 
which  it  appears  at  the  present  time.  It  was,  in  fact,  a 
sort  of  lofty  declamation,  with  more  variable  rhythm  and 
more  frequent  and  more  pronounced  modulation  than 
ordinary  declamation.  This  music  was  much  enjoyed  by 
the  Greeks,  and  when  it  is  considered  that  the  Greeks 
were  the  most  artistic  and  most  creative  nation  that  has 
ever  existed,  it  becomes  necessary  to  look  with  care  for 
the  refinements  which  their  music  must,  and  in  fact  does 
contain. 

5.  The  Greek  musical  scale  w^as  developed  by  successive 
fifths.  Eaising  a  note  to  its  fifth  signifies,  as  has  been 
seen  in  the  fifth  chapter,  multiplying  its  number  of  vibra- 
tions per  second  by  f.  This  principle  was  rigorously 
maintained  by  the  Greeks ;  rigorously,  because  the  fourth, 
of  which  they  made  use  from  the  very  beginning,  is 
only  the  fifth  below  the  fundamental  note  raised  an 
octave.  To  make  the  tracing  out  of  these  musical  ideas 
clearer,  recourse  will  be  had  to  our  modern  nomenclature, 
making  the   supposition   that   our   scale,  which  will  be 
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studied  later  on  in  its  details,  is  already  known  to  the 
reader ;  calling  the  fundamental  note  c,  and  the  successive 
notes  of  our  scale  d,  e,  f,  g,  a,  h,  e,  with  the  terms  sharps 
and  flats  for  the  intermediate  notes,  as  is  done  in  our 
modern  music.  In  this  scale  the  first  note,  the  c,  repre- 
sents the  fundamental  note,  the  others  are  successively 
the  second,  the  third,  the  fourth,  the  fifth,  the  sixth,  the 
seventh,  and  the  octave,  according  to  the  position  which 
they  occupy  in  the  musical  scale. 

If  the  c  he  taken  as  a  point  of  departure,  its  fifth  is  g, 
and  its  fifth  helow  is  /.  If  this  last  note  be  raised  an 
octave,  so  as  to  bring  it  nearer  to  the  other  notes,  and  if 
the  octave  of  c  be  also  added,  the  following  four  notes  are 
obtained : — 

whose  musical  ratios  are — 

J-,  3,  0-,  ^. 

These  four  notes,  according  to  an  ancient  tradition,  con- 
stituted the  celebrated  lyre  of  Orpheus.  Musically  speaking, 
it  is  certainly  very  poor,  but  the  observation  is  interesting, 
that  it  contains  the  most  important  musical  intervals  of 
declamation.  In  fact,  when  an  interrogation  is  made,  the 
voice  rises  a  fourth.  To  emphasise  a  word,  it  rises  another 
tone,  and  goes  to  the  fifth.  In  ending  a  story,  it  falls  a 
fifth,  &c.  Thus  it  may  be  understood  tliat  Orpheus'  lyre, 
notwithstanding  its  poverty^  was  well  suited  to  a  sort  of 
musical  declamation. 

Progress  by  fifths  up  and  down  can  be  further  continued. 
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The  fiftli  of  ^  is  d,  and  if  it  be  lowered  an  octave,  its  musical 

ratio  will  be  §.    The  fifth  below  /  is  V^,  whence  its  musical 

ratio  when  raised  an  octave  is   V.     We  have  then  the 

following  scale : — 

c,  d,  /,  (J,  hb,  c, 

whose  intervals  are — 

■■■>    ■«>    3;    2'     y  '    "'' 

which  is  nothing  more   than   a  succession  of  fifths,  all 
transposed  into  the  same  octave,  in  the  follo\\ing  way : — 
bb,/,  c,g,  d. 

This  is  the  ancient  Scotch  and  Chinese  scale,  in  which 
an  enormous  number  of  popular  songs  are  written, 
especially  those  of  Scotland  and  Ireland,  which  all  have  a 
peculiar  and  special  colouring. 

6.  But  the  scale  can  be  continued  further  by  successive 
fifths.  Omitting,  as  the  Greeks  did,  the  fifth  below  hh,  and 
adding  instead  three  successive  fifths  upwards,  we  shall 
have  a  as  the  fifth  of  d,  and  e  as  the  fifth  of  a;  and 
finally,  h  as  the  fifth  of  e. 

The  ratios  of  these  notes,  when  brought  into  the  same 
octave,  will  be — 

16'    6  4'    liJ8' 

whence  the  scale  will  be  the  following : — 

c,  d,  e,  /,  g,  a,  h,  c, 
with  the  ratios — 

1       0      8.1      4      3      27      243      o 

■*'    H'     6  4'    JT'    ti'     16'     li!8'    ^' 

The  first  and  the  second  of  the  last  three  fifths  men- 
tioned above,  tlie  a  and  the  c,  were  introduced  by  Ter- 
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pandro  ;  the  last,  tlie  h,  by  Pythagoras,  whence  the  Greek 
scale  still  bears  the  name  of  the  Pythagorean  scale.  It 
is  formed,  as  has  been  seen,  by  successive  fifths — that  is 
to  say,  with  the  fundamental  idea  of  simple  ratios. 

But  it  is  necessary  to  observe  that  the  execution  of  this 
idea  is  not  entirely  happy.  It  is  true  that  the  law  of 
formation  is  very  simple,  but  the  individual  notes  have, 
nevertheless,  an  origin  very  distant  from  the  fundamental 
note.  The  mode  of  formation  of  the  scale  was  well  suited 
for  tuning  the  strings  of  the  lyre,  and  this  seems  to  have 
been  one  of  the  principal  motives  for  adopting  this  mode 
of  formation ;  but  the  interval  between  any  two  notes  of 
the  scale  is  anything  but  simple.  It  may  thus  be  seen 
further  that  some  of  the  notes  bear  extremely  complex 
ratios  to  the  fundamental  note. 

This  is  especially  the  case  with  the  three  notes  last 
introduced  into  the  scale — that  is  to  say,  those  corre- 
sponding to  our  a,  e,  and  h — which  no  longer  bear  simple 
ratios  to  the  fundamental  note,  being  expressed  by  the 
fractions  i|,  -J J,  f||. 

The  last  would  not  be  a  matter  of  much  importance. 
The  h  can  only  be  considered  as  a  passing  note,  which 
by  its  open  dissonance  leads  up  to  the  c,  or  other 
consonant  note.  Its  being  more  or  less  dissonant  does  no 
harm,  and  may  in  certain  cases  be  pleasing.  But  that  the 
third  and  sixth  bear  complex  ratios  is  a  grave  defect,  and 
this  is  probably  the  principal  reason  why  the  Greek  music 
did  not  develop  harmony.      The  Pythagorean  third  and 
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sixtli  are  decidedly  dissonant,  and  witli  tlie  fourth  and 
fifth  alone  no  development  of  harmony  is  possible,  the 
more  so  that  the  interval  between  the  fourth  and  fifth  is 
rather  small,  and  therefore  dissonant. 

7.  The  Pythagorean  scale  held  almost  exclusive  sway 
in  Greece.  However,  in  the  last  centuries  before  the 
Christian  era — that  is  to  say,  during  the  period  of  Greek 
decline  in  politics  and  art — many  attempts  at  modifying 
it  are  found.  Thus,  for  example,  they  divided  the  interval 
between  the  notes  corresponding  to  our  c  and  d  into  two 
parts,  introducing  a  note  in  the  middle.  At  last  they 
went  so  far  as  to  again  divide  these  intervals  in  two,  thus 
introducing  the  quarter  tone,  which  we  look  upon  as  dis- 
cordant. Others  again  introduced  various  intervals,  founded 
for  the  most  part  rather  on  theoretical  speculations  than 
on  artistic  sentiment. 

All  these  attempts  have  left  no  trace  behind  them,  and 
therefore  are  of  no  importance.  But  the  Pythagorean 
scale  passed  from  Greece  to  Italy,  where  it  held  sovereign 
sway  up  to  the  sixteenth  century,  at  which  epoch  began 
its  slow  and  successive  transformation  into  our  two 
musical  scales. 

It  ought  to  be  added  that  the  Greeks,  in  order  to 
increase  the  musical  resources  of  their  scale,  also  formed 
from  it  several  different  scales,  which  are  distinguished 
from  the  first  only  by  the  point  of  departure. 

The  law  of  formation  was  very  simple ;  in  fact,  suppose 
the  scale  written  as  foUows : — 
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c,  cl,  e,  f,  g,  a,  h,  c. 
Any  note  whatever  may  be  taken  as  a  starting-point,  and 
the  scale  may  be  written,  for  example,  thus — 

e,  f,  g,  a,  h,  c,  cl,  e; 
or — 

a,  h,  c,  d,  e,  f,  g,  a,  &c. 

It  is  evident  that  seven  scales  in  all  can  be  formed  in 
this  way,  which  were  not  all  used  by  the  Greeks  at 
different  epochs,  but  which  were  all  possible.  A  musical 
piece,  founded  on  one  or  other  of  them,  must  evidently 
have  had  a  distinctive  character ;  and  it  is  in  this  respect, 
in  the  blendings  of  shades,  that  Greek  melody  must  be 
considered  as  more  rich  than  ours,  which  is  subject  to  far 
more  rigid  rules. 

8.  The  different  Greek  scales  underwent  much  dis- 
turbance in  Italy.  Amhrose,  Bishop  of  Milan,  and 
later.  Pope  Gregory  the  Great,  had  the  merit  of  re-estab- 
lishing the  first  four;  and  the  second,  the  rest  of  the 
Greek  scales.  Thus  ecclesiastical  music  [the  Ambrosian 
and  Gregorian  chants]  acquired  a  clearer  and  more  elevated 
character.  It  was  a  recitative  on  a  long-sustained  or 
short  note,  according  to  the  words  that  accompanied  it, 
music  for  a  single  voice,  which  is  still  partially  retained, 
and  w^hich  may  be  said  to  differ  from  the  Greek  music 
only  by  the  purpose  for  which  it  is  intended. 

9.  In  the  tenth  and  eleventh  centuries  an  attempt 
was  begun,  especially  in  Flanders,  at  polyphonic  music — 
that  is  to  say,  at  music  for  several  voices.     It  consisted  in 
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combining  together  two  different  melodies,  so  as  not  to 
produce  discord.  This  sort  of  music  also  advanced  rapidly 
in  Italy.  In  the  time  of  Guido  cVArezzo,  the  celebrated 
inventor  of  musical  notation,  such  pieces  were  composed, 
in  wliich  frequent  use  was  made  of  successive  fifths — a 
thing  most  displeasing  to  the  ear,  and  which  we  now  look 
upon  as  a  serious  mistake  in  nmsic.  By  the  impulse 
of  Josquino  and  Orlando  Tasso,  the  last  and  perhaps  the 
most  important  composer  of  that  school,  polyphonic  music 
was  developed  in  a  surprising  manner.  Three,  four,  and 
more  melodies  were  combined  together  in  a  most  compli- 
cated fashion,  in  which  the  art  of  combination  had  a  much 
more  considerable  part  than  artistic  inspiration — mere 
tours  de  force  without  any  musical  worth !  Such  music 
was  especially  cultivated  by  church  singers,  to  whom 
was  thus  given  a  means  of  displaying  their  own  ability. 
The  voices  were  interwoven  in  a  thousand  ways,  and 
the  only  restraint  on  the  composer  was  not  to  produce 
unpleasant  discords.  Luther's  great  Eeformation  put 
an  end  to  this  fictitious  and  artificial  style  of  music. 
Protestantism  rising  into  importance  at  that  time,  made 
it  a  necessity  that  church  singing  should  be  executed 
by  the  congregation,  and  not  by  a  special  class  of  singers. 
The  music  was  therefore  obliged  to  be  simplified  to  put  it 
within  the  power  of  all.  The  ground  was  already  prepared 
for  this.  The  Troubadours,  ]\iinstrels,  and  Minnesanger 
had  developed  primitive  and  simple  melody,  whence 
sprang   madrigals    and    popular   songs.       And    thus    for 
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polyphonic  music  another  form  was  substituted,  in  which 
the  different  voices  sustain  each  other. 

Harmony  properly  so  called  arose  from  these  simple 
and  sustained  chords,  and  from  the  easy  movement  of  the 
different  voice  parts. 

The  shock  of  the  German  movement  was  felt  even  in 
Italy,  where  musical  reform  was  initiated  in  a  truly  genial 
way  by  Palestrina,  partly,  indeed,  to  follow  the  deliberations 
of  the  Council  of  Trent.  Palestrina  abandoned  the  artificial 
method  in  use  up  to  that  time,  and  laid  the  most  stress  on 
simplicity  and  deeply-artistic  inspiration.  His  composi- 
tions ("Crux  fidelis,"  " Improperia,"  "Missa  papse  Mar- 
celli,"  &c.)  are,  and  always  will  be,  a  model  of  that  style. 

10.  But  so  radical  a  transformation  could  not  be  brought 
about  by  one  individual,  nor  in  a  short  time.  The  Pytha- 
gorean scale,  whicli  was  in  general  use  at  the  time,  was 
opposed  to  a  true  development  of  harmony,  and  the  more 
so  when  the  execution  of  the  music  was  intrusted  to 
human  voices  in  which  every  discord  becomes  doubly 
perceptible.  True  harmony  could  only  be  developed  by 
means  of  the  successive  transformations  of  the  musical 
scale  into  another,  in  which  the  ratios  of  the  notes  to  the 
fundamental  note,  and  to  each  other,  were  as  simple  as 
possible.  It  is  thus  that  the  different  Greek  scales  have 
been  transformed  by  degrees  into  our  two  modern  scales — 
that  is,  into  the  major  scale  and  the  minor  scale.  The  first 
was  more  easily  to  be  found,  but  the  second,  with  its  two 
variations  for  the  ascending  and  descending  movement,  is 
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not  found  completely  developed  until  the  seventeentt 
century,  when  music  had  attained  an  admirable  degree  of 
development,  and  when  there  were  magnificent  schools  of 
music  and  singing  in  the  principal  cities  of  Italy. 

Yet  another  idea  characterises  our  modern  music :  the 
idea  of  the  fundamental  note  and  chord.  This  idea  did 
not  exist  in  Greek  music,  althougli  certain  passages  of 
Aristotle  point  to  something  similar.  It  did  not  exist  in 
the  Ambrosian  chant,  but  began  to  be  developed  with 
polyphonic  music.  The  interlaced  singing  of  the  Middle 
Ages  demanded,  as  a  practical  condition,  tliat  the  different 
singers  should  frequently  return  to  one  note,  as  to  a  firm 
resting-place,  in  order  to  keep  together.  The  more  com- 
plicated the  harmony  was,  the  more  necessary  such  a 
resting-place  became.  It  is  thus  that  the  idea  of  the 
fwndomicntal  note  or  tonic  was  developed,  and  later,  the 
idea  of  the  fundamental  chord  and  of  key.  This  precept 
has  become  more  and  more  rigid,  as  music  has  become 
more  complicated.  It  is  now  required  tliat  a  piece  of 
music  should  begin  and  end  with  the  fundamental  chord, 
vrhich  can  only  be  a  perfect  major  or  minor  chord,  and 
that  in  the  following  out  of  the  musical  idea,  and  in  the 
development  of  the  great  masses  of  chorus  and  orchestra 
the  fundamental  note  should  often  recur,  as  a  necessary 
resting-place  for  our  comprehension. 

This  idea  was  only  slowly  developed.  In  the  music  of 
Palestrina  and  of  his  successors  it  had  not  reached  that 
clearness  which  is  required  at  the  present  day.     And  this 
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is  perhaps  the  principal  reason  why  this  music,  notwith- 
standing its  simplicity  and  great  beauty,  appears  some- 
what confused,  and  rather  quaint  than  beautiful 

11.  These  facts  being  premised,  it  is  now  time  to 
examine  in  detail  the  formation  and  the  properties  of  our 
musical  scale,  as  they  have  been  thus  necessarily  developed 
by  the  requirements  of  polyphonic  music  and  of  harmony. 
The  scales  which  are  adopted  now  are  two  in  number :  the 
major  scale  and  the  minor  scale.  The  last  having  yet 
another  modification,  which  may  be  considered  as  the 
point  where  the  one  passes  into  the  other. 

In  order  to  hear  our  scale  in  its  most  perfect  possible 
form,  use  may  be  made  of  an  instrument  (fig.  29)  invented 
by  SeehecJc  and  perfected  by  Konig.  A  strong  clockwork 
movement,  enclosed  in  a  box  P,  enables  a  regular  move- 
ment of  rotation  to  be  given  to  a  metallic  disc  placed  at 
0.  The  disc  carries  eight  series  of  holes,  placed  con- 
centrically to  the  same  circle  at  equal  distances  from  each 
other.  Tubes  of  indiarubber,  A,  B,  C,  are  so  arranged 
that  any  circle  of  holes  can  be  blown  against  at  will,  so  as 
to  produce  different  notes.  It  is,  in  fact,  a  siren  in  which 
the  rotatory  movement  is  produced  independently  of  the 
current  of  air.  The  eight  circles,  beginning  with  the  inner 
one,  have  the  following  numbers  of  holes  : — 
24,  27,  30,  32,  36,  40,  45,  48. 
But  as  the  number  of  vibrations  per  second  of  the  notes 
produced  is  proportional  to  the  number  of  impulses,  and 
this  to   the  number  of  holes,   it  follows   that  at   equal 
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velocities  tlie  above  numbers  will  express  the  relative 
number  of  the  vibrations.  Dividing  by  24,  the  following 
ratios  are  obtained  : — 

1      ^      -.       4      21      5       Ij.      .) 
»    8'    4'    3»    2'    3J      8   '    "" 

When  the  disc  has  acquired  a  uniform  velocity,  if  the 


Fig.  29. 


different  circles  of  holes  be  successively  blown  against,  it 
will  be  heard  that  the  major  scale  is  obtained.  And  it 
may  be  added  that  this  scale  is  perfect,  because  it  satisfies, 
even  in  theory,  the  law  of  exact  ratios. 
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The  major  scale  is  therefore  constituted  by  the  following 
ratios : — 

1       9      5^     4      3     _5      15      O 

^'    8'    4'    3'    2'    0'      8   J    -» 

which  are  called — 

c,d,e,f,g,a,'b,c. 


In  it,  as  may  be  seen,  the  major  third,  |,  the  fourth,  *, 
the  fifth,  I,  the  sixth,  |,  form  consonant  harmonies  with 
the  fundamental  note,  which  harmonies  have  already 
been  deduced  from  theory.  They  are  the  most  simple 
ratios  which  can  be  mentioned.  It  may  further  be  seen 
that  these  ratios  have  been  substituted  with  advantage 
for  some  of  the  more  complicated  ones  of  the  Pythagorean 
scale  ;  especially  the  third  and  the  sixth,  which  in  it  were 
dissonant,  and  which  are  now  consonant.  The  second,  |, 
is  the  same  as  in  the  Pythagorean  scale ;  the  seventh, 
^g^,  is  considerably  simplified.  It  may  be  said,  then,  that 
this  scale  is  nothinoj  more  than  a  modification  of  the 
Pythagorean  scale,  made  with  the  idea  of  keeping  the 
same  notes  in  such  a  form,  however,  that  they  should 
satisfy  the  law  of  simple  ratio.  It  is  clear  and  evident 
that  this  scale  must  therefore  lend  itself  to  harmony; 
whilst  the  Pythagorean  scale  was  decidedly  opposed  to  it. 
But  it  is  not  enough  that  the  ratio  of  the  note  to  the 
fundamental  note  should  be  simple,  it  is  necessary  that 
the  ratios  of  the  notes  to  each  other  should  also  be  simple. 
It  will  not  be  possible  in  this  treatise  to  examine  the 
question  with  all  the  necessary  details ;  the  most  remark- 
able properties  of  our  major  scale  may,  however,  be  made 
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known.  Tlie  ratio  between  one  note  of  the  scale  and  its 
antecedent  note  is  called  a  musical  interval,  a  ratio  which 
is  found  by  dividing  one  by  the  other.  In  this  respect 
the  comparison  with  the  Pythagorean  scale  is  very  in- 
structive. The  Pythagorean  scale  is  expressed  by  the 
following  ratios : — 

1      9      81     4      3      27      24  3     O 
■^>   SiOTi   3 J   2"'  T65  T2  8>  ''* 

The  intervals  are  therefore  as  follows : — 

9^9^2^5  69^9^^2  56 
85    8'    2  4  3'    8'    8'    8»    2  4 'S'' 

On  this  scale,  therefore,  the  intervals  are  of  two  classes : 
the  one  a  somewhat  large  interval,  |,  which  is  called  a 
wJwU  tone ;  the  other  smaller  and  more  complicated, 
III,  which  is  called  a  semitone.  The  Pythagorean  scale 
is  composed  of  five  whole  tones  all  equal  to  each  other, 
and  of  two  complicated  semitones,  one  placed  between 
the  third  and  fourth,  the  other  between  the  seventh  and 
octave. 

Our  major  scale  has  the  following  ratios : — 

1      9.    A     4      3^     £     15      9 

-^5    8'    4'    35    2'    3?      8  >   '^* 

Its  intervals  are — 

^10      11      9.      10      9.     16 

8'      9   J    15'    8>      9   '    8'    1  5* 

In  it  the  intervals  are  therefore  of  three  classes :  the  largest, 
■|,  which  occur  three  times,  are  the  same  as  the  Pythagorean 
intervals ;  others,  a  little  smaller,  y ,  are  met  with  twice. 
They  are  both  called  icliole  tones,  but  to  distinguish  one 
from  the  other,  |  is  called  a  major  tone,  and  y  a  minor 
tone.      The  third  interval,  considerably  smaller  than  the 
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two  first,  If,  is  met  with  twice,  and  in  the  same  place  as 
the  Pythagorean  interval  |||.  It  is  called  a  major  semi- 
tone, to  distinguish  it  from  another  smaller  semitone,  ff , 
which  will  be  spoken  of  later  on,  and  which  is  called  a 
minor  semitone.  If  no  distinction  be  made  between  the 
major  and  minor  tone,  it  will  be  seen  that  the  major  scale 
presents,  like  the  Pythagorean,  five  tones,  and  two  semi- 
tones, distributed  in  the  same  order.  The  difference 
between  the  two  scales  lies  in  this,  that  we  make  a 
distinction  between  the  major  and  minor  tone,  and  that 
our  semitone  is  much  more  simple  than  the  Pythagorean. 
We  have  thus  three  different  intervals  instead  of  two, 
and  therefore  a  greater  complication,  which  however  is 
amply  compensated  for  by  the  simpler  ratios  and  intervals. 
To  this  may  be  added  that  the  greater  complication  which 
has  been  pointed  out  constitutes  even  by  itself  a  greater 
variety,  and  hence  a  greater  richness,  in  our  music. 

Certain  musical  niceties — as,  for  example,  the  somewhat 
different  character  possessed  by  the  different  keys — find 
their  most  natural  explanation  in  this  greater  variety 
of  musical  intervals ;  and  in  truth,  since,  for  example,  the 
interval  between  c  and  d  is  not  equal  to  that  between 
d  and  e,  to  play  c  d  is  not  the  same  thing  as  to  play 
d  e.  The  same  reasoning  applied  to  a  whole  piece  of 
music,  shows  that  the  selection  of  the  first  fundamental 
note  and  of  the  key  modifies  somewhat  the  order  of  the 
intervals,  and  thence  also  the  musical  character  of  the 
piece. 
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12.  The  second  of  our  scales  is  the  minor  scale,  in  which 
the  minor  third  is  substituted  for  the  major  third,  and 
the  sixth  and  seventh  are  modified.  It  is  composed  of  the 
following  ratios : — 

106.43800 
•^J    b)    o>   3'    2»    6>    5>   ^* 

Its  intervals  are  the  following : — 

9      16      10      9      16      9      10 
¥'  TZ >    ^  f  ¥>  T'Sf  8'     9^  • 

In  it  the  same  intervals  are  found  as  in  the  major  scale ; 
the  interval  f  three  times,  V  twice,  and  yf  twice.  The 
minor  scale,  then,  only  differs  from  the  major  in  that  the 
same  intervals  are  differently  distributed. 

The  minor  scale  is  also  used  in  the  following  form : — 

■I£C^43^5      1_5      0 
^}    8>    6»    3»    ii'   ^5      8  >       • 

In  which  the  intervals  are — 

^     11     10     ^     1_P      9      16 

8'    15J     9  5    8?      9  >    8?    15* 

This  scale  is  composed,  for  the  first  half,  of  the  minor 
scale,  and  for  the  second  half,  of  the  major  scale.  The 
intervals  are  again  the  same,  only  differently  distributed. 
The  second  form  is  adopted  by  preference  for  the 
ascending  scale — that  is  to  say,  for  the  movement  from 
bass  towards  treble — whilst  the  first  form  is  adopted  for 
the  descending  scale,  from  treble  to  bass. 

The  minor  scale,  then,  has  as  its  characteristic  note  the 
minor  third,  whilst  the  major  scale  has  the  major  third. 
These  two  scales  may  therefore  be  considered  as  the 
further  development  of,  and  emanation  from,  the  perfect 
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major  and  minor  chords,  with  which  they  are  closely 
allied.  A  piece  of  music,  written  in  the  major  scale,  has 
the  major  chord  as  its  basis ;  the  minor  chord  is  reserved 
for  those  pieces  which  move  within  the  minor  scale. 

The  characteristic  difference  between  the  two  scales  lies 
in  the  thirds.  Now  the  interval  between  the  major  third, 
I,  and  the  minor  third,  |,  is  found  by  dividing  one  by  the 
other.  It  is,  then,  ff,  a  smaller  interval  than  the  major 
semitone,  {j ;  and  on  this  account  is  called  the  minor 
semitone.  It  may  therefore  be  concluded  that  the  whole 
of  the  great  difference  which  exists  between  the  major 
and  minor  scale  may  be  reduced  to  the  presence  or 
absence  of  one  minor  semitone  in  the  interval  of  the  third. 
However  small  this  difference  may  be  mathematically 
speaking,  it  is  very  great  from  an  artistic  point  of  view. 
Those  points  discussed  with  respect  to  the  two  perfect 
chords  [see  chapter  vi.]  also  hold  good  for  the  two 
scales.  The  major  scale  and  all  pieces  founded  on  it  have 
an  open,  cheerful,  bold  character ;  pieces  that  are  based  on 
the  minor  scale  are  sad,  melancholy,  and,  above  aU, 
undecided.  The  reason  for  this  is  to  be  found  in  the 
different  resultant  notes,  which  are  produced  by  the  two 
perfect  chords;  they  are  also  again  met  with  in  the 
scales.  In  conclusion,  it  may  be  said  that  variations  so 
small  as  to  appear  unimportant  considerably  modify  the 
character  of  a  piece  of  music. 

In  this  respect  the  scale  is  like  the  skeleton  of  organised 
beings,   who  show   different   characters,   tendencies,   and 
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developments  as  soon  as  characteristic  differences  are  set 
up  in  its  construction. 

13.  One  last  step  remained  to  be  made  in  music,  and  it 
is  not  probable  that  it  is  as  yet  entirely  made.  The  scale 
must  now  be  considered  from  a  fresh  point  of  view,  when 
it  will  be  seen  that  it  is  infinitely  richer  in  resource  than 
would  be  at  first  sight  imagined. 

This  step  consists  of  transposition,  and  of  modulating 
from  one  key  to  another  in  the  most  artistic  manner. 

Consider  an  instrument  with  fixed  notes,  such  as  the 
pianoforte,  and  suppose  that  the  scale  begins  on  c,  and 
that  some  piece  of  music — for  example,  a  melody — is 
founded  on  this  scale.  Its  fundamental  note  or  tonic  is 
then  c.  But  it  may  happen  that  a  singer  who  is  to 
execute  this  melody  finds  it  too  low  or  too  high  for  his 
voice,  and  he  prefers  to  transpose  it,  so  that  the  tonic  may 
be,  for  example,  g. 

This  is  permissible,  since  it  has  been  seen  as  a  general 
proposition  that  any  note,  whatever  may  be  its  number  of 
vibrations  per  second,  may  be  used  as  a  point  of  departure, 
since  all  the  successive  notes  remain  in  determinate  ratios 
to  the  first  or  fundamental  note;  which  signifies,  with 
respect  to  the  scale,  that  the  intervals  remain  the  same 
when  the  tonic  is  moved  from  c  to  g. 

Now,  if  the  major  scale  be  examined,  it  will  be  found 
that  if  the  fundamental  note  be  c,  there  is  the  interval  of 
a  semitone  between  e  and/ — that  is  to  say,  between  the 
third  and  fourth ;  the  same  interval  is  found  between  h  and 
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c,  or  between  the  seventh  and  octave.  If  the  piece,  then, 
be  transposed  from  c  to  g,  in  order  not  to  alter  the  disposi- 
tion of  the  semitones,  it  must  be  referred  to  a  scale  which 
begins  on  g,  and  has  the  interval  of  a  semitone  between 
the  third  and  fourth,  and  seventh  and  octave.  But  if  this 
scale  be  written  simply  in  the  following  way,  as  the 
Greeks  wrote  theirs  : — 

g,  a,  6,  c,  d,  e,  f,  g, 
it  will  be  seen  that  between  the  third  and  fourth — that  is, 
between  h  and  c — there  is  tlie  required  interval  of  a  semi- 
tone. This  is  not,  however,  the  case  between  the  seventh 
and  octave — that  is,  between  /  and  g.  The  semitone  is,  on 
the  other  hand,  found  between  the  sixth  and  seventh — 
that  is  to  say,  between  e  and/.  The  scale,  then,  does  not 
preserve  the  original  order  of  the  intervals.  The  desired 
order  of  intervals  can,  however,  easily  be  obtained  by 
raising  /  a  semitone,  since  then  the  interval  between  the 
sixth  and  seventh  becomes  a  tone,  whilst  that  between  the 
seventh  and  octave  becomes  a  semitone. 

14.  Eaising  a  note  a  semitone  signifies  raising  that  note 
to  its  sharp,  as  lowering  it  a  semitone  signifies  lowering 
it  to  its  flat.  In  theory,  raising  a  note  to  its  sharp  means 
multiplying  the  number  of  vibrations  per  second  of  that 
note  by  the  ratio  |f ,  which  is  the  ratio  of  the  number  of 
vibrations  per  second  of  two  notes  at  an  interval  of  a 
minor  semitone.  To  lower  it  to  its  flat,  on  the  other 
hand,  means  to  multiply  its  number  of  vibrations  per 
second  by  the  inverse  ratio  |i. 
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Every  transposition  from  one  tonic  to  another  carries 
with  it  the  necessity  of  raising  certain  of  the  notes  to 
their  sharps,  or  lowering  some  others  to  their  flats.  That 
which  has  been  explained  for  one  example  holds  good  for  all 
cases.  The  tonic  can  be  changed  from  c  to  g,  to  e,  to/,  &c. — 
that  is  to  say,  to  each  note  of  the  scale.  By  this  operation 
a  quantity  of  new  notes  is  obtained,  and  experiment  shows 
that  every  note  of  the  scale  ought  to  be  able  to  be  raised 
to  its  sharp.  To  return  to  the  example  of  the  pianoforte, 
it  is  seen  that  it  is  necessary  to  add  to  the  seven  white 
keys  of  an  octave  seven  black  keys,  and  not  five,  as  is 
done  in  practice ;  as  raising  to  a  sharp  means  rising  through 
the  interval  -||,  and  this  interval  does  not  exist  in  the 
simple  musical  scale. 

This  idea  may  be  better  explained  by  an  example. 
Between  e  and  /  there  is  an  interval  of  a  major  semitone, 
\%.  If  e  then  be  raised  to  its  sharp,  a  note  is  found  by 
rising  through  the  smaller  interval  If,  which  is  near  /, 
but  lower,  e  sharp,  then,  does  not  coincide  with  /,  as 
pianoforte-players  are  prone  to  believe. 

But  there  is  no  need  for  music  to  stop  at  this  first 
transposition.  When  it  is  once  admitted  that  the  tonic 
can  be  changed,  for  example,  from  c  to  g,  it  can  be  then 
changed  from  c  to  c  sharp.  The  same  considerations, 
therefore,  must  be  made  for  the  superadded  seven  black 
keys  that  have  already  been  made  for  the  white  keys.  If, 
then,  the  tonic  be  changed  successively  to  each  of  the 
sharps,  in  order  to  keep   the   intervals   the   same  it  is 


TRANSPOSITION.  135 

necessary  to  raise  some  of  the  sharps  a  semitone,  or 
through  another  interval  of  f  f .  Double  sharps  are  thus 
obtained,  which  being  composed  of  two  minor  semitones, 
are  not  exactly  equivalent  to  a  whole  tone,  whether  major 
or  minor.  In  fact,  to  take  a  single  example,  the  double 
sharp  of  c  is  obtained  by  multiplying  its  number  of  vibra- 
tions per  second  by  ||  twice  over — that  is,  by  |||-.  This 
fraction,  tlien,  represents  the  interval  between  c  and  c 
double  sharp,  whilst  the  interval  between  c  and  d  is 
represented  by  the  considerably  greater  ratio  |.  These 
two  notes,  then,  are  not  identical  with  each  other. 

The  conclusion  is  thus  arrived  at,  that  to  take  into  ac- 
count all  possible  transpositions  of  this  kind,  it  would  be 
necessary  to  have  the  seven  original  notes — seven  notes 
for  the  sharps,  and  seven  notes  for  the  double  sharps. 

15.  Another  class  of  transpositions  carries  with  it  the 
necessity  of  lowering  by  a  semitone  one  or  other  of  the 
notes  of  the  scale  by  multiplying  by  |i,  which  is  called 
lowering  a  note  to  its  flat.  The  same  considerations  which 
have  been  made  for  the  sharps  hold  good  also  for  the 
flats. 

Eeasoning  in  the  same  way,  the  conclusion  is  arrived  at, 
that  seven  new  notes  occur  for  the  flats,  and  seven  others 
for  the  double  flats.  It  may  be  added  as  a  general  propo- 
sition, that  these  new  notes  do  not  coincide  with  those 
already  mentioned  for  the  sharps.  In  executive  music, 
and  especially  for  the  pianoforte,  it  is  generally  admitted 
that  the  sharp  of  a  note  is  equivalent  to  the  flat  of  the 
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successive  note,  that,  for  example,  c  sharp  is  equivalent  to 
d  flat ;  but  this  is  not  strictly  accurate.  In  fact,  taking  c 
at  1,  c  sharp  is  expressed  by  f  J.  But  d  is  |,  whence  d  flat 
would  be  f  multiplied  by  f  *,  which  gives  IJ,  a  value 
different  from  and  greater  than  the  first,  c  sharp  is 
therefore  somewhat  lower  than  d  flat.  Similar  considera- 
tions can  be  made  for  all  the  other  notes  at  whole  intervals. 
As  to  the  semitones  of  the  scale,  the  considerations  remain 
the  same.  If  the  interval  e  to  /  be  taken,  for  example, 
which  is  equivalent  to  a  major  semitone,  and  therefore  is 
represented  by  \%  as  sharps  and  flats  correspond  respec- 
tively to  the  intervals  ||  and  ||,  it  follows  that  e  sharp 
does  not  coincide  either  with /flat  or/,  and  that  therefore 
four  distinct  notes  must  be  distinguished — e,  f  flat,  e  sharp, 
and  /.  Indeed,  in  composition  a  distinction  is  made 
between  these  four  notes,  and  a  composer  may  not  con- 
found them  one  with  another. 

It  follows  that  the  pianoforte,  in  order  to  take  into  strict 
account  all  these  exigencies,  ought  for  each  octave  to  have 
one  set  of  seven  keys  for  the  original  notes  of  the  scale, 
and  also  four  other  sets,  each  of  seven  keys,  for  the  sharps, 
double  sharps,  flats,  and  double  flats — that  is  to  say, 
thirty-five  keys  in  all  to  each  octave.  It  is  true  that 
some  of  these  many  notes  sensibly  coincide  with  each 
other,  so  that  even  a  somewhat  smaller  number  of  notes 
would  satisfy  scientific  exigencies ;  but  it  is  none  the  less 
true  that  music,  especially  instrumental  music,  cannot 
foUow  out  such  great  complications. 


TEMPERATE   SCALE.  137 

16.  As  music,  then,  has  developed  in  respect  to  all 
possible  transpositions,  many  attempts  have  arisen  to 
diminish  the  excessive  number  of  notes,  and  to  render 
practical  execution  more  easy.  These  attempts  are  all 
founded  on  the  principle  of  abandoning  strictly  mathe- 
matical ratios,  and  of  being  content,  on  the  other  hand, 
with  approximately  correct  notes,  so  long  as  the  error  is 
not  too  perceptible  to  the  ear,  and  of  considering  as  the 
same  notes  differing  but  little  from  each  other.  The 
fruit  of  these  manifold  attempts,  which  arose  particularly 
towards  the  end  of  the  seventeenth  and  beginning  of  the 
eighteenth  centuries,  is  the  tem;perate  scale,  which  reached 
its  full  development  at  the  middle  of  the  last  century, 
especially  by  means  of  the  works  of  Sebastian  Bach,  who 
dedicated  to  it  forty-eight  of  his  most  inspired  preludes 
and  fugues.  It  starts  with  the  principle  of  making  no 
distinction  between  the  major  and  minor  tone,  of  con- 
founding the  major  semitone  with  the  minor  semitone, 
and  of  considering  the  sharp  of  a  note  as  equal  to  the  flat 
of  the  succeeding  note,  so  that  all  the  notes  of  an  octave 
are  reduced  to  twelve  only,  which  are  considered  equi- 
distant from  each  other;  and  it  is  on  this  principle  that 
our  pianofortes,  organs,  &c.,  are  constructed,  where  all 
the  notes  comprised  in  an  octave  are  provided  by  seven 
white  keys  and  five  black  ones. 

The  temperate  scale  has  become  generally  accepted ;  it 
has  so  come  into  daily  use  that,  for  the  most  part,  our 
modern  executant  musicians  no  longer  know  that  it  is  an 
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incorrect  scale,  born  of  transition  in  order  to  avoid  tlie 
practical  difficulties  of  musical  execution.  The  great  pro- 
gress made  in  instrumental  music  is  due  to  this  scale, 
and,  above  all,  the  ever  -  increasing  importance  of  tlie 
pianoforte  in  social  life  is  to  be  attributed  to  it. 

But,  no  doubt,  it  does  not  represent  all  that  can  be  done 
in  this  respect.  It  would  certainly  be  very  desirable  to 
return  to  the  exact  scale,  with  a  few  difficulties  smoothed 
over  to  meet  the  requirements  of  practice ;  for  it  cannot 
be  denied  that  the  temperate  scale  has  destroyed  many 
delicacies,  and  has  given  to  music,  founded  on  simple  and 
exact  laws,  a  character  of  almost  coarse  approximation. 
But  before  continuing  this  argument,  I  will  give,  as  an 
example,  the  values  of  the  different  scales,  so  as  to 
make  the  measure  of  their  differences  more  strikincj. 

Supposing  the  fundamental  note  makes  240  vibrations 
in  a  second  of  time,  and  calling  it  c,  our  major  scale  is 
represented  by  the  following  figures : — 

cdefgabc 
240,  270,  300,  320,  360,  400,  450,  480. 

The  minor  scale  by — 

240,  270,  288,  320,  360,  384,  432,  480. 
The  Pythagorean  scale,  comparable  with  our  major  scale — 

240,  270,  303f,  320,  360,  405,  455|,  480. 
Lastly,  the  temperate  major  scale  has — 

240,  269|,  302|,  320|,  359|,  403|,  453,  480. 
If  the  temperate  scale  be  compared  with  the  mathe- 
matical scale,  it  is  seen  that  with  the  exception  of  the 
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fundamental  note  and  tlie  octave,  none  of  the  other  notes 
coincide  exactly.  In  the  temperate  scale  all  the  notes  are 
somewhat  modified  to  a  greater  or  less  degree. 

Taking,  for  example,  the  third,  this  gives  in  our  example 
300  vibrations  per  second  for  the  exact  scale,  and  302 1 
for  the  temperate  scale.  Therefore  there  is  a  difference 
in  this  case  of  2|  vibrations  per  second.  It  may  be  said 
that  this  difference  is  small;  however,  when  it  is  con- 
sidered that  it  is  equal  to  about  §  of  that  furnished  by  the 
Pythagorean  scale,  in  which  the  third  is  represented  by 
303|,  it  must  be  admitted  that  it  cannot  be  neglected. 
It  has  been  seen  that  in  Greek  music  there  was  no 
development  of  harmony,  especially  because  the  third  and 
sixth  were  dissonant.  It  must  be  concluded  that  our 
harmony  founded  on  the  temperate  scale  is  also  very 
defective. 

Another  argument  must  be  put  forward.  The  differ- 
ence in  our  example  between  the  major  and  minor  third 
is  12  vibrations  per  second — the  first  being  300,  and  the 
second  288  vibrations  per  second.  But  if  12  vibrations 
per  second  in  this  most  delicate  and  sensitive  note  are 
enough  to  change  the  character  of  the  fundamental  chord 
of  the  scale,  and  of  the  whole  piece  of  music  founded  on 
it,  it  must  be  allowed  that  2|  vibrations  per  second  cannot 
be  quite  immaterial,  and  must  therefore  produce  a  sensible 
discord. 

Lastly,  it  is  known  that  whenever  a  chord  is  not  in 
perfect  tune,  it  gives  rise  to  beats.      On  the  pianoforte 
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tliese  are  not  very  perceptible,  but  on  instruments  with 
full,  loud,  and  sustained  notes,  such  as  the  organ,  they 
may  be  recognised  in  a  most  unpleasant  degree,  especially 
when  they  are  frequent.  In  the  example  chosen,  they 
would  only  be  2 1  in  a  second,  which  becomes  sufficiently 
unpleasant,  although  there  have  been  here  produced  low 
notes  of  200  and  300  vibrations  per  second.  For  the  high 
notes  the  beats  are  much  more  frequent.  Applying  the 
example  to  the  next  higher  octave,  the  number  of  vibra- 
tions per  second  of  the  two  notes,  and  with  this  the 
number  of  beats  per  second,  are  doubled,  whicli  must 
produce  a  most  unpleasant  effect. 

Even  the  resultant  notes  are  considerably  altered,  and 
instead  of  reinforcing  existing  notes,  and  entering  into  the 
general  harmony  of  the  chord,  they  appear  discordant — 
not  indeed  loud  enough  to  produce  true  dissonance,  but 
sufficiently  so  to  disturb  the  serene  quiet  and  the  trans- 
parency of  a  chord. 

It  foUows  that  music  founded  on  the  temperate  scale 
must  be  considered  as  imperfect  music,  and  far  below  our 
musical  sensibility  and  aspirations.  That  it  is  endured, 
and  even  thought  beautiful,  only  shows  that  our  ears  have 
been  systematically  falsified  from  infancy.* 

*  Cornue  has  lately  made  some  most  ingenious  experiments,  in  which 
he  measured  directly  the  number  of  vibrations  per  second  of  the  notes 
produced  by  good  singers  and  violin-players,  whilst  they  executed  a  pure 
melody  with  the  greatest  possible  care.  He  found  that  they  made  use 
neither  of  the  exact  nor  of  the  temperate  scale,  but  of  a  scale  differing 
but  little   from   the  Pythagorean ;    from   which   he  concludes  that  the 
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17.  Professor  Helmlioltz  has  had  an  harmonicon  con- 
structed, on  which  he  can  play  at  will  in  the  exact  or  tem- 
perate scale,  on  purpose  to  see  if  there  really  is  an  appreci- 
able difference  between  them.  As  soon  as  the  ear  becomes 
a  little  practised,  the  difference  becomes  most  striking. 
In  the  exact  scale  the  consonant  chords  become  much 
sweeter,  clearer,  and  more  transparent,  the  dissonant 
chords  stronger  and  rougher ;  whilst  in  the  temperate  scale 
all  these  things  are  mixed  together  in  one  uniform  tint 
without  any  distinct  character.  The  resultant  notes 
have  greater  importance  in  the  former,  and  in  general  the 
music  acquires  a  more  decided,  open,  robust,  and  sweet 
character.  Fact,  therefore,  demonstrates  that  the  results 
of  theory  are  not  mere  speculations  or  pedantic  exagge- 
rations, but  that  they  have  a  true  and  real  value,  such  as 
ought  to  be  accepted  even  in  practice. 

The  wish  may  then  be  expressed  that  there  may  be  a 
new  and  fruitful  era  at  hand  for  music,  in  which  we  shall 
abandon  tlie  temperate  scale  and  return  to  the  exact  scale, 
and  in  which  a  more  satisfactory  solution  of  the  great 


Pythagorean  scale  ought  still  to  be  looked  upon  as  the  scale  of  melod}', 
whilst  our  modern  scale  must  be  considered  as  the  scale  of  harmony. 

In  truth,  this  distinction,  even  if  it  exist,  is  of  no  great  practical  im- 
portance, since  pure  melody  without  harmony  does  not  exist  at  the  present 
day,  and  would  be  no  longer  enjoyed.  And  it  is  enough  for  a  song  to  be 
accompanied  by  the  most  simple  harmony,  to  oblige  the  singer  to  adopt 
the  scale  of  harmony,  if  he  would  avoid  discord.  The  fact,  however,  is 
very  interesting  in  itself,  and  merits  careful  examination.  It  demonstrates 
a  certain  tendency  in  us  to  select  the  Pythagorean  scale  in  melody,  and 
gives  a  very  natural  basis  to  the  melodious  music  of  the  Greeks. 
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difficulties  of  musical  execution  will  be  found  than  that 
furnished  by  the  temperate  scale,  wliich,  simple  though  it 
may  be,  is  too  rude. 

But  all  the  stringed  instruments,  which  are  the  very 
soul  of  the  orchestra,  and  the  human  voice,  which  will  al- 
ways be  the  most  satisfactory  and  most  mellow  musical 
sound,  have  their  notes  perfectly  free,  and  can  therefore  be 
shifted  at  the  will  of  the  artist.  The  return  to  the  exact 
scale  does  not  present  any  serious  difficulty  to  them.  The 
same  may  be  said  with  respect  to  the  wind  instruments, 
which  are  still  very  imperfect,  notwithstanding  the  great 
progress  already  made,  but  in  which  the  player  can, 
by  changing  his  lip,  somewhat  raise  or  lower  the  note. 
A  flute  or  trumpet  player  can  therefore  play  in  the  exact 
scale,  just  as  he  already  plays  in  the  temperate  scale; 
and  the  same  considerations  hold  good  for  the  greater  part 
of  the  wind  instruments.  It  does  not  therefore  appear 
impossible,  or  even  really  difficult,  for  the  full  orchestra 
and  chorus  to  perform  a  piece  of  music  in  the  exact 
scale. 

Greater  difficulties  are  met  with  in  the  case  of  instru- 
ments with  fixed  notes,  such  as  the  pianoforte  and  the 
organ.  Tlie  pianoforte  is,  indeed,  so  imperfect  an  instru- 
ment, that  notwithstanding  the  great  reputation  which 
it  enjoys,  it  cannot  be  given  any  important  place  in 
executive  music  properly  so  called.  In  fact  there  is  no 
pianoforte  in  the  orchestra,  and  it  is  thus  confined  to  the 
drawing-room  and  the  concert-room.     The  great  defect 
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of  the  pianoforte  is  that  the  notes  die  away  rapidly,  what- 
ever may  be  the  skill  of  the  player.  Beats  and  resultant 
notes  are  therefore  perceived  with  difficulty.  As  a  con- 
sequence, even  discord  becomes  less  perceptible,  and  this 
is  the  reason  why  the  sound  of  an  instrument  that  does 
not  keep  in  tune  from  one  day  to  another  is  tolerated. 
The  pianoforte  is,  truly,  the  instrument  of  the  temperate 
scale ;  it  has  been  developed,  has  lived,  and  probably  will 
decay  with  it.  Its  defects  have  had  an  observable 
influence  on  the  music  written  for  it.  Sustained  melody 
has  been  more  and  more  obscured ;  for  it  have  been  sub- 
stituted infinite  and  complicated  musical  figures,  scales, 
cadences,  shakes,  &c.,  calculated  rather  to  call  up  the 
pride  of  a  brilliant  executant  than  the  musical  sentiment 
of  the  hearers.  For  the  few  simple  lines  of  great  musical 
works,  were  substituted  infinite  arabesques  of  a  new  order 
of  the  grotesque. 

Eeforms  of  this  nature  may  appear  superfluous  in  the 
case  of  an  instrument  which  does  not  keep  in  tune.  But 
this  is  not  the  case  with  the  organ,  which  has  almost  lost 
its  reputation,  together  with  the  church  in  which  it  is  princi- 
pally used ;  but,  musically  speaking,  it  will  always  be  an  in- 
strument of  great  value.  In  it  the  beats  and  resultant  notes 
are  strongly  pronounced,  and  ought  therefore  to  induce  us 
to  undertake  the  important  reform  of  the  musical  scale. 
But  it  is  evident  that  if  it  be  desired  to  provide  the  organ 
with  all  the  notes  necessary,  it  would  lead  to  very  great 
complication ;  but  it  appears,  according  to  a  proposition  of 
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Helmlioltz's,  tliat  by  starting  from  somewhat  different 
considerations,  it  is  possible  to  provide  for  everything  in 
a  very  satisfactory  manner,  with  twenty-four  notes  per 
octave.  This  is  double  the  number  of  keys  which  we 
have  at  present ;  but  when  the  great  ability  of  our  piano- 
forte-players with  twelve  keys  per  octave  is  taken  into 
consideration,  it  may  well  be  believed  that  even  twenty- 
four  keys  well  arranged  would  not  offer  insurmountable 
difficulties  of  execution;  and  even  if  musical  compli- 
cations and  arabesques  had  to  be  abandoned,  true  and 
serious  music  would  only  be  the  gainer. 

I  w^ill  therefore  end  this  chapter  by  expressing  the  hope 
that  the  temperate  scale  will  eventually  be  abandoned. 
It  has  had  its  day,  and  has  no  longer  any  real  raison  d'etre. 
Man  is  capable  of  a  much  finer  class  of  music  than  that 
performed  at  the  present  day.  I  say  this  without  con- 
sidering the  different  schools  which  at  present  di\dde 
musical  Europe,  since  these  considerations  hold  good  for 
all.  But  those  who  consider  that  the  musical  province  of 
Italy  is  to  cultivate  and  develop  melody,  ought  to  be  the 
first  to  try  for  and  to  favour  such  a  reform.  Singing 
would  gain  enormously  by  it,  and  a  melodious  form  of 
music  accompanied  by  simple  quiet  chords — much  more, 
music  formed  by  several  voices — would  be  enormously  in- 
creased in  value  by  means  of  such  a  reform.  The  ancient 
Italian  music,  the  choral  music  of  Falestrina  and  Basili, 
acquires  a  totally  different  colouring,  and  becomes  much 
more  intelligible,  when  it  is  performed  in  the  exact  scale. 
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This  would  be  a  great  reform,  which  could  not  be 
effected  in  a  short  time ;  but  once  made,  it  would  of  itself 
constitute  a  great  progress.  If  some  musical  instruments 
would  in  part  require  more  or  less  considerable  modifica- 
tion in  order  to  adapt  them  to  these  new  exigencies,  the 
quartet  and  choral  music  can  be  at  once  taught  and  per- 
formed in  the  exact  scale. 
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TIMBRE  OF  VOCAL  MUSICAL  SOUNDS. 

1.  The  third  characteristic  difference  of  musical  sounds 
is  their  quality  or  timhre.  Suppose  that  the  same  note  is 
sung  by  different  human  voices,  and  played  on  the  piano- 
forte, violin,  flute,  &c.,  it  does  not  require  a  delicate  musical 
ear  to  recognise  that  these  notes,  although  of  the  same 
loudness  and  pitch,  are  nevertheless  different  from  each 
other.  Our  ear  goes  even  farther  in  this  direction,  and 
not  only  distinguishes  between  violin  and  flute,  but  even 
between  one  violin  and  another  by  a  different  maker.  The 
difference  is  very  marked,  and  makes  itself  felt  in  a  most 
remarkable  manner  in  the  price  of  the  instrument.  Thus, 
for  example,  whilst  an  ordinary  violin  costs  a  few  pounds, 
many  hundreds  are  paid  for  a  good  Stradivarms  or  J\\ 
Amati.  The  same  may  be  said  of  all  musical  instru- 
ments, although  the  difference  of  price  is  not  so  great  for 
most  of  them,  as  the  modern  manufacturers  are  in  a  posi- 
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tion  to  furnish  them  in  any  desired  number ;  whilst  violins 
increase  in  excellence  and  value  with  their  age. 

The  difference  of  tirribre  is  therefore  very  important, 
and  very  characteristic.  In  the  human  voice,  which  con- 
stitutes the  most  agreeable  and  richest  monotone  musical 
instrument,  the  variety  is  immense.  There  are  scarcely 
any  two  individuals  who  have  exactly  the  same  timbre 
of  voice.  Timbre  and  inflection  are  the  safest  means  we 
have  of  recognising  a  person. 

But  the  loudness  of  a  note  depends  on  the  width^ 
height,  ajid  length  of  the  oscillations  producing  it.  It 
may  then  be  asked,  in  what  two  oscillations,  of  the  same 
width  and  length,  can  differ  so  as  to  produce  so  marked  a 
difference  as  that  of  timbre. 

There  are  two  methods  of  procedure  possible  in  the 
study  of  different  forms  of  oscillation,  and  of  the  causes 
that  influence  timbre.  The  curve  of  the  oscillations  may ' 
be  traced  graphically,  and  the  differences  between  them 
may  be  examined  thus,  or  the  sounds  produced  by 
different  instruments  may  be  analysed  in  order  to  see  if, 
besides  the  principal  note  that  is  heard,  there  are  not 
other  concomitant  sounds  or  noises  which  alter  the  timbre 
of  the  simple  note,  and  impress  a  special  character  on  it. 
The  question  will  be  studied  in  this  treatise  by  both 
methods,  and  they  will  be  illustrated  by  the  most  impor- 
tant examples  in  each.  As  to  the  form  of  vibrations,  it 
will  be  shown  that  account  must  be  taken  not  only  of 
the  width  and  length  of  the  oscillations,  but  also  of  the 


14S 


TI{E  THEORY  OF  SOUND. 


special  form  of  the  curve  which  represents  tliem^  Thus,  for 
example,  the  curves  1,  2,  3,  in  fig.  30,  have  all  three  the 
same  width  ah,  and  the  same  length  AB ;  but  tlie  form  is 
different  for  each  one  of  them,  and  it  is  precisely  on  this 
special  form  that  that  wliich  is  called  timhre  depends.  It 
will  now  be  explained  how  such  curves  may  be  made 
visible. 


Cf^ 


rig.  30. 


2.  Of  all  sonorous  bodies  the  tuning-fork  gives  the 
simplest  vibrations — vibrations  comparable  with  the  os- 
cillations of  the  pendulum,  and  which  have  been  called 
simple  vibrations  in  the  first  chapter.  They  have  the 
form  of  the  curve  1  (fig.  30),  if  they  be  traced  on  paper 
by  the  grajohic  method,  described  in  the  first  chapter. 
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But  tliey  may  also  be  made  visible  in  the  following 
way :  A  somewhat  large  tuning  -  fork  F  has  a  small 
mirror  attached  near  the  extremity  of  one  of  its  branches, 
and  a  counterpoise  to  the  other  [fig.  31].     A  ray  of  solar 


Fig.  31. 

light  introduced  into  the  room  is  made  to  fall  on  the 
mirror  of  the  tuning-fork,  and  is  reflected  thence  on  to 
a  concave  mirror,  and  thence  again  is  reflected  on  to  a 
diaphragm  of  translucent  paper.  An  image  of  the  hole  in 
the  window  shutter  is  thus  obtained  on  the  diaphragm 
under  the  form  of  a  luminous  spot.  This  spot  remains 
at  rest  as  long  as  the  tuning-fork  is  at  rest,  but  when  the 
latter  vibrates,  its  mirror  takes  part  in  the  vibration,  and 
there  appears  a  vertical  luminous  line  instead  of  the  spot 
on  the  diaphragm.  This  line  is  caused  because  our  eyes 
are  not  able  to  follow  the  rapid  movements  of  the  luminous 
spot,  which  occupies   a  new  position   at  every  instant; 
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but  if  the  concave  mirror  be  rapidly  moved  by  hand,  so 
that  it  turns  round  a  vertical  axis,  the  different  luminous 
spots,  which  correspond  to  different  points  of  time,  strike 
different  parts  of  the  diaphragm,  and  a  beautiful  curve  7nn 
is  thus  formed,  which  represents  the  form  of  the  vibra- 
tions. In  it  the  width  evidently  depends  on  the  greater 
or  less  degree  of  energy  with  which  the  tuning-fork 
vibrates ;  the  length  depends  on  the  velocity  of  rotation 
of  the  concave  mirror,  and  therefore  can  be  varied  at  will. 
But  if  the  mirror  be  turned  with  a  suitable  velocity, 
neither  too  fast  nor  too  slow,  a  most  beautiful  sinuous 
curve  is  obtained,  which  exactly  represents  the  form  of 
the  simple  vibrations. 

This  beautiful  optical  method  of  showing  the  vibrations 
of  tuning-forks,  invented  by  Lissajoiis,  is  very  fertile,  and 
allows  a  great  number  of  experiments  to  be  made.  It  is 
interesting  to  study  what  happens  when  two  vibrations  are 
combined  together  in  different  ways,  when  somewhat  com- 
plex compound  movements  are  the  result.  One  example 
out  of  many  may  be  given  here,  especially  as  it  affords  an 
admirable  illustration  of  the  theory  of  beats  (Chapter  v.) 
Fig.  32  shows  the  arrangement  best  suited  for  the  present 
purpose.  From  the  window,  or  from  a  closed  box  L,  a 
pencil  of  rays  of  solar  or  artificial  light  is  caused  to  enter 
the  room,  and  having  been  suitably  concentrated  by  the 
lens  I,  falls  upon  the  mirror  of  a  tuning-fork  T',  thence 
by  reflection  on  to  that  of  a  second  tuning-fork  T,  and 
thence,  finally,  on    a    diaphragm    of  paper,    where  the 
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image  of  a  luminous  spot  is  formed.  The  tuning-fork? 
are  both  equal,  and  give  the  same  note.  If  the  tuning- 
fork  T  he  now  rubbed  with  a  violin  bow,  it  vibrates  and 
changes  the  luminous  spot  on  the  diaphragm  into  a  long 
vertical  line;  but  if  the  other  tuning-fork  T'  be  also 
rubbed,  the  vertical  Hne  becomes  longer  or  shorter, 
according  as  the  vibratory  movements  of  the  two  tuning- 


forks  are  made  in  the  same  or  in  reverse  directions  at  the 
same  instant  of  time,  and  therefore  reinforce  or  enfeeble 
each  other's  effect. 

This  being  so,  if  a  small  coin  be  attached  by  means  of  a 
little  wax  to  the  tuning-fork  T,  it  will  be  retarded  in  its 
vibrations,  and  will  thus  give  with  the  other  T'  very  marked 
beats.  The  vertical  line  will  then  be  of  variable  length 
sometimes  long  and  sometimes  short,  and  one  of  these 
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changes  to  each  beat.  The  reason  is  simple.  To  each  beat 
there  corresponds  one  reinforcement  and  one  enfeebling  of 
the  sound,  and  therefore  there  is  one  moment  at  which  the 
movements  of  the  two  tuning-forks  are  added  together, 
and  another  at  which  they  enfeeble  each  other's  effect. 
This  vertical  line  can  easily  be  converted  into  an  undulat- 
ing line  by  rapidly  moving  the  tuning-fork  T.     Fig.  33 


Fig.  33. 

is  thus  obtained,  w^here  each  reinforcement  and  enfeeble- 
ment  are  clearly  indicated,  as  also  is  the  whole  beautiful 
form  of  the  phenomenon. 

3.  It  may  also  be  shown  that  the  vibrations  of  a  string 
are  much  more  complicated  than  those  of  a  simple  tuning- 
fork.  Fig.  34  shows  the  arrangement  necessary  for  this 
purpose.  A  mirror  S  is  so  fixed  to  the  window  F  as  to 
be  capable  of  being  turned  in  all  directions ;  this  receives 
a  pencil  of  solar  rays,  and  sends  it  into  the  room  through 
the  slit  S'.  This  illuminates  the  string  (or  better,  a  part 
of  the  string)  of  a  sonometer  A.  The  image  of  the  string 
is  magnified  and  projected  on  a  distant  screen  (not  shown 
in  the  figure)  by  means  of  the  lens  L. 

But  if  the  strinf^  be  caused  to  vibrate,  the  imaGfe  becomes 
larger  and  fainter,  because  the  eye  is  not  able  to  follow 
the  string  in  its  rapid  movement. 

In  order  to  see  the  image  of  the  string  clearly  at  any 
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particular  instant,  it  is  necessary  to  illuminate  it  only 
momentarily,  whilst  the  observers  remain  in  darkness. 
This  can  be  clone,  for  example,  by  the  electric  spark,  which 
has  an  extremely  short  duration.  But  the  illumination 
thus  obtained  is  feeble,  and  the  phenomenon  cannot  be 
observed  at   a  little  distance  off.     The   slit  S',  through 


i^- 


Fig.  34 


which  the  pencil  of  solar  rays  comes  which  illuminates 
the  string,  can  be  closed  and  opened  again  for  only  a  very 
short  time.  By  this  means  a  very  brilliant  illumination 
of  the  vibrating  string  is  obtained  for  an  instant,  and  the 
state  of  the  string  at  that  given  instant  can  thus  be  made 
visible.      But  even  this  method  has  the  fault  that  the 
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phenomenon  lasts  for  an  exceedingly  short  time,  so  that 
it  is  difficult  to  observe  it  in  all  its  minute  details. 

This  method,  however,  may  be  improved  by  being 
arranged  so  as  to  give  an  illumination  of  the  string  at 
very  short  intervals  each  time  that  it  returns  to  the  same 
position.  An  intermittent  series  of  illuminations  is  thus 
obtained,  and  they  succeed  each  other  so  rapidly  that  the 
illumination  appears  constant,  and  causes  the  string  to 
appear  as  if  fixed  in  the  given  position.  The  point,  then, 
is  to  discover  some  means  of  illuminating  the  string  each 
time  that  it  reaches  one  and  the  same  position. 

Tor  this  purpose  use  may  be  made  of  a  disc  of  card- 
board D  (fig.  34),  which  carries  a  certain  number  of  narrow 
slits  (eight  in  all)  disposed  at  equal  distances  round  the 
circumference  of  a  circle.  It  can  be  rapidly  turned  by 
means  of  an  excellent  rotatory  apparatus  B,  set  in  motion 
by  the  weight  P,  and  regulated  by  the  fly  V — an  apparatus 
which  allows  a  uniform  motion  to  be  given  to  the  disc, 
and  also  allows  its  velocity  to  be  varied  at  will.  This 
latter  result  is  easily  obtained  by  increasing  more  or  less 
the  weight  P,  and  modifying  the  form  of  the  fly ;  after  a 
few  trials  it  is  easy  to  find  the  required  velocity. 

The  apparatus  then  operates  as  follows  :  The  disc  being 
placed  before  the  slit  through  which  the  solar  rays  enter, 
intercepts  them  completely ;  but  every  time  that  one  of 
the  slits  in  the  disc  comes  before  the  slit  in  the  shutter, 
the  rays  pass  and  illuminate  the  string.  If,  then,  the 
velocity  of  the  disc  be  so  chosen  that  in  the  time  that  it 
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takes  for  tlie  second,  third,  &c.,  slit  in  the  disc  to  come 
before  the  slit  in  the  shutter,  the  string  makes  a  complete 
movement,  and  returns  to  its  first  position,  the  string 
vill  be  illuminated  intermittently  at  equal  intervals  of 
time,  always  when  it  is  in  the  same  position.  The  string 
ought  to  appear  fixed,  and  present  the  form  wliich  it  has 
at  the  given  moment  and  in  the  given  position.  The 
figures  obtained  are  very  clear  and  complicated,  and  can 
easily  be  drawn,  because  the  phenomenon  remains  as  it 
were  fixed  for  as  long  a  time  as  may  be  wished.  But  it 
changes  its  form  according  to  the  way  in  which  the  string 
is  made  to  vibrate.  If  it  be  plucked  at  a  third,  at  a  fourth 
of  its  length,  or  at  a  seventh  or  eighth,  if  it  be  rubbed 
with  a  bow  at  one  point  or  another,  sensibly  different 
figures  are  obtained. 

Fig.  35  shows,  as  an  example,  the  form  observed  when 


the  string  is  plucked  at  one-seventh  of  its  length.  The 
form  is  complicated,  which  is  the  interesting  circumstance. 
The  image  is  not  equally  clear  and  sharp  at  all  its  points. 
At  the  points  a,  h,  c,  d,  there  is  a  thin  black  line ;  at  the 
intermediate  points  a,  h',  c,  d\  the  image  is  enlarged  and 
fainter.      The  different  portions  of  the  string  at   these 
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latter  points  undergo  very  rapid  vibrations,  which  the 
disc,  on  account  of  its  too  slow  rate  of  rotation,  does  not 
succeed  in  analysing.  These  portions,  then,  behave  as  in 
the  ordinary  case  of  a  string  illuminated  by  continuous 
light,  which  does  not  show  its  form,  but  only  the  limits 
between  which  it  vibrates. 

4.  An  apparatus  of  much  use  in  many  acoustic  re- 
searches, and  especially  in  the  present  question,  is  Scott's 
Phonautograpli  (fig.  36).  A  large  sounding-board  in  the 
form  of  a  paraboloid,  open  at  its  large  end,  and  closed  at  its 
narrowest  part  by  a  very  thin  animal  membrane  M,  which 
is  stretched  more  or  less  by  means  of  three  screws  v  (of 
which  only  one  is  shown  in  the  figure).  A  piece  of  elder 
pith  a  cut  into  a  right  angle  is  attached  to  the  membrane, 
and  carries  at  its  extremity  a  very  light  and  flexible 
point  p. 

A  note  produced  opposite  the  paraboloid  A  is  reinforced 
by  it,  the  membrane  M  vibrates,  the  piece  a  takes  part  in 
these  vibrations  leverwise,  and  the  point  p  vibrates  strongly 
in  a  direction  perpendicular  to  its  own  length.  The  vibra- 
tions are  further  made  visible  by  means  of  the  graphic 
method.  The  point  lo  touches  the  surface  of  the  revolving 
cylinder  C,  and  the  screw  V  serves  to  regulate  this  con- 
tact. The  cylinder  is  covered  by  a  sheet  of  very  smooth 
paper  smoked  in  a  petroleum  flame,  and  a  movement  of 
rotation  is  imparted  to  the  cylinder  by  means  of  the 
handle  M,  or  better  still,  by  means  of  a  clockwork  move- 
ment arranged  to  produce  uniform  rotation,  driven  by  the 
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weiglit  P.  The  axis  of  the  cylinder  C  further  has  a  screw 
cut  on  it,  so  that  the  traces  taken  by  different  turns  are 
not  superposed. 

The  phonautograph  is  a  very  useful  instrument,  which 


Fig.  36. 


may  he  used  for  many  and  various  researches.  The  vibra- 
tions of  a  note  are  traced  by  it  with  great  regularity.  If 
two  organ-pipes  differing  slightly  from  each  other  be  taken 
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■and  beats  be  produced,  they  will  be  traced  with  great 
regularity  on  the  revolving  cylinder.  Very  beautiful 
curves  are  thus  obtained,  similar  to  those  obtained  by  the 
optical  metliod  [fig.  33]. 

But  this  instrument  serves  not  only  to  demonstrate  the 
vibrations,  but  may  also  serve  most  usefully  to  make 
known  the  form  of  the  special  corresponding  curve. 

In  this  respect,  however,  the  instrument  is  not  altogether 
to  be  relied  upon ;  it  may  be  that  it  does  not  register  all 
the  partial  notes  which  enter  into  the  formation  of  the 
compound  note,  and  it  may  also  be  the  case  that  it  adds 
something  on  its  own  account.* 

But  notwithstanding  these  small  defects,  it  shows 
admirably  that  different  and  very  characteristic  curves 
correspond  to  sounds  of  different  timlre.  The  modus 
operandi  is  the  same  in  every  case.  All  that  is  necessary 
is  to  produce  the  sound  to  be  examined  before  the  mouth 
of  the  instrument  with  a  sufficient  degree  of  energy, 
and  the  instrument  then  of  itself  traces  the  required 
curve. 

Fig.  37  represents  some  of  the  most  important  cases  in 
this  respect.  Each  horizontal  line  contains  two  somewhat 
different  curves,  which  however  belong  to  the  same  sound, 
and  which  are  obtained  according  to  the  greater  or  less 

*  The  effect  is  more  certain,  and  the  curves  obtained  are  more  beautiful 
and  clearer,  -when  the  pith  lever  is  reversed  and  only  attached  by  one  end 
to  the  middle  of  the  membrane,  and  the  rectangular  lever  provided  with  a 
joint  so  that  it  can  move  freely.  The  curves  lately  obtained  thus  are 
much  more  beautiful  and  characteristic  than  those  shown  in  fig.  37. 
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degree  of  energy  and  clearness  with  which  the  sound  is 
produced.  Generally  distinct  musical  sounds  give  more 
complicated  and  more  characteristic  curves,  than  faint 
sounds. 

The  first  five  lines  contain  the  curves  obtained  by  the 


St 


Fig.  37. 

vibrations  produced  by  the  strong  voice  of  a  baritone 
singing  the  note  g,  and  pronouncing  more  or  less  clearly 
the  vowels  A,  E,  I,  0,  U.  The  sixth  and  seventh  lines 
contain  the  curves  obtained  from  the  same  note  sounded 
on  the  clarionet  and  trumpet.     The  last  contains  by  way  of 
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complement  the  curve  obtained  by  Quincke,  by  another 
method,  for  a  vibrating  string — tlie  first  half  when  the 
string  was  rubbed  at  one-third,  the  second  when  it  was 
rubbed  at  one-twentieth  of  its  length. 

5.  All  these  curves,  in  their  great  variety,  are  certainly 
interesting,  and  give  rise  to  another  question:  In  what 
relation  do  these  complex  vibrations  stand  to  the  simple 
vibrations  found  in  the  case  of  the  tuning-fork  ?  It  may 
be  easily  demonstrated  that  complex  vibrations  may  be 
considered  as  the  sum  of  2,  3,  or  more  simple  vibrations. 
The  proposition  thus  stated  is  too  general  for  the  purposes 
of  this  treatise,  and  must  be  restricted  to  the  simplest  case 
before  us. 

As  an  example,  suppose  there  to  be  given  three  vibra- 
tions, so  chosen  that  their  lengths  are  inversely  as  1  :  2  :  3 
[fig.  38].  If  it  be  admitted  that  these  three  vibrations  are 
executed  simultaneously  by  the  same  body,  it  is  fairly  easy 
to  determine  the  curve  representing  the  resultant  motion. 

For  this  purpose  all  that  is  needed  is  to  draw  the 
vertical  lines  ah,  ah',  a!'h",  and  to  set  off  on  these  the 
values  for  each  curve  and  add  them  together.  The  curve 
4  is  thus  drawn,  in  which  each  vertical  line  is  equal  to  the 
algebraic  sum  of  the  corresponding  vertical  lines  of  tl^e 
first  three  curves.  This  curve  thus  produced  is  the  curve 
required. 

In  this  way  the  curves  of  fig.  30  have  a  clearly  deter- 
minate meaning.  Curve  1  is  simple;  the  second  is  the 
result  of  two  sets  of  vibrations  whose  lenf]jths  are  in  the 
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proportion  of  2  :  1 ;  the  third  is  formed  by  vibrations  whose 
lengths  are  as  8  :  1. 

It  is  seen  by  these  examples  that  a  complex  curve  may 


Fig.  38. 


be  considered  as  the  resultant  of  certain  simple  curves,  and 
that  the  compound  curve  differs  according  to  the  form  and 
number  of  the  simple  curves  composing  it.     As  a  general 
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proposition,  it  is  the  more  complex,  as  the  number  of  the 
curves  that  compose  it  is  greater  and  their  form  more 
complex. 

As  simple  curves  combined  together  give  a  complex 
curve,  it  may  be  asked  whether'  every  complex  curve  can 
be  decomposed  into  simple  curves.  Proposed  in  these 
terms  the  problem  is  very  general,  and  can  only  be  solved 
by  mathematical  calculation.  It  will  not^  therefore  be 
possible  to  enter  on  it  here ;  but  the  great  importance  of 
the  subject  makes  it  necessary  to  give,  at  all  events,  the 
result  arrived  at.  Calculation  shows  that  such  problems 
can  always  be  solved. 

However  complicated  the  form  of  a  periodic  curve  may 
be,  it  can  always  be  decomposed  into  a  greater  or  less  num- 
ber of  simple  curves,  if  they  be  so  chosen  that  the  relative 
numbers  of  the  vibrations  they  represent  are  in  the  simple 
proportion  of  the  progressive  numbers  1,  2,  3,  4,  5,  &c. 

This  signifies  that  a  complex  curve,  representing,  for 
example,  the  vibrations  of  a  string,  can  always  be  decom- 
posed into  a  curve  representing  a  simple  vibration  of  the 
same  number  per  second ;  and,  further,  into  one  represent- 
ing a  vibration  of  double  that  number,  and  others  repre- 
senting vibrations  of  a  number  triple,  quadruple,  quintuple, 
&c.,  per  second.  But  as  vibrations  whose  numbers  per 
second  are  as  1:2:3:4:5,  &c.,  form  the  notes  in  that 
which  has  been  called  the  harmonic  series,  the  result  of 
mathematical  investigation  may  be  acoustically  expressed 
in  the  following    manner:   Every  musical   sound    whose 
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'Vibrations  have  a  complex  form,  as  those  of  a  string,  can 
he  decomposed  into  a  series  of  simple  notes  all  belonging 
to  the  harmonic  series.  With  this  theorem  in  hand,  we 
ought  to  be  able  to  discover  in  compound  musical 
sounds  all  the  individual  simple  notes  which  compose 
them,  and  we  have  thus  initiated  a  second  experi- 
mental method  of  studying  the  timbre  of  musical 
sounds. 

6.  Experience  shows  that  the  notes  of  a  string  are  not 
always  simple,  but  are  accompanied  by  notes  of  the  har- 
monic series ;  if  a  sonometer  be  taken,  for  example,  and 
the  string  be  caused  to  sound  so  that  it  gives  the  funda- 
mental note.  The  reader  already  knows  that  the  har- 
monics are  obtained  by  dividing  the  string  into  2,  3,  4,  &c., 
parts  (see  Chapter  i.),  and  that  the  fundamental  note  being 
equal  to  1,  the  harmonics  are  represented  by  the  pro- 
gressive numbers  2,  3,  4,  &c. 

SeebecJcs  siren  (fig.  29)  also  serves  admirably  for  pro- 
ducing the  harmonics.  If  there  be  placed  on  the  axis  of 
rotation  a  disc  which  contains  the  following  concentric 
series  of  holes : — 

8,  16,  24,  32,  40,  48,  56,  64, 
which  are  in  the  ratios  of — 

1:2:3:4:5:6:7:8, 
the  harmonics  of  the  fundamental  note  are  produced  in 
absolutely  correct  proportions.     These  notes  must  not  be 
confounded  with  those  of  the  musical  scale.     They  are, 
especially  the  first,  very  distant  from  each  other. 
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In  fact,  from  the  fundamental  note  1  we  pass  to 
its  octave  2,  thence  to  the  fifth  of  its  octave  3,  and 
thence  to  the  second  octave  above  4;  whilst  in  the 
musical  scale  the  successive  notes  are  considerably  closer 
together. 

This  being  understood,  it  is  not  difficult  to  demonstrate 
that  in  the  case  of  a  vibrating  string  the  fundamental  note 
is  accompanied  by  its  harmonics.  With  a  little  attention, 
and  without  recourse  to  special  experiments,  the  presence 
of  the  third  harmonic  may  be  perceived  by  the  ear  alone. 
The  latter  becomes  especially  perceptible  when  the  sound 
of  the  string  has  grown  faint,  because  the  fundamental 
note  dies  away  more  rapidly  than  the  third  harmonic,  and 
therefore  makes  it  more  prominent ;  also  the  fifth  harmonic 
is  easily  perceptible.  The  second  and  fourth  harmonics 
are  less  quickly  perceived,  because  they  represent  the  first 
and  second  octaves  of  the  fundamental  note,  and  are  easily 
confounded  with  it. 

The  same  fact  is  met  with  in  the  strings  of  a  piano- 
forte. Sounding  a  somewhat  low  note — a  c,  for  example — 
the  octave  of  the  next,  g,  is  easily  perceived,  which  is  its 
third  harmonic,  and  the  e  of  the  next  octave,  which  is  its 
fifth  harmonic.  The  other  harmonics  can  also  be  heard, 
but  w^ith  greater  difficulty.  The  seventh  harmonic  is 
wanting,  because  pianofortes  are  generally  so  constructed 
that  the  hammer  strikes  the  string  almost  exactly  at  the 
point  which  corresponds  to  a  node  of  the  seventh  harmonic 
— that  is  to  say,  strikes  at  a  seventh  of  the  length  of  the 
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string,  whicli  prevents  the  formation  of  a  node  at  that 
point. 

Harmonics  are  met  with  also  in  other  instruments ;  but 
if  they  are  difficult  to  perceive,  as  often  happens,  either 
because  they  are  too  much  mixed  up  with  the  fundamental 
note,  as  is  the  case  with  the  human  voice,  or  because  they 
are  too  feeble,  recourse  may  be  had  with  great  success  to 
Helmholt^s  resonators  (see  fig.  22). 

It  has  been  seen  [Chapter  iii.]  that  these  are  nothing  more 
than  sounding-boards  of  spherical  or  cylindro-conical  form 
which  are  fitted  to  the  ear,  and  wliich  reinforce,  each  one, 
according  to  its  volume,  some  one  particular  note.  It  is 
enough  to  be  provided  with  a  series  of  these  reso- 
nators for  the  different  notes  that  may  be  met  with,  to 
have  a  very  efficacious  means  of  proving  the  presence 
of  any  particular  note,  however  feeble  it  may  be,  in  the 
midst  of  many  others.  The  researches  made  on  this  point 
demonstrate  that  musical  sounds  produced  by  different 
instruments  have  different  harmonics,  or  at  least  in  a 
different  measure. 

A  note  not  accompanied  by  its  harmonics  may  some- 
times be  sweet,  but  it  is  always  thin  and  poor,  and  there- 
fore but  little  musical.  This  is  the  case  with  tunino^-forks. 
Even  the  stopped  organ-pipe  is  almost  without  harmonics ; 
the  result  is,  that  it  gives  a  hollow  and  by  no  means 
agreeable  sound,  somewhat  like  the  vowel  u.  The  har- 
monics become,  therefore,  an  almost  indispensable  condition 
of  musical  sounds  properly  so  called.     When  the  funda- 
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mental  note  is  accompanied  by  the  lower  harmonics  2,  3, 
&c.,  it  acquires  a  broad,  open,  soft  character.  If,  on  the 
other  hand,  it  is  the  higher  harmonics  that  prevail,  the 
sound  acquires  a  shrill  or  clanging  character — as,  for  ex- 
ample, in  the  trumpet,  &c. 

The  richest  in  harmonics  are  the  sounds  of  the  human 
voice  and  of  strings,  and  it  is  for  this  reason  that  instru- 
ments of  this  class  are,  and  always  will  be,  the  most  musical. 

7.  The  timhre  of  musical  sounds  is  produced,  then,  by 
the  presence,  in  greater  or  less  number  and  degree,  of  the 
harmonics  which  accompany  the  fundamental  note.  A 
musical  sound  is  always  a  compound  sound,  its  vibrations 
are  more  or  less  complicated,  and  it  by  itself  alone  consti- 
tutes a  true  harmony,  especially  if  the  seventh  harmonic 
be  wanting,  which  does  not  form  a  part  of  our  musical 
system.  It  follows  that  in  combining  two,  three,  or  more 
musical  sounds  in  order  to  form  a  chord,  it  is  not  enough 
that  the  fundamental  notes  should  bear  simple  ratios  to 
each  other,  but  it  is  also  necessary  that  the  harmonics 
should  obey  this  law.  Also  the  resultant  notes,  which 
may  be  formed  by  all  these  notes,  must  enter  into  the 
same  system  of  harmony.  We  can  thus  formulate  a  law 
for  harmony  not  only  vaster  and  more  general,  but  also,  as 
will  be  hereafter  seen,  even  more  simple. 

In  fact,  suppose  that  there  be  given  the  fundamental 
note  1 ;  the  harmonics  will  be  represented  by  2,  3,  4,  5,  &c., 
whence  the  complication  of  notes  will  be  expressed  by — 
1,  2,  3,  4,  5,  &c. 
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Suppose  that  the  octave  be  also  given,  which  is  represented 
by  2,  and  with  it  the  harmonics  of  the  doubled  num- 
bers— 

2,  4,  6,  8,  &c. 

It  is  seen  that,  in  fact,  the  octave  does  not  possess  a 
single  new  note.  It  only  repeats  certain  of  the  harmonics 
of  the  fundamental  note ;  therefore  by  combining  together 
the  fundamental  note  and  the  octave,  the  only  effect 
produced  is  the  reinforcement  of  some  of  the  harmonics 
abeady  existing  in  the  fundamental  note.  It  follows  that 
the  fundamental  note  and  octave  cannot  strictly  be  consi- 
dered as  two  separate  musical  sounds;  their  harmony  consti- 
tutes one  single  musical  sound  of  somewhat  modified  timbre. 
And  this  is  what  really  takes  place  in  instruments  that 
are  rich  in  harmonics — as,  for  example,  the  vioKn. 

Adding  the  fifth,  which  is  represented   by  f,  to  this 
chord,  the  harmonics  comprised  in  the  fifth  itself  will  be — 

I,  3,  I,  6,  &c. 
Some  of  these  notes,  as  3,  6,  &c.,  are  comprised  in  the 
fundamental  note;  but  f,  |,  &c.,  are  new  notes.  The 
chord  with  the  fifth  is  less  perfect  than  that  with  the 
octave ;  but  we  can  make  it  more  perfect  by  adding  as  a 
reinforcement  the  octave  below  the  fundamental  note, 
which  is  expressed  by  i,  and  has  for  harmonics — 

Y'    ■'-'    2>   ^f    2>  ^>  ^^' 

Eeferring  the  fifth  to  this  low  note,  we  see  that  all  its 
harmonics  are  already  comprised  in  those  of  the  latter ;  in 
fact,  I,  -J,  &c.,  are  the  third,  ninth,  &c.,  harmonics  of  the 
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fundamental  note  J.  In  this  way  the  harmony  becomes 
more  perfect.  This  is  the  reason  why  the  chord  of  the 
fundamental  note  with  the  fifth  and  octave  sounds  rather 
hollow  and  poor,  and  is  considerably  improved  when  the 
lower  octave  of  the  fundamental  note  is  added. 

A  somewhat  similar  conclusion  is  arrived  at  by  adding 
to  this  same  chord  the  major  third,  which  with  its 
harmonics  is  expressed  by — 

5      5      15      ^p 

These  notes  do  not  exist  in  the  fundamental  note,  but 
if  the  second  octave  below  the  fundamental  note,  which 
is  expressed  by  -[,  be  added,  they  all  become  harmonics, 
though  distant  ones,  of  this  note. 

The  conclusion  to  be  drawn  from  this  is  that  it  is 
necessary  to  add  to  the  perfect  chord  of  fundamental  note, 
major  third  and  octave,  the  two  octaves  below,  in  order  to 
render  it  really  agreeable.  This  conclusion  agrees  with 
that  which  experience  has  taught  for  a  great  length  of 
time.  In  fact,  in  practical  music  this  chord  is  always 
%vTitten  as  is  shown  below  at  1,  and  never  as  at  2  or  3. 


i 


i. 


2. 


^ 


IS-- 
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It  may  appear  strange  that  in  the  perfect  chord  the 
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fundamental  note  and  its  octaves  should  occupy  four 
places,  whilst  the  third  and  fifth  occur  only  once,  and 
it  might  appear  that  in  this  arrangement  there  was  a 
want  of  balance  between  the  different  notes. 

Certainly  this  preponderance  of  the  fundamental  note 
would  be  inexplicable  by  the  laws  developed  in  the 
preceding  chapters,  when  account  was  taken  only  of 
the  simple  ratios.  The  reason  becomes  evident  by  the 
considerations  just  now  made ;  it  is,  that  in  the  perfect 
chord  all  the  notes  must  be  considered  as  a  simple  rein- 
forcement of  the  fundamental  note.  The  perfect  chord 
becomes,  in  fact,  a  single  musical  sound,  of  very  musical 
quality,  and  with  a  very  rich  and  varied  timhre. 

The  conclusion  is  thus  arrived  at,  that  chords  are  so 
much  the  more  agreeable  to  the  ear  as  fewer  new  notes 
are  added  to  the  fundamental  note ;  in  the  most  agreeable 
chord  of  all,  the  perfect  chord,  not  a  single  new  note  is 
added.  This  conclusion  becomes  the  more  evident,  the 
richer  the  musical  sounds  at  our  disposal  are  in  harmonics. 
It  is  also  easily  explained  by  the  conformation  of  the  ear, 
which  finds  a  chord  the  more  agreeable,  the  less  effort  is 
necessary  to  understand  it. 

8.  The  timhre  of  musical  sounds  is  not  only  caused  by 
the  harmonics  which  accompany  in  different  degrees  the 
fundamental  note,  but  also  by  the  more  or  less  distinct 
noises  which  are  caused  by  the  special  method  by  which 
the  sounds  are  produced.  A  string  rubbed  by  a  bow 
always  allows   the   sound   of  something  scraping  to  be 
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heard ;  at  the  embouchure  of  an  organ-pipe  the  blowing 
of  the  air  is  heard ;  in  the  pianoforte  the  hammer  is 
distinctly  heard  as  it  strikes  the  string,  and  so  on.  Gene- 
rally speaking,  as  we  are  accustomed  to  hear  these  noises 
from  our  earliest  infancy,  it  is  these  above  all  that  teach 
us  to  distinguish  one  instrument  from  another,  whilst  the 
harmonics  are  unnoticed,  although  they  may  be  mucli 
louder  than  the  noises  spoken  of. 

In  fact,  if  the  harmonics  that  accompany  a  note  on  the 
violin  are  always  the  same,  as,  with  the  exception  of  very 
slight  differences,  is  really  the  case,  there  is  no  reason  in 
practical  life  to  induce  us  to  go  farther  into  the  matter,  or 
to  analyse  and  examine  as  to  the  extent  to  which  they 
may  be  present.  It  is  for  this  reason  that  the  harmonics 
remained  so  long  unobserved,  and  that  even  now  many 
practical  musicians  are  unacquainted  wdth  them,  or  look 
upon  them  as  subjective  phenomena. 

Our  ear  does  not  advance  in  analysis  farther  than  it 
ought ;  it  obeys,  in  this  respect,  also  that  which  appears 
to  be  a  fundamental  law  of  nature — that  is,  it  obtains  its 
purpose  with  the  least  exertion  and  the  least  labour  pos- 
sible. It  may  be  easily  demonstrated  that  the  ear  does 
not  separate  notes  to  the  concomitance  of  which  it  has 
been  long  accustomed.  By  taking  a  series  of  tuning- 
forks  giving  the  harmonic  series,  and  setting  them  in 
action,  in  a  short  time  their  notes  become  so  mixed 
together  as  to  appear  only  one  note.  If,  then,  another 
tuning-fork,  which  by  itself  gives  a  good  harmony  with 
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the  fundamental  note — as,  for  example,  | — but  which  is  not 
a  harmonic  of  the  fundamental  note  1,  be  set  vibrating, 
the  presence  of  this  new  note  almost  immediately  disturbs 
the  equilibrium  of  the  harmonics  ;  the  ear  is  then  induced 
to  analyse  what  it  perceives,  and  all  the  notes  are  dis- 
tinctly heard.  For  the  same  reason  it  is  very  difficult 
to  perceive  the  harmonics  of  the  human  voice,  however 
numerous  and  strongly  pronounced  they  may  be.  It  is 
necessary  for  this  to  have  recourse  to  more  minute 
methods  of  analysis,  and  in  this  respect  Helmholtz's 
resonators  are  of  the  greatest  use.  But  at  the  same 
time  I  will  describe  an  instrument  founded  on  the  use 
of  resonators,  and  constructed  by  the  mechanician  Komg 
for  the  purpose  of  making  the  results  visible  even  to  a 
numerous  audience. 

9.  The  apparatus  (fig.  39)  is  composed  of  eight  resona- 
tors adapted  to  the  harmonic  series  of  the  fundamental 
note  c.  At  the  back  of  each  one  an  indiarubber  tube 
puts  the  orifice  in  communication  with  a  capsule,  closed 
by  an  elastic  membrane.  In  front  of  this,  gas  enters 
and  burns  under  the  form  of  a  small,  very  mobile  flame. 
Eight  flames,  therefore,  correspond  to  the  eight  resonators. 
When  the  air  vibrates  in  one  of  the  resonators,  the  vibra- 
tion is  communicated  to  the  flame,  and  its  vibrations  are 
observed,  as  is  described  in  the  first  chapter,  by  means 
of  a  revolving  mirror,  which  is  turned  by  a  handle. 
In  order  to  know  if  the  sound  of  a  given  instrument  or 
of  the  human  voice  contains  harmonics,  and  what  they 
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may  be,  all  that  is  needful  is  to  produce  close  to  tlie 
apparatus  a  note  corresponding  in  pitch  to  the  largest 
resonator — that  is  to  say,  c — which  represents  the  funda- 
mental note.     Then,  if  tliere  be  harmonics,  they  will  set 
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the  resonators  in  action,  and  thence  the  corresponding 
flames,  and  a  glance  at  the  revolving  mirror  is  all  that  is 
required  in  order  to  recognise  them  immediately. 
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By  means  of  this  most  ingenious  instrument  it  may  be 
demonstrated  that  all  musical  instruments  have  harmonics, 
and  it  is  immediately  seen  which  these  harmonics  are. 

The  same  may  be  said  of  the  human  voice,  which  is 
very  rich  in  these  notes.  If  a  c  be  sung  near  the  instru- 
ment, many  flames  will  be  seen  to  vibrate.  But,  following 
the  example  of  Helmlioltz,  it  may  be  demonstrated  that  the 
different  vowels  pronounced  whilst  singing  a  note  give 
different  harmonics.  In  order  to  show  this,  sing  the 
fundamental  note,  and  at  the  same  time  pronounce  suc- 
cessively the  different  vowels.  The  harmonics  can  thus 
be  easily  observed,  which  accompany  the  fundamental 
note  in  different  degrees.  The  following  results  are 
obtained  in  the  case  we  are  considering : — 

The  vowel  U  is  composed  of  the  fundamental  note 
very  strong,  and  the  third  harmonic  sufficiently  pro- 
nounced. 

0  contains  the  fundamental  note,,  the  second  harmonic 
very  strong,  and  the  third  and  fourth  harmonics  slightly. 

The  vowel  A  contains,  besides  the  fundamental  note,  the 
second  harmonic  feeble,  the  third  strong,  and  the  fourth 
feeble. 

E  has  the  fundamental  note  feeble,  the  second  harmonic 
rather  strong,  the  third  feeble ;  on  the  other  hand,  the 
fourth  is  very  strong  and  the  fifth  feeble. 

/  has  very  high  harmonics,  especially  the  fifth,  strongly 
marked. 

These  differences,  which  are  easily  observed,  arise  from 
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the  forms  assumed  by  the  mouth,  tongue,  and  lips  in  the 
pronunciation  of  the  different  vowels.  They  are  not 
exactly  the  same,  as  they  depend  on  the  timbre  of  the 
voice  of  the  person  pronouncing  them,  on  the  special 
character  of  the  language  in  which  they  are  pronounced, 
and  also  on  the  pitch  of  the  note  selected  as  the  funda- 
mental note.  This  last  fact  may  be  understood  when  it 
is  considered  that  the  mouth  itself  acts  as  a  resonator  of 
variable  form  and  size.  The  results,  therefore,  are  compli- 
cated, and  I  will  only  draw  attention  to  them. 

But  if  it  be  true  that  the  timhre  of  the  vowels  is  con- 
stituted in  the  way  briefly  indicated  above,  we  ought  to 
be  able  to  reproduce  the  different  vowels  by  synthesis,  by 
combining  the  fundamental  note  with  its  harmonics  in 
the  proper  proportions.  This  work  has  been  actually 
accomplished  by  Helmholtz,  who  made  use  for  this  purpose 
of  stopped  organ-pipes,  which  gave  sensibly  simple  notes. 
He  arranged  them  according  to  the  harmonic  series,  and 
combining  them  together  in  the  way  indicated  above, 
succeeded  in  making  the  fundamental  pipe  speah  the 
different  vowels  in  a  clearly  pronounced  manner.  The 
demonstration  is  therefore  complete,  and  certainly  con- 
stitutes one  of  the  great  triumphs  of  science. 


CHAPTEE  IX. 

1,  Difference  between  science  and  art — 2.  Italian  and  German 
MUSIC — 3  AND  4.  Separation  of  the  two  schools — 5.  Influence 
OF  Paris — 6.  Conclusion. 

1.  The  laws  of  timbre  are  the  basis  of  the  theory  of 
instrumentation,  and  also  embrace  the  whole  of  harmony. 
Thanks  to  them,  all  that  has  been  explained  heretofore  is 
reducible  to  one  single  principle — that  is.  That  musical 
notes  must  satisfy  the  laws  of  harmony,  and  that  this  is  the 
more  perfect,  the  more  the  notes  of  a  chord  reinforce  the 
fundamental  note.  Thus  the  idea  of  the  tonic  and  the 
fundamental  chord  loses  its  character  of  only  practical 
utility ;  it  becomes  a  necessary  consequence  of  this 
law. 

Science  has  succeeded  in  taking  in  from  one  single 
point  of  view  this  grand  and  admirable  assemblage  of 
facts,  which  are  required  in  the  history  and  development 
of  music.  It  is  in  a  position  to  deduce  rigorously  the 
rules  of  the  art  of  music,  and  could  easily  create  it  anew 
if  it  happened  to  be  lost. 

But  I  should  not  wish  these  words  of  mine  to  raise  in 
the  minds  of  my  readers  the  idea  that  science  can  be  or 
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desires  to  be  substituted  for  art.  In  art  there  is  one  thins 
that  escapes  all  calculation,  which  science  indeed  can 
explain  up  to  a  certain  point  when  it  has  taken  a  palpable 
form,  but  which  it  can  neither  predict  or  modify :  this  is 
Poetic  Inspiration.  As  the  most  profound  knowledge  of 
grammar,  of  syntax  and  prosody,  is  not  sufficient  to  make 
even  a  mediocre  poet,  so  the  most  accurate  study  of  the 
laws  of  harmony  and  of  instrumentation  would  not  be 
enough  to  create  a  composer.  Composition  and  criticism 
are  two  diametrically  opposite  operations  of  the  human 
mind :  they  ought  to  go  hand  in  hand,  and  as  far  as  pos- 
sible with  a  common  agreement,  and  be  complementary 
one  to  the  other ;  but  the  critic  will  never  be  a  great  com- 
poser, nor  the  composer  a  true  critic. 

I  have  endeavoured  to  pass  before  my  readers  in  rapid 
review  the  most  important  facts  of  the  history  of  music,  and 
have  especially  endeavoured  to  show  how  even  the  most 
fantastic  creations  of  man  may  be  linked  to  certain  simple 
laws  which  science  has  revealed.  These  laws  were  cer- 
tainly unknown  to  those  great  men  of  genius  who  have  left 
an  imperishable  record  in  their  works.  They  were  only 
guided  in  their  paths  by  feeling,  fancy,  and  inspiration. 
Science  came  afterwards  and  only  explained.  And  it 
will  always  be  thus  even  in  the  future.  The  thought, 
therefore,  will  never  enter  into  our  mind  to  prophesy 
what  music  will  be  fifty  or  a  hundred  years  hence,  and, 
artistically  speaking,  it  will  be  on  the  ascending  or 
descending  branch  of  the  parabola;   the  more  so  as  the 
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sesthetic  principles  to  which  the  art  successively  conforms 
have  no  absolute  value.  But  it  may  be  said  with  cer- 
tainty that  no  single  thing  will  ever  be  accepted  which  is 
clearly  contrary  to  the  broad  principles  already  established 
by  science.  And  with  this  my  task  would  be  finished; 
but  I  do  not  wish  to  leave  this  interesting  subject,  or  to 
close  this  treatise,  without  touching  on  some  few  other 
questions  which  have  latterly  been  much  agitated, 
and  which  belong  to  the  artistic  patrimony  of  modern 
Europe. 

2.  Much  has  been  said  about  the  great  substantial 
difference  separating  the  Italian  and  German  music.  The 
former  is  called  simple,  intelligible,  and  melodious;  the 
latter  complicated,  studied,  obscure,  and  transcendentaL 
And  it  is  sought  to  find  in  this  one  of  the  characteristic 
features  of  difference  between  the  two  nations.  It  is  true 
that  in  the  last  and  present  centuries  Italian  musicians 
have  cultivated  by  choice  melody  and  song,  and  it  is  also 
true  that  in  German  music  the  study  of  harmony  and 
of  choral  and  instrumental  scoring  has  been  carried  to  an 
admirable  degree  of  perfection;  but  it  is  not  true  that 
this  has  always  been  the  case,  and  it  would  be  a  great 
error  to  endeavour  to  find  in  these  facts  a  distinctive 
characteristic  of  the  two  nations. 

In  the  Middle  Ages  matters  were  exactly  reversed ;  the 
first  centuries  of  polyphonic  music  were  marked  in  Italy 
by  immense  complication.  Voices  linked  together  in  a 
most   artificial   manner,   different   movements   fused    to- 
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getlier  according  to  complicated  and  obscure  rules,  were 
the  characteristics  of  Italian  polyphonic  music  up  to 
the  time  of  Palcstrina.  The  Protestant  Eeformation  pro- 
duced in  Germany  simple  harmony  and  simple  song,  a 
form  of  music  at  once  clear,  easy,  and  transparent.  No 
comparison  is  possible  as  to  simplicity  between  the  first 
Protestant  chants  and  the  Italian  music  of  this  same 
Palestrina,  w^ho  was,  however,  the  great  reformer  and 
simplifier  of  Italian  polyphonic  music. 

After  this  epoch  the  two  nations  continued,  in  re- 
spect to  style,  almost  on  the  same  road.  Italy  decidedly 
took  the  lead,  thanks  to  her  enormous  musical  activity, 
and  to  the  considerable  number  of  men  of  real  creative 
power. 

From  this  moment  progress  was  rapid  and  continuous. 
Viadana  wrote  the  first  melodies,  and  added  as  their 
accompaniment  the  continuous  bass  ;  Carissimi  and  Scar- 
latti may  be  considered  as  the  inventors  of  expressive 
recitative.  To  this  last  true  musical  genius  we  owe  the  in- 
vention of  the  aria,  which  with  its  first  and  second  part  and 
repetition  represents  in  music  almost  that  which  the  column 
represents  in  architecture.  In  his  operatic  essays  he  intro- 
duced the  recitativo  dbligato,  and  initiated  by  this  the  change 
from  the  first  Italian  style  to  the  second,  a  change  which 
his  great  disciples  and  emulators  Durante,  Leo,  and  Greco 
thoroughly  efi'ected.  Thanks  to  tlieir  efforts,  music  threw 
off  its  character  of  great  severity,  and  its  rigid  rules  of  har- 
mony and  counterpoint.     In  their  hands,  and  in  those  of 
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the  bold  innovator  Claudio  Monteverde,  it,  on  the  contrary, 
underwent  considerable  instrumental  development,  with 
more  broadly  and  freely  distributed  melody,  followed  by 
accompaniments  of  greater  simplicity  and  of  freer  scope. 
For  the  austere  movement  was  substituted  clear,  simple, 
ingenuous  sentiments ;  plastic  beauty,  exact  time,  main- 
tained with  grace  and  fine  discrimination  in  the  midst  of 
most  beautiful  melodies,  was  the  character  assumed  by  music 
in  the  seventeenth  century,  a  character  which  is  especially 
to  be  recognised  in  the  ecclesiastical  music ;  whilst  in  opera, 
notwithstanding  all  efforts,  the  form  still  remained  very 
primitive.  This  movement  continued  up  to  the  eighteenth 
century.  Following  close  on  church  music,  opera  deve- 
loped more  and  more,  and  with  the  history  of  this  move- 
ment the  names  of  Pergolese,  Ficcini,  Sacchini,  Jomelli, 
Cimarosa,  and  Pacsiello  remain  connected.  This  creative 
activity  was  communicated  to  Germany,  where  it  took 
a  new  form  and  a  surprising  development.  Men  like 
Hdndel,  Haydn,  Bach,  Gluck,  Mozart,  gave  a  wonderful 
breadth  of  idea  to  music;  but,  with  the  exception  of 
GlucJc,  they  must  be  considered  as  the  fruitful  and  genial 
continuers  of  the  Italian  movement,  whicli  they  carried 
out  in  much  tlie  same  spirit  as  the  Italian  composers 
themselves.  To  show  how  little  the  two  differed,  we  need 
only  compare  the  "  Matrimonio  segreto  "  of  Cimarosa  with 
Mozart's  "  ISTozze  di  Figaro."  One  would  say  that  they  were 
two  works  of  the  same  school,  and  composed  by  two 
brothers  in  art,  of  which  the  first  was  the  most  facile,  most 
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clieerful,  and  most  elegant ;  the  second  the  broader,  richer, 
and  more  profound. 

3.  The  distance  between  the  German  and  Italian  music 
is  most  evident  in  the  case  of  the  works  of  Gluck  and 
Beethoven  on  the  one  hand,  and  the  works  of  Rossini  on 
the  other.  Wliilst  in  the  middle  of  the  last  century  the 
two  schools  did  not  differ  much  from  each  other,  and 
the  Italian  music  then  closely  resembled  the  German,  the 
executive  part  of  the  art  took  a  different  direction  in  Italy. 
The  last  century  is  the  century  of  grand  Italian  song. 
Italy  surprised  the  world  by  the  number  of  distinguished 
singers  she  produced,  and  by  the  serious  and  solid  method 
on  which  her  schools  of  singing  were  organised.  These 
singers  overran  Europe,  passing  from  triumph  to  triumph, 
feted  by  aU,  and  idolised  in  an  almost  incredible  manner. 
But  it  was  precisely  the  great  importance  to  which  the 
Italian  school  of  singing  rose  which  became  the  cause  of 
its  downfall  in  real  value.  The  singers  began  to  consider 
themselves  as  the  thing  of  greatest  importance,  and  as  the 
basis  on  which  the  grandeur  of  Italian  music  reposed. 
For  them  the  composition  was  the  pretext ;  their  principal 
aim,  to  shine  as  much  as  possible.  It  then  came  about 
that  the  music  being  too  simple  to  afford  them  the  means 
of  shining,  they  substituted  for  simple  melody  a  more 
complicated  form,  interpolating  turns  and  shakes,  cadences 
and  ornamentations  of  every  kind,  to  the  manifest  detri- 
ment of  the  composer  and  of  musical  good  taste.  The 
great   masters   of  that   time   submitted   to  this  state  of 
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things,  being  powerless  to  remedy  it.  Then  came  Rossini, 
who  thought  it  better  to  write  complicated  melodies  with 
scales,  cadences,  and  difficulties  of  every  sort  himself, 
since  thus  alone  could  good  taste  be  even  partially  saved. 
He  acted  like  certain  politicians,  who  put  themselves  at 
the  head  of  a  movement  in  the  hope  of  being  thus  better 
able  to  control  it. 

The  richness  and  variety  of  his  forms  are  truly  admir- 
able ;  but  it  is  evident  that  true  musical  conception  must 
suffer  under  these  continued  shakes  and  turns.  There  is 
only  one  purpose  for  which  this  light  and  varied  style 
seems  fitted,  and  that  is  for  comic  opera;  and  in  this 
respect  Eossini  has  left  an  undying  model  of  grace  and 
freshness  in  the  "  Barbiere  di  Siviglia."  In  his  later  works, 
in  the  style  of  grand  opera,  Eossini  abandoned  this  style 
almost  completely.  His  last  opera,  "  Guglielmo  Tell,"  is 
entirely  without  ornamentation,  and  in  some  parts — as, 
for  example,  in  the  trio  and  in  the  conspiracy  in  the 
second  act — rises  to  an  incomparable  elevation. 

But  this  more  chaste  and  correct  style  of  Eossini's 
was  formed  away  from  Italy,  by  tendencies  and  ideas 
different  from  those  that  there  held  sway.  For  Italy, 
the  alienation  was  effected,  and  could  not  easily  be  again 
undone.  Under  his  more  important  successors,  as  Bellini 
and  Donizetti,  music  acquired  the  character  of  simple 
song — often  deep  and  feeling,  often  light,  superficial,  and 
cloying. 

The  impression  which  the  composer  of  "Norma"  has 
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produced,  and  still  produces  by  his  beautiful  and  deeply- 
felt  melodies,  the  interest  that  Donizetti  inspires  by  the 
elegance  of  style  displayed  in  his  best  works,  ought  not 
to  make  us  lose  sight  of  the  fact  that  the  superabundance 
of  melody  is  not  suited  to  the  requirements  of  the  modern 
stage.  Save  for  many  very  beautiful  exceptions,  senti- 
mentality took  the  place  of  real  sentiment ;  and  dramatic 
expression  was  to  a  great  extent  obscured,  and  often  never 
sought  after.  Then  came  Verdi,  who  felt  that  this 
continual  melody  would  at  last  corrupt  all  minds.  For 
beautiful  melody  he  substituted  movement,  which  was 
not  yet  dramatic  feeling,  but  contained  strength  and 
vigour,  even  though  it  were  sometimes  in  a  rather  rugged 
form.  This  style  of  writing  was  pleasingly  in  accord- 
ance with  the  national  aspirations.  Italy  at  that  time 
was  awaking  to  a  new  life ;  she  felt  the  want  of  move- 
ment and  strong  emotions.  Patriotism  therefore  laid 
hold  of  the  music  of  Yerdi,  made  it  entirely  popular, 
and  used  and  abused  it  freely.  But  musical  good  taste 
and  the  school  of  singing  suffered  immensely.  Latterly, 
Verdi  has  considerably  modified  his  style  of  writing, 
and  has  openly  drawn  nearer  to  the  German  school,  or 
has  at  all  events  diminished  the  great  distance  which 
formerly  separated  our  school  of  music  fi'om  the  Ger- 
man school. 

From  "  Nabucco  "  and  "  Ernani "  to  "  Eigoletto  "  and 
"  II  Ballo  in  Maschera,"  and  from  these  to  "  Aida,"  the 
progress  in  this  direction  is  continuous.     These  examples, 
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besides  being  well  known,  are  discussed  ever^^wliere  with 
interest  and  eagerness. 

4.  Although  the  rupture  came  from  the  Italian  side,  it 
was  first  brought  ahout  on  the  side  of  Germany.  Gluck 
introduced  and  developed  wonderfully  the  conception  of 
dramatic  music,  which  proposes  as  its  object  to  adapt  the 
music  better  to  the  words,  and  to  create  a  musical  work 
of  art  capable  of  producing  on  the  hearers  the  same 
sensations  that  the  text  which  accompanies  it  produces. 
In  this  respect  music  is  an  inexhaustible  mine  of  truly 
artistic  effects.  It  is  superior  in  many  points  to  poetry — 
sometimes  in  the  expression  of  the  terrible,  and  sometimes 
in  the  expression  of  the  really  gentle  emotions.  To  prove 
this,  it  is  enough  to  recall  in  modern  works  the  love  scene 
between  Faust  and  Marguerite  described  musically  by 
Gounod,  to  conclude  that  the  grand  poetry  of  Goethe  has 
not  only  not  suffered  here,  hut  that  the  effect  is  somewhat 
modified  and  idealised  rather  than  diminished.  We  need 
only  recall  again  the  duet  between  Eaoul  and  Yalentina,  in 
"Gli  Ugonotti,"  in  which  all  emotions  from  patriotism  to  love, 
and  from  love  to  terror,  are  described  with  vividness  and 
incomparable  feeling,  which,  in  spite  of  some  exaggerations, 
strike  us  profoundly ;  lastly,  the  terrible  scene  in  Weber  s 
"Der  rreischiitz,"' where  terror  is  carried  to  the  highest 
degree  of  musical  expression.  Music,  which  in  many 
respects  remains  inferior  to  poetry,  shows  itself,  on  the 
other  hand,  superior  to  it  in  others  where  dramatic  effect 
and  feeling  are  strongly  marked. 
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A  greater  separation  took  place,  caused  by  Beethoven,  the 
great  and  true  creator  of  modern  instrumental  music. 
From  this  time  the  German  school  separated  more  and 
more  from  the  common  road  it  had  trodden  in  company 
with  the  Italian  school.  Mendelssohn,  Schuman,  and 
lastly  Wagner,  are  only  a  continuous  gradation  on  this 
path.  Music  acquired  a  more  and  more  instrumental 
character,  and  free  singing  became  obscured.  To  use 
a  celebrated  phrase,  which  is  perliaps  exaggerated,  but 
which  sharply  depicts  the  actual  state  of  things,  it  may 
be  said  that  in  Italian  music  the  orchestra  had  become 
a  big  guitar,  only  intended  to  accompany  the  singing; 
but  it  may  also  be  said  that  in  the  German  music  the 
singers  had  become  walking  orchestral  instruments.  It 
must,  however,  be  admitted  that  whilst  Italian  music  has 
undergone  in  this  century  a  sensible  decline,  in  Germany 
it  has  remained  elevated.  The  study  of  harmony  and 
grand  orchestral  movements  and  deep  dramatic  feeling  and 
expression,  notwithstanding  some  too  realistic  exaggera- 
tions and  some  trivialities,  have  been  brought  to  a  high 
degree  of  perfection  by  the  intellectual  influence  oi  Richard 
Wagner.  We  owe  it  to  him,  that  for  libretti — almost 
always  insipid,  and  which  served  as  bare  excuses  for  the 
musical  part  of  the  work — ^lias  been  substituted  a  more 
masculine  and  independent  form  of  poetry.  The  closer 
union  of  poetry  and  music,  in  which  both  arts  advance 
with  regular  step  without  one  being  smothered  by  the 
other,   constitutes   perhaps   the    most    salient  and  most 
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beautiful  character  of  his  music,  which  is  almost  always 
lofty,  most  rich,  and  which  transports  us  to  an  ideal 
sphere. 

I  say  this  in  spite  of  all  the  clamour  which  has  been 
raised  on  both  sides  of  the  Alps  against  the  "  music  of  the 
future."  It  is  reproached  with  being  too  studied  and 
too  refined,  and  with  leaning  not  towards  feeling,  but 
calculation  and  combination. 

But  we  need  only  listen  to  it  with  attention  and 
without  prejudice  to  be  convinced  of  the  greatness  and 
number  of  the  beauties  which  it  contains.  The  prelude 
to  "  Lohengrin,"  the  song  to  the  swan,  many  passages  in 
"  Tannhaiiser,"  and  other  things  prove  the  contrary.  This 
music  has  had  the  great  and  sad  privilege  of  exciting, 
almost  incredibly,  passions  in  its  favour  and  against  it ; 
but  when  these  passions  have  grown  calm,  I  believe  that 
it  will  be  impossible  to  deny  to  it  the  character  of  a  great 
musical  poem  whose  limits  will  extend  far  beyond  the 
national  circle  for  which  it  was  written. 

5.  Finally,  we  must  take  into  account  a  third  impor- 
tant agent  in  musical  history — that  is,  the  influence 
exercised  by  Paris  on  the  conduct  of  musical  ideas.  If 
we  except  opera  comiqice  (which  must  not  be  confounded 
with  the  Italian  opera  huff  a),  in  which  Gretry,  Boieldiev., 
Herold,  Auber,  and  others  excelled,  it  may  be  said  that  the 
French  have  never  been  true  creators  in  music.  Not- 
withstanding this,  the  influence  of  Paris  on  the  history  of 
the  art  is  great  and  incontestable.      Placed,  as  it  were, 
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midway  between  the  two  musical  nations,  thanks  to  the 
splendours  of  Parisian  life  and  its  mania  for  amusement, 
Paris  became  one  of  the  important  centres  where  many- 
grave  musical  problems  were  worked  out.  It  was  there 
that  arose  the  struggle  between  GhccJcs  severe  music  and 
the  melodious  music  of  Piccini.  It  was  there  that  the 
Italian  Cheruoini  found  a  highly  honoured  post,  with  his 
tendency  towards  German  music.  It  was  there  that  Meyer- 
leer,  abandoning  his  first  style,  created  "Eoberto  il  Diavolo," 
"  Gli  Ugonotti,"  and  the  "  Prophete,"  which  by  their  gran- 
deur of  conception  will  make  his  fame  immortal.  Finall}^ 
it  is  there  that  the  best  Italian  masters  have  gone  in  search 
of  competent  criticism,  and  have  modified  their  style. 
Rossini's  "Guglielmo  Tell,"  Donizetti  s  "Favorita"  and 
"  Don  Sebastian,"  finally,  most  of  Verdi's  works,  have  arisen 
in  this  manner.  The  influence  of  Paris  may  be  thus  de- 
fined :  that  she  insists  on  the  creation  of  a  type  of  music 
which  should  contain  the  good  points  of  the  German  and 
Italian  schools  without  their  exaggeration.  This  school  is 
therefore  eminently  eclectic,  and  has  found  the  solution 
of  its  problems  by  clinging  closely  to  dramatic  music. 
It  thus  maintained  the  Italian  melody  and  song,  but 
limited  it  to  those  cases  in  which  it  is  compatible  with 
dramatic  expression.  It  has  adopted  the  grand  choral 
and  orchestral  movements  of  Germany,  giving  them  a 
suitable  importance.  Lastly,  it  tried  to  obtain  an  inti- 
mate relation  between  words  and  music,  with  the  desire, 
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rather  expressed  than  carried  out,  of  subordinating  neither 
to  the  other. 

The  character  of  this  school  is  best  recognised  in  the 
French  composers  who  have  written  dramatic  operas. 
Halevy,  Gounod,  Auber,  himself  in  his  "  Masaniello/'  have 
trodden  this  path.  Whatever  may  usually  be  thought  of 
eclectic  things,  the  eclecticism  of  the  Paris  school  has 
been  of  real  importance.  It  must  be  considered  as  an 
earnest  and  partly  successful  attempt  to  unite  from  one 
common  point  of  view  two  schools  whose  tendencies 
were  very  different.  And  from  this  attempt  have  arisen 
noble  ideas  and  grand  works  of  art  which  will  exert  a  true 
and  great  influence  even  on  posterity. 

6.  As  for  the  future  itself,  it  is  not  for  a  musical  or 
scientific  critic  to  wish  to  foresee  its  steps.  I  shall  there- 
fore take  care  not  to  give  an  opinion  on  the  subject. 
That  which  it  was  important  for  us  to  demonstrate  was 
that  music  has  been  developed  according  to  certain  rules 
which  depended  on  unknown  laws  of  nature  since  dis- 
covered, that  it  cannot  be  separated  from  these  laws,  and 
that  within  them  there  is  a  field  large  enough  for  all 
the  efforts  of  human  fancy. 


THE  END. 
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English  Verse.     Crown  Svo.    Cleth, 
price  6s. 

DAWSON  (George),  M.A. 
Prayers,  with  a  Discourse 

on  Prayer.  Edited  by  his  Wife. 
Fifth  Edition.   Crown  Svo.    Price  6^ . 

Sermons  on  Disputed 
Points   and  Special  Occasions. 

Edited  by  his  Wife.  Third  Edition. 
Crown  Svo.     Cloth,  price  6s. 

Sermons  on  Daily  Life  and 

Duty.  Edited  by  his  Wife.  Second 
Edition.  Crown  Svo.  Cloth,  price  6*. 

DE  L'HOSTE  (Col.  E.  P.). 
The   Desert    Pastor,  Jean 

Jarousseau.  Translated  from  the 
French  of  Eugene  Pelletan.  With  a 
Frontispiece.  New  Edition.  Fcap. 
Svo.     Cloth,  price  3s.  6d. 

DENNIS  (J.). 

English  Sonnets.  Collected 

and  Arranged.  Elegantly  bound. 
Fcap.  Svo.     Cloth,  price  3J.  6d. 

DE       REDCLIFFE       (Viscount 
Stratford),  P.C,  K.G.,  G.C.B. 
Why    am    I    a    Christian  ? 

Fifth  Edition.  Crown  Svo.  Cloth, 
price  3^. 

DESPREZ  (Philip  S.). 
Daniel   and  John;    or,  the 

Apocalypse  of  the  Old  and  that  of 
the  New  Testament.  Demy  Svo. 
Cloth,  price  12s. 
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DE  TOCQUEVILLE  (A.). 
Correspondence  and  Con- 
versations of,  with  Nassau  'Wil- 
liam Senior,  from  1834  to  1859. 
Edited  by  M.  C.  M.  Simpson.  2 
vols.     Post  Svo.     Cloth,  price  21*. 

DE  VERE  (Aubrey). 
Legends     of     the     Saxon 
Saints.    Small  crown  Svo.     Cloth, 
price  6j. 

Alexander    the    Great.     A 

Dramatic  Poem.  Small  crown  Svo. 
Cloth,  price  $$. 

The     Infant     Bridal,    and 

other  Poems.  A  New  and  En- 
larged Edition.  Fcap.  Svo.  Cloth, 
price  IS.  6d. 

The  Legends  of  St.  Patrick, 

and  other  Poems.  Small  crown 
Svo.     Cloth,  price  5^. 

St.  Thomas  of  Canterbury. 

A  Dramatic  Poem.  Large  fcap.  Svo. 
Cloth,  price  5^. 

Antar  and  Zara  :  an  Eastern 
Romance.  Inisfail,  and  other 
Poems,  Meditative  and  Lyrical. 
Fcap.  Svo.     Price  6s. 

The  Fall  of  Rora,  the 
Search  after  Proserpine,  and 
other  Poems,  Meditative  and  Lyrical. 
Fcap.  Svo.     Price  6s. 

DOBSON  (Austin). 
Vignettes   in    Rhyme    and 
Vers  de  Societe.      Third  Edition. 
Fcap.  Svo.     Cloth,  price  5^. 

Proverbs  in  Porcelain.     By 

the  Author  of"  Vignettes  in  Rhyme." 
Second  Edition.     Crown  Svo.     6s, 

DOWDEN  (Edward),  LL.D. 
Shakspere :  a  Critical  Study 

of  his  Mind  and  Art.  Fifth  Edition. 
Large  post  Svo.     Cloth,  price  12^. 

Studies  in  Literature,  1789. 

1877.  Large  post  Svo.  Cloth,  price  1 2 j. 

Poems.  Second  Edition, 
Fcap.  Svo.     Cloth,  price  55. 

DOWNTON  (Rev.  H.),  M.A. 
Hymns   and  Verses.     Ori- 
ginal and  Translated.     Small  crown 
Svo.     Cloth,  price  35.  6d. 


DRAPER  (J.  W.),  M.D.,  LL.D. 

History  of  the  Conflict  be- 
tween   Religion    and    Science. 

Fourteenth    Edition.      Crown    Svo. 
Cloth,  price  55. 
Volume XI IL  of  The  International 

Scientific  Series. 

DREW  (Rev.  G.  S.),  M.A. 
Scripture    Lands    in    con- 
nection    w^ith     their     History. 
Second  Edition.     Svo.     Cloth,  price 
10s.  6d. 

Nazareth :     Its    Life    and 

Lessons.  Third  Edition.  Crown 
Svo.     Cloth,  price  5J. 

The  Divine  Kingdom  on 
Earth  as  it  is  in  Heaven.  Svo. 
Cloth,  price  loJ.  6d. 

The  Son  of  Man  :  His  Life 

and  Ministry.  Crown  Svo.  Cloth, 
price  TS.  6d. 

DREWRY(G.  O.),  M.D. 

The  Common-Sense 
Management  of   the  Stomach. 

Fifth  Edition.  Fcap.  Svo.  Cloth, 
price  2S.  6d. 

DREWRY  (G.  O.),  M.D.,  and 
BARTLETT  (H.  C),  Ph.D., 
F.C.S. 

Cup  and  Platter :  or,  Notes 

on  Food  and  its  Effects.  New  and 
cheaper  Edition.  Small  Svo,  Cloth, 
price  \s.  6d. 

DRUMMOND  (Miss). 
Tripps  Buildings.    A  Study 

from  Life,  with  Frontispiece.  Small 
crown  Svo.     Cloth,  price  35-.  6d. 

DU    MONCEL  (Count). 
The  Telephone,  the  Micro- 
phone,   and    the    Phonograph. 
With  74  Illustrations.     Small  crown 
Svo.    Cloth,  price  si'. 

DU  VERNOIS  (Col.  von  Verdy). 
Studies  in  leading  Troops. 

An  authorized  and  accurate  Trans- 
lation by  Lieutenant  H.  J.  T. 
Hildyard,  71st  Foot.  Parts  I.  and 
II.     Demy  Svo.     Cloth,  price  75. 

EDEN  (Frederick). 
The     Nile     without     a 
Dragoman.  Second      Edition. 

Crown  Svo.     Cloth,  price  7s.  6d. 
A  2 
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EDMONDS  (Herbert). 
Well  Spent  Lives  :  a  Series 
of  Modern  Biographies.    Crown  8vo. 
Price  5^. 

Educational  Code  of  the 
Prussian  Nation,  in  its  Present 
Form.  In  accordance  with  the 
Decisions  of  the  Common  Provincial 
Law,  and  with  those  of  Recent 
Legislation.  Crown  8vo.  Cloth, 
price  IS.  6d. 

EDWARDS  (Rev.  Basil). 
Minor    Chords;  or,  Songs 
for  the  Suffering:    a  Volume  of 
Verse.      Fcap.    8vo.      Cloth,    price 
3J.  6d.  ;  paper,  price  2S.  6d. 

ELLIOT  (Lady  Charlotte). 
Medusa  and  other  Poems. 

Crown  Svo.     Cloth,  price  6s. 

ELLIOTT  (Ebenezer),  The  Corn- 
Law  Rhymer. 

Poems.  Edited  by  his  Son, 
the  Rev.  Edwin  Elliott,  of  St.  John's, 
Antigua.  2  vols.  Crown  Svo.  Cloth, 
price  18  J. 

ELSDALE  (Henry). 
Studies      in      Tennyson's 

Idylls.    Crown  8vo.    Cloth,  price  55. 
Epic  of  Hades  (The). 

By  the  author  of  "  Songs  of  Two 
Worlds."  Tenth  and  finally  revised 
Edition.  Fcap. Svo.  Cloth, price7.r.6rf. 
*^*  Also  an  Illustrated  Edition  with 
seventeen  full-page  designs  in  photo- 
mezzotint  by  George  R.  Chapman. 
4to.  Cloth,  extra  gilt  leaves,  price  25J. 

EVANS  (Mark). 
The  Gospel  of  Home  Life. 

Crown  Svo.     Cloth,  price  45.  6d. 

The  Story  of  our  Father's 
Love,  told  to  Children.  Fourth 
and  Cheaper  Edition.  With  Four 
Illustrations.  Fcap.  Svo.  Cloth, 
price  TS.  6d. 

A  Book  of  Common  Prayer 
and  Worship  for  Household 
Use,  compiled  exclusively  from  the 
Holy  Scriptures.  New  and  Cheaper 
Edition.    Fcap.  Svo.    Cloth,  price  is. 


EVANS  {M&tV)— continued. 
The    King's    Story   Book. 

In  three  parts.  Fcap.  Svo.  Cloth, 
price  is.  hd.  each. 

*,f*  Part  I.,  with  four  illustrations 
and  Picture  Map,  now  ready. 

EX-CIVILIAN. 
Life   in  the    Mofussil;    or, 

Civihan  Life  in  Lower  Bengal.  2 
vols.     Large  post  Svo.     Price  i\s. 

FARQUHARSON  (M.). 
L  Elsie  Dinsmore.     Crown 
Svo.     Cloth,  price  35-.  dd. 
n.  Elsie's  Girlhood.  Crown 

Svo.     Cloth,  price  3.^.  6d. 

in.  Elsie's  Holidays  at 
Roselands.        Crown     Svo. 

Cloth,  price  3J.  dd. 

FIELD  (Horace),  B.A.     Lond. 
The  Ultimate  Triumph  of 
Christianity.      Small   crown   Svo. 
Cloth,  price  35.  6d. 

FINN  (the  late  James),  M.R.A.S. 
Stirring  Times  ;  or,  Records 

from  Jerusalem  Consular  Chronicles 
of  1853  to  1856.  Edited  and  Com- 
piled by  his  Widow.  With  a  Preface 
by  the  Viscountess  Strangford. 
2  vols.     Demy  8vo.     Price  30J. 

Folkestone       kitual      Case 

(The).  The  Argument, Proceedings, 
Judgment,  and  Report,  revised  by 
the  several  Counsel  engaged.  Demy 
Svo.     Cloth,  price  25J. 

FORMBY  (Rev.  Henry). 
Ancient  Rome  and  its  Con- 
nection with  the  Christian  Re- 
ligion :  an  Outline  of  the  History  of 
the  City  from  its  First  Foundation 
down  to  the  Erection  of  the  Chair 
of  St.  Peter,  a.d.  42-47.  With 
numerous  Illustrations  of  Ancient 
Monuments,  Sculpture,  and  Coinage, 
and  of  the  Antiquities  of  the  Chris- 
tian Catacombs.  Roj^al  4to.  Cloth 
extra,  price  50J.  Roxburgh,  half- 
morocco,  price  52.?.  6d. 

FOWLE  (Rev.  Edmund). 
Latin  Primer  Rules  made 
Easy.    Crown  Sv®.   Cloth,  price  3; . 
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FOWLE  (Rev.  T.  W.),  M.A. 
The  Reconciliation  of  Re- 
ligion and  Science.  Being  Essays 
on  Immortality,  Inspiration,  Mira- 
cles, and  the  Being  of  Christ.  Demy 
8vo.     Cloth,  price  los.  6d. 

The  Divine  Legation  of 
Christ.  Crown  8vo.  Cloth,  priae  75. 

FRASER  (Donald). 
Exchange  Table*  of  Ster- 
ling and  Indian  Rupee  Cur- 
rency, upon  a  new  and  extended  sys- 
tem, embracing  Values  from  One 
Farthing  to  One  Hundred  Thousand 
Pounds,  and  at  Rates  progressing,  in 
Sixteenths  of  a  Penny,  from  i*.  gd.  to 
2J.  ^d.  per  Rup»e.  Royal  &V0. 
Cloth,  price  xos.  6d. 

FRISWELL  (J.  Hain). 
The  Better  Self.     Essays  for 
Home   Life.      Crown  8to.       Cloth, 
pric«  6*. 

One  of  Two;   or,  A  Left- 

Handed  Bride.  With  a  Frontis- 
piece. Crown  Svo.  Cloth,  price  3J.  6d. 

GARDNER  (J.),  M.D. 
Longevity :  The  Means  of 
Prolonging  Life  after  Middle 
Age.  Fourth  Edition,  Revised  and 
Enlarged.  Small  crown  Svo.  Cloth, 
price  4^. 

QARRETT   (E.). 
By  Still  Waters.     A  Story 

for  Quiet  Hours.  With  Sevenlllus- 
trations.  Crown  Svo.  Cloth,  price  6s. 

GEBLER  (Karl  Von). 
Galileo     Galilei    and     the 

Roman  Curia,  from  Authentic 
Sources.  Translated  with  the  sanc- 
tion of  the  Author,  by  Mrs.  G^eokge 
Sturge.  Demy  8to.  Cloth,  i^riee  12 j. 

GEDDES  (James). 
History  of  the  Administra- 
tion of  John  de  W"itt,  Grand  Pen- 
sionary of  Holland.  Vol.  I.  1623— 
1654.  Demy  Svo.,  vnth.  Portrait. 
Cloth,  price  iss. 

G.  H.  T. 

Verses,  mostly  written  in 
India.     CPOiwn  Svo.    Cleth,  pisiee  6s. 


GILBERT  (Mrs.). 
Autobiography  and  other 
Memorials.  Edited  by  Josiah 
Gilbert.  Third  Edition.  With  Por- 
trait and  several  Wood  EngraAwngs. 
Crown  Svo.     Cloth,  price  ts.  6d. 

GILL  (Rev.  W.  W.),  B.A. 
Myths  and  Songs  from  the 
South  Pacific.  With  a  Preface  by 
F.  Max  Miiller,  M.A.,  Professor  of 
Comparative  Philology  at  Oxford. 
Post  8va     Cloth,  price  gj. 

Ginevra  and  The  Duke  of 
Guise.  Two  Tragedies.  Crown 
Svo.     Cloth,  price  6s. 

GLOVER  (P.),  M.A. 
Exempla  Latina.  A  First 
Construing  Book  with  Short  Notes, 
Lexicon,  and  an  Introduction  to  the 
Analysis  of  Sentences.  Fcap.  Svo. 
Cloth,  price  is. 

GODWIN   (William). 
William    Godwin:    His 

Friends  and  Contemporaries. 
With  Portraits  and  Facsimiles  of  the 
handwriting  of  Godwin  and  his  Wife. 
By  C.  Kegan  Paul.  2  vols.  Demy 
Svo.     Cloth,  price  28.y. 

The  Genius  of  Christianity 
Unveiled.  Being  Essays  never 
before  published.  Edited,  wuh  a 
Preface,  by  C.  Kegan  Paul.  Crown 
Svo.     Cloth,  price  75.  6d. 

GOETZE  (Capt.  A.  von). 
Operations  of  the  German 
Engineers  during  the  W^ar  of 
1870- 1871.  Published  by  Authority, 
and  in  accordance  with  Official  Docu- 
mera«5.  Translated  from  the  German 
by  Colonel  G.  Grahara,  V.C.,  C.B., 
R.E.  Witk  6  large  Maps.  Demy 
Svo.     Cloth,  price  21J. 

GOLD3'MID(SirFrancis  Henry). 
Memoir  of.  With  Port]»ait. 
Crown  Svo.     Cloth,  pince  %s. 

GOODENOUGH  (Commodore  J. 
G.),  R.N.,  C.B.,  C.M.G. 
Memoir  of,  with  Extracts  from 
his  Letters  amd  Journals.  Edited  by 
his  Widow.  With  Steel  Engrared 
Portrait.     Square  Svo.     Cloth,  $s. 

%*  Also  a  Library  Edition  with 
Maps,  WqodcutB,  and  Steel  En- 
graved Portrait.  Stjuare  post  Svo. 
Cloth,  prioe  1 4 J. 
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GOSSE  (Edmund  W.). 
Studies  in  the  Literature  of 

Northern  Europe.  Witha  Frontis- 
piece designed  and  etched  by  Alma 
Tadema.  Large  post  8vo.  Cloth, 
price  12^. 

New   Poems.      Crown   8vo. 

Cloth,  price  7,^.  6d. 
GOULD  (Rev.  S.  Baring),  M.A. 
Germany,  Present  and  Past. 

2  Vols.  Demy  8vo.  Cloth,  price  21^. 
The  Vicar*Df  Morwenstow: 
a  Memoir  of  the  Rev.  R.  S.  Hawker. 
With  Portrait.  Third  Edition,  re- 
vised. Square  post  Svo.  Cloth,  loj.  6rf. 

GREENOUGH  (Mrs.  Richard). 
Mary  Magdalene  :  APoem. 
Large  post  Svo.    Parchment  antique, 
price  6s. 

GREY  (John),  of  Dilston. 
John     Grey    (of    Dilston) : 

Memoirs.    By  Josephine  E.  Butler. 

New  and  Revised  Edition.     Crown 

Svo.     Cloth,  price  35.  6d. 
GRIMLEY  (Rev.    H.    N.),  M.A. 

Tremadoc  Sermons,  chiefly 

on  the  Spiritual  Body,  the  Unseen 

World,  and  the  Divine  Humanity. 

Second  Edition.    Crown  Svo.    Cloth, 

price  6s. 
GRUNER(M.  L). 

Studies  of  Blast   Furnace 

Phenomena.    Translated  by  L.  D. 

B.  Gordon,  F.R.S.E.,  F.G.S.  Demy 

Svo.     Cloth,  price  ^s.  6d. 
GURNEY(Rev.  Archer). 

Words  of  Faith  and  Cheer. 

A  Mission  of  Instruction  and  Sugges- 
tion.    Crown  Svo.     Cloth,  price  6s. 

Gwen  :  A  Drama  in  Mono- 
logue. By  the  Author  of  the  "  Epic 
of  Hades."  Second  Edition.  Fcap. 
Svo.    Cloth,  price  5.?. 

HAECKEL  (Prof.  Ernst). 
The   History   of   Creation. 

Translation  revised  by  Professor  E. 
Ray  Lankester,  M.A.,  F.R.S.  With 
Coloured  Plates  and  Genealogical 
Trees  of  the  various  groups  of  both 
plants  and  animals.  2  vols.  Second 
Edition.    Post  Svo.    Cloth,  price  32J. 

The  History  of  the  Evolu- 
tion of  Man.  With  numerous  Il- 
lustrations. 2  vols.  Large  post  Svo. 
Cloth,  price  32J. 


HAECKEL    (Prof.    Ernst.>-<:<7«- 

tinued. 

Freedom  in  Science  and 
Teaching.  From  the  German  of 
Ernst  Haeckel,  with  a  Prefatory 
Note  by  T.  H.  Huxley,  F.R.S. 
Crown  Svo.     Cloth,  price  5*. 

HAKE  (A.  Egmont). 
Paris  Originals,  with  twenty 

etchings,  by  Leon  Richeton.  Large 
post  Svo.     Cloth,  price  i^s. 

Halleck's    International 

Law ;  or.  Rules  Regulating  the 
Intercourse  of  States  in  Peace  and 
War.  A  New  Edition,  revised,  with 
Notes  and  Cases.  By  Sir  Sherston 
Baker,  Bart.  2  vols.  Demy  Svo. 
Cloth,  price  38^. 

HARDY  (Thomas). 
A  Pair  of  Blue  Eyes.    New 

Edition.  With  Frontispiece.  Crown 
Svo.     Cloth,  price  6s. 

The  Return  of  the  Native. 

New  Edition.  With  Frontispiece. 
Crown  Svo.     Cloth,  price  6^. 

HARRISON  (Lieut.-Col.  R.). 
The     Officer's     Memoran- 
dum Book  for  Peace  and  War. 

Second  Edition.  Oblong  32010. 
roan,  elastic  band  and  pencil,  price 
■^s.  6d. ;  russia,  5.^. 

HARTINGTON  (The  Right  Hon. 
the  Marquis  of),  M.P. 
Election  Speeches  in  1879 
and  1880.  With  Address  to  the 
Electors  of  North-East  Lancashire. 
Crown  8vo.     Cloth,  price  3.^.  6d. 

HAWEIS(Rev.  H.  R.),  M.A. 
Arrows  in  the  Air.      Crown 
Svo.  Second  Edition.  Cloth,  price  65. 

Current  Coin.   Materialism — 

The  Devil — Crime — Drunkenness- 
Pauperism — Emotion — Recreation — 
The  Sabbath.  Third  Edition.  Crown 
Svo.     Cloth,  price  6s. 

Speech  in  Season.      Fourth 

Edition.  Crown  Svo.  Cloth,  price  qs. 

Thoughts    for   the   Times. 

Eleventh  Edition.  Crown  Svo.  Cloth, 
price  "js.  6d. 

Unsectarian  Family 
Prayers.  New  and  Cheaper  Edition. 
Fcap.  Svo.    Cloth,  price  \s.  6d. 
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HAWKER  (Robert  Stephen). 
The    Poetical    Works    of. 

Now  first  collected  and  arranged 
with  a  prefatory  notice  by  J.  G. 
Godwin.  With  Portrait.  Crown  8vo. 
Cloth,  price  12J. 

HAWTREY  (Edward  M.). 
Corydalis.     A    Story   of  the 
Sicilian  Expedition.       Small   crown 
8vo.     Cloth,  price  35-.  dd. 

HEIDENHAIN  (Rudolf),  M.D. 
Animal  Magnetism,  Physi- 
ological Observations.  Translated 
from  the  Fourth  German  Edition, 
by  L.  C.  Wooldridge.  With  a  Pre- 
face by  G.  R.  Romanes,  F.R.S." 
Crown  8vo.     Clotk,  price  -zs.  6d. 

HELLWALD  (Baron  F.  von). 
The  Russians  in  Central 
Asia.  A  Critical  Examination, 
down  to  the  present  time,  of  the 
Geography  and  History  of  Central 
Asia.  Translated  by  Lieut. -Col. 
Theodore  Wirgman,  LL.B.  Large 
post  Svo.  With  Map.  Cloth, 
price  125. 

HELVIG  (Major  H.). 
The  Operations  of  the  Ba- 
varian Army  Corps.  Translated 
by  Captain  G.  S.  Schwabe.  With 
Five  large  Maps.  In  2  vols.  Demy 
Svo.     Cloth,  price  24.?. 

Tactical  Examples  :  Vol.  I. 

The  Battalion,  price  i  ss.  Vol.  1 1 .  The 
Regiment  and  Brigade,  price  \os.  6d. 
Translated  from  the  German  by  Col. 
Sir  Lumley  Graham.  With  numerous 
Diagrams.     Demy  Svo.     Cloth. 

HERFORD  (Brooke). 
The   Story  of  Religion  in 
England.   A  Book  for  Young  Folk. 
Crown  Svo.     Cloth,  price  55. 

HINTON  (James). 
Life  and  Letters  of.     Edited 

by  EUice  Hopkins,  with  an  Introduc- 
tion by  Sir  W.  W.  Gull,  Bart.,  and 
Portrait  engraved  on  Steel  by  C.  H. 
Jeens.  Second  Edition.  Crown  Svo. 
Cloth,  S^.  6d. 

Chapters  on  the  Art  of 
Thinking,  and  other  Essays. 
With  an  Introduction  by  Shadworth 
Hodgson.  Edited  by  C.  H.  Hinton. 
Crown  Svo.    Cloth,  price  Sj.  6d. 


HINTON  (Jaimes)— continued. 
The  Place  of  the  Physician. 

To  which  is  added  Essays  on  the 
Law  of  Human  Life,  and  on  thk 
Relation  between  Organic  and 
Inorganic  Worlds.  Second  Edi- 
tion.  Crown  Svo.    Cloth,  price  3J.  6d. 

Physiology    for     Practical 

Use.  By  various  Writers.  With  50 
Illustrations.  2  vols.  Second  Edition. 
Crown  Svo.     Cloth,   price  i2.y.  6d. 

An  Atlas  of  Diseases  of  the 

Membrana  Tympani.  With  De- 
scriptive Text.  Post  Svo.  Price  ;^6  6.y. 

The    Questions    of    Aural 

Surgery.  With  Illustrations.  2  vols. 
Post  Svo.    Cloth,  price  12s.  6d. 

The      Mystery     of    Pain. 
New  Edition.      Fcap.  Svo.      Cloth 
limp,  IS. 
HOCKLEY  (W.    B.). 
Tales   of  the  Zenana ;  or, 

A  Nuwab's  Leisure  Hours.  By  the 
Author  of  "  Pandurang  Hari."  With 
a  Preface  by  Lord  Stanley  of  Alder- 
ley.  2  vols.  Crown  Svo.  Cloth, 
price  21J. 

Pandurang  Hari;  or,  Me- 
moirs of  a  Hindoo.  A  Tale  of 
Mahratta  Life  sixty  years  ago.  With 
a  Preface  by  Sir  H.  Bartle  E. 
Frere,  G.  C.  S.  I.,  &c.  New  and 
Cheaper  Edition.  Crown  Svo.  Cloth, 
price  6s. 

HOFFBAUER  (Capt.). 
The  German  Artillery  in 
the  Battles  near  Metz.  Based 
on  the  official  reports  of  the  German 
Artillery.  Translated  by  Capt.  E. 
O.  Hollist.  With  Map  and  Plans. 
Demy  Svo.     Cloth,  price  21J. 

HOLMES   (E.    G.    A.). 
Poems.   First  and  Second  Se- 
ries. Fcap.  Svo.    Cloth,  prices^,  each. 

HOLROYD  (Major  W.   R.   M.). 
Tas-hil      ul      Kalam  ;      or, 

Hindustani  made  Easy.  Crown  Svo. 
Cloth,  price  ss. 

HOOPER  (Mary). 
Little    Dinners :     How    to 
Serve  them  with  Elegance  and 
Economy.       Thirteenth     Edition. 
Crown  Svo.     Cloth,  price  5*. 
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HOOPER  {lAsiry)— continued. 
Cookery  for  Invalids,  Per- 
sons  of  Delicate  Digestion,  and 
Children.    Crown  8vo.    Cloth,  price 
3^.  6d. 

Every -Day  Meals.     Being 

Economical  and  Wholesome  Recipes 
for  Breakfast,  Luncheon,  and  Sup- 
per. Second  Edition.  Crown  8vo. 
Cloth,  price  5^. 

HOOPER  (Mrs.  Q.). 
The  House  of  Raby.     With 

a  Frontispiece.  Crown  8vo.  Cloth, 
price  3J.  6d. 

HOPKINS  (Ellice). 
Life  and  Letters  of  James 

Hinton,  with  an  Introduction  by  Sir 
W.  W.  Gull,  Bart.,  and  Portrait  en- 
graved on  Steel  by  C.  H.  Jeens. 
Second  Edition.  Crown  8yo.  Cloth 
price  8^.  6d. 

HOPKINS  (M.). 
The    Port   of  Refuge;    or, 

Counsel  and  Aid  to  Shipmasters  in 
Difficulty,  Doubt,  or  Distress.  Crown 
8vo.  Second  and  Revised  Edition. 
Cloth,  price  6s. 

HORNER  (The  Misses). 
Walks  in  Florence.    A  New 

and  thoroughly  Revised  Edition.  2 
vols.  Crown  8vo.  Cloth  limp.  With 
Illustrations. 

Vol.  I.— Churches,  Streets,  and 
Palaces,  zos.  6d.  Vol.  II.— Public 
Galleries  and  Museums.     55. 

HULL  (Edmund  C.  P.). 
The    European    in    India. 

With  a  Medical  Guide  for  Anglo- 
Indians.  By  R.  R.  S.  Mair,  M.D., 
F.R.C.S.E.  Third  Edition,  Revised 
and  Corrected.  Post  8vo.  Cloth, 
price  6^. 

HUTCHISON  (Lieut.-Col.  F.  J.), 
and  Capt.G.  H.  MACGREGOR. 

Military  Sketching  and  Re- 
connaissance. With  Fifteen  Plates. 
Small  8vo.     Cloth,  price  e^. 

The  firstVolumeof  Military  Hand- 
books for  Regimental  Officers.  Edited 
by  Lieut. -Col.  C.  B,  Bkascenbury, 
R.A.,  A.A.G. 


HUTTON  (Arthur),  M.A. 
The  Anglican  Ministry.  Its 

Nature  and  Value  in  relation  to  the 
Catholic  Priesthood.  With  a  Pre- 
face by  his  Eminence  Cardinal  New- 
man.    Demy  8vo.     Cloth,  price  i^s. 

HUXLEY  (Prof.) 

The    Crayfish :    An    Intro- 

*  duction  to  the  Stirdy  of  Zoology. 
With  Eighty-two  IHustrations. 
Crown  8vo.     Cloth,  price  55. 

Volume  XXVIII.  of  the  Interna- 
tioTial  Scientific  Scientific  Scries. 

INCHBOLDQ.  W.). 
Annus    Amoris.       Sonnets. 
Fcap.  8vo.     Cloth,  price  4^.  6d. 

INGELOW  (Jean). 
Off  the  Skelligs.  A  Novel. 
With  Frontispiece.  Second  Edition. 
Crown  8vo.  Cloth,  price  6s. 
The  Little  Wonder-horn. 
A  Second  Series  of  "  Stories  Told  to 
a  Child."  With  Fifteen  Illustrations. 
Small  8vo.     Cloth,  price  2s.  6d. 

Indian    Bishoprics.       By  an 

Indian  Churchman.   Demy  8vo.  6d. 

International  Scientific 
Series  (The). 

I.  Forms  of  'Water  :  A  Fami- 
liar Exposition  of  the  Origin  and 
Phenomena  of  Glaciers.  By  J. 
Tyndall,  LL.D.,  F.R.S.  With  25 
Illustrations.  Seventh  Edition.  Crown 
8vo.     Cloth,  price  5J. 

II.  Physios    and   Politics  ;    or, 

Thoughts  on  the  Application  of  the 
Principles  of  "  Natural  Selection" 
and  "Inheritance"  to  PoHtical  So 
ciety.  By  Walter  Bagehot.  Fifth 
Edition.    Crown  8vo.   Cloth,  price  4J. 

III.  Foods.  By  Edward  Smith, 
M.D.,  &c.  _  With  numerous  Illus- 
trations. Sixth  Edition.  Crown  8vo. 
Cloth,  price  ^s. 

ly.  Mind  and  Body:  The  Theo- 
ries of  their  Relation.  By  Alexander 
Bain,  LL.D.  With  Four  Illustra- 
tions. Seventh  Edition.  Crown  8vo. 
Cloth,  price  4J. 

V.    The    Study    of    Sociology. 

By  Herbert  Spencer.  Eighth  EditlOB. 
Crewn  8vo.     Cloth,  price  sf. 


C.  Kegan  Paul  &>  Go's  Publications. 
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International  Scientific 
Series  (The) — continued. 

VI.  On  the  Conservation  of 
Energy.  By  Balfour  Stewart, 
LL.D.,  &c.  With  14  Illustrations. 
Fifth  Edition.  Crown  8vo.  Cloth, 
price  Si'. 

VII.  Animal  Locomotion ;  or, 
Walking,  Swimming,  and  Flying. 
By  J.  B.  Pettigrew,  M.D.,  &c.  With 
130  Illustrations.  Second  Edition. 
Crown  8vo.   Cloth,  price  5J. 

VIII.  Responsibility  in  Mental 
Disease.  By  Henry  Maudsley, 
M.  D.  Third  Edition.  Crown  8vo, 
Cloth,  price  5J. 

IX.  The  New  Chemistry.  By 
Professor  J.  P.  Cooke.  With  31  Illus- 
trations. _  Fifth  Edition.  Crown  Bvo. 
Cloth,  price  5J. 

X.  The  Science  of  Law,  By 
Prof.  Sheldon  Amos.  Fourth  Edition. 
Crown  Bvo.     Cloth,  price  5J. 

XI.  Animal  Mechanism.  A 
Treatise  on  Terrestrial  and  Aerial 
Locomotion.  By  Prof.  E.  J.  Marey. 
With  1T7  Illustrations.  Second 
Edition.  Crown  8vo.  Cloth,  price  5^. 

XII.  The   Doctrine  of  Descent 
and  Darwinism.      By  Prof.  Osca 
Schmidt.       With    26     Illustrations. 
Third  Edition.    Crown  8vo.     Cloth, 
price  5J. 

XIII.  The  History  of  the  Con- 
flict between  Religion  and  Sci- 
ence. By  J.  W.  Draper,  M.D., 
LL.D.  Fourteenth  Edition.  Crown 
Bvo.     Cloth,  price  <,s. 

XIV.  Fungi  ;  their  Nature,  In- 
fluences, Uses,  &c.  By  M.  C. 
Cooke,  LL.D.  Edited  by  the  Rev. 
M.  J.  Berkeley,  F.L.S.  With  nume- 
rous Illustrations.  Second  Edition. 
Crown  Bvo.     Cloth,  price  55. 

XV.  The  Chemical  Effects  of 
Light  and  Photography.  By  Dr. 
Hermann  Vogel.  With  100  Illustra- 
tions. Third  and  Revised  Edition. 
Crown  Bvo.     Cloth,  price  5J. 

XVI.  The  Life  and  Growth  of 
Language.  By  Prof.  William 
Dwight  Whitney.  Second  Edition. 
Crown  Bvo.     Cloth,  price  5^. 

XVII.  Money  and  the  Mecha- 
nism of  Exchange.  By  W.  Stan- 
ley Jevons,  F.R.S.  Fourth  Edition. 
Crown  Bvo.  Cloth,  price  55, 


International  Scientific 
Series  {^'ti€)— continued. 
Xyill.  The  Nature  of  Light: 
With  a  General  Account  of  Physical 
Optics.  By  Dr.  Eugene  Lommel. 
With  188  Illustrations  and  a  table  of 
Spectra  in  Chromo  -  lithography. 
Third  Edition.  Crown  Bvo.  Cloth, 
price  5j. 

XIX.  Animal  Parasites  and 
Messmates.  By  M.  Van  Beneden. 
With  83  Illustrations.  Second  Edi- 
tion.   Crown  8vo.     Cloth,  price  55. 

XX.  Fermentation.  By  Prof. 
Schiitzenberger.  With  28  Illustra- 
tions. Second  Edition.  Crown  8vo. 
Cloth,  price  5J. 

XXI.  The  Five  Senses  of  Man. 
By  Prof.  Bernstein.  With  91  Illus- 
trations.  Second  Edition.  Crown 
8vo.     Cloth,  price  5^. 

XXII.  The  Theory  of  Sound  in 
its  Relation  to  Music.  By  Prof. 
Pietro  Blaserna.  With  numerous 
Illustrations.  Second  Edition.  Crown 
Svo.     Cloth,  price  $s. 

XXIII.  Studies  in  Spectrum 
Analysis.  By  J.  Norman  Lockyer. 
F.R.S.  With  six  photographic  Il- 
lustrations of  Spectra,  and  numerous 
engravings  on  wood.  Crown  Svo. 
Second  Edition.  Cloth,  price  6j.  td. 

XXIV.  A  History  of  the  Growth 
of  the  Steam  Engine.  By  Prof. 
R.  H.  Thurston.  With  numerous 
Illustrations.  Second  Edition.  Crown 
Svo.     Cloth,  price  &s.  6d. 

XXV.  Education  as  a  Science. 
By  Alexander  Bain,  LL.D.  Third 
Edition.  Crown  Svo.  Cloth,  price  ^s. 

XXVI.  The  Human  Species. 
By  Prof.  A.  de  Quatrefages.  Second 
Edition.  Crown  Svo.   Cloth,  price  55-. 

XXVII.  Modern  Chromatics. 
With  Applications  to  Art  and  Indus- 
try, by  Ogden  N.  Rood.  With  130 
original  Illustrations.  Crown  Svo. 
Cloth,  price  55. 

XXyill.  The  Crayfish  :  an  Intro- 
duction to  the  Study  of  Zoolog}'.  By 
Prof.  T.  H.  Huxley.  With  eighty- 
two  Illustrations.  Crown  Svo.  Cloth, 
price  5J. 

XXIX.  The  Brain  as  an  Organ 
of  Mind.  By  H.  Charlton  Bastian, 
M.D.  With  numerous  Illustrations. 
Second  Edition.  Crown  Svo.  Cloth, 
price  5^. 
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International    Scientific 
Series  (The) — continued. 

XXX.  The  Atomic  Theory.  By 
Prof.  Ad.  Wurtz.  Translated  by  E. 
Clemin-Shaw.  Crown  8vo.  Cloth, 
price  5.y. 

Forthcoming-    Volumes. 

Prof.  W.  KiNGDON  Clifford,  M.A. 
The  First  Principles  of  the  Exact 
Sciences  explained  to  the  Non-ma- 
thematical. 

Sir  John  Lubbock,  Bart.,  F.R.S, 
On  Ants  and  Bees. 
Prof.  W.  T.  Thiselton  Dyer,  B.  A., 
B.  Sc.    Form  and  Habit  in  Flowering 
Plants. 

Prof.  Michael  Foster,  M.D.    Pro- 
toplasm and  the  Cell  Theory. 
Prof.  A.  C.  Ramsay,  LL.D.,  F.R.S. 
Earth    Sculpture :     Hills,    Valleys, 
Mountains,   Plains,    Rivers,  Lakes; 
how  they  were  Produced,  and  how 
they  have  been  Destroyed. 
P.   Bert  (Professor  of  Physiology, 
Paris).       Forms   of  Life   and    other 
Cosmical  Conditions. 
Hermann  von   Meyer.     The  Or- 
gans of  Speech. 

Prof.  E.  Morselli.  Suicide  :  an 
Essay  in  Comparative  Moral  Sta- 
tistics. 

The  Rev.  A  Secchi,  D.J.,  late 
Directorof  the  Observatory  at  Rome. 
The  Stars. 

Prof.  J.  Rosenthal,  of  the  Univer- 
sity of  Eriangen.  General  Physiology 
of  Muscles  and  Nerves. 
J.  W.  JuDD,  F.R.S.     The  Laws  of 
Volcanic  Action. 

Prof    F.    N.   Balfour.     The   Em- 
bryonic Phases  of  Animal  Life. 
J.  LuYS,  Physician  to  the  Hospice 
de  la  Salpetriere.     The  Brain  and  its 
Functions.     With  Illustrations. 
Dr.    Carl    Semper.     Animals  and 
their  Conditions  of  Existence. 
George  J.  Romanes,  F.L.S.    Ani- 
mal Intelligence. 

Alfred  W.  Bennett.  A  Hand- 
book of  Cryptogamic  Botany. 

JENKINS  (Rev.  Canon). 
The  Girdle  LegendofPrato. 

Small  crown  8vo.     Cloth,  price  2S, 


JENKINS  (E.)  and  RAYMOND 
a.),  Esqs. 

A  Legal  Handbook  for 
Architects,  Builders,  and  Build- 
ing Owners.  Second  Edition  Re- 
vised.    Crown  8vo.     Cloth,  price  6s. 

JENKINS  (Rev.  R.  C),  M.A. 
The  Privilege  of  Peter  and 

the  Claims  of  the  Roman  Church 
confronted  with  the  Scriptures,  the 
Councils,  and  the  Testimony  of  the 
Popes  themselves.  Fcap.  Bvo.  Cloth, 
price  3.y.  6d. 

JENNINGS  (Mrs.  Vaughan). 
Rahel  :   Her  Life  and  Let- 
ters.     With   a   Portrait    from    the 
Painting  by  Daffinger.     Square  post 
Svo.     Cloth,  price  js.  6d. 

Jeroveam's  Wife  and   other 

Poems.  Fcap.  Svo.  Cloth,  price 
35.  6d. 

JEVONS    (W.    Stanley),    M.A., 
F.R.S. 

Money  and  the  Mechanism 

of  Exchange.  Fourth  Edition. 
Crown  Svo.     Cloth,  price  5^. 

VolumeXVII.  of  The  International 
Scientific  Series. 

JOEL(L.). 
A    Consul's     Manual    and 

Shipowner's  and  Shipmaster's  Prac- 
tical Guide  in  their  Transactions 
Abroad .  With  Definitions  of  Nauti- 
cal, Mercantile,  and  Legal  Terms ; 
a  Glossary  of  Mercantile  Terms  in 
English,  French,  German,  Italian, 
and  Spanish.  Tables  of  the  Money, 
Weights,  and  Measures  of  the  Prin- 
cipal Commercial  Nations  and  their 
Equivalents  in  British  Standards  ; 
and  Forms  of  Consular  and  Notarial 
Acts.     Demy  Svo.     Cloth,  price  \2S. 

JOHNSTONE  (C.  F.),  M.A. 
Historical  Abstracts.  Being 

Outlines  of  the  History  of  some  of 
the  less-known  States  of  Europe. 
Crown  Bvo.     Cloth,  price  7J.  6d. 

JONES  (Lucy). 
Puddings  and  Sweets.  Being 

Three  Hundred  and  Sixty-Five 
Receipts  approved  by  Experience. 
Crown  Svo.,  price  2s.  6d. 


C.  Kegan  Paul  6^  Go's  Puhhcations. 
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JOYCE  (P.  W.),  LL.D.,  &c. 
Old       Celtic       Romances. 

Translated  from  the  Gaelic  by. 
Crown  8vo.     Cloth,  price  7J.  dd. 

KAUFMANN  (Rev.  M.),  B.A. 
Utopias;    or,    Schemes    of 
Social    Improvement,    from    Sir 
Thomas  More  to  Karl  Marx.  Crown 
8vo.     Cloth,  price  5^. 

Socialism  :     Its    Nature,   its 

Dangers,  and  its  Remedies  con- 
sidered. Crown  8vo.  Cloth,  price  7^.6^. 

KAY  (Joseph),  M.A.,  Q.C. 
Free    Trade     in    Land. 

Edited  by  his  Widow.  With  Preface 
by  the  Right  Hon.  John  Bright, 
M.  P.  Third  Edition.  Crown  8vo. 
Cloth,  price  5^. 

KENT  (Carolo). 
Carona  Catholica  ad  Petri 
successoris  Pedes  Oblata.  De 
Summi  Pontificis  Leonis  XIII.  As- 
sumptione  Epiggramma.  In  Quin- 
quaginta  Linguis.  Fcap.  4to.  Cloth, 
price  15^. 

KER  (David). 
The  Boy  Slave  in  Bokhara. 

A  Tale  of  Central  Asia.  With  Illustra- 
tions. Crown  Bvo.  Cloth,  price  3J.  6d. 

The    Wild    Horseman    of 

the  Pampas.  Illustrated.  Crown 
Bvo.     Cloth,  price  3^.  td. 

KERNER  (Dr.  A.),  Professor  of 
Botany    in    the    University    of 
Innsbruck. 
Flowers  and  theirUnbidden 

Guests.  Translation  edited  by  W. 
Ogle.  M.A.,  M.D.,  and  a  prefatory 
letter  by  C.  Darwin,  F.  R.  S.  With  Il- 
lustrations.   Sq.  8vo.    Cloth,  price  gj. 

KIDD  (Joseph),  M.D. 
The  Laws  of  Therapeutics, 

or,  the  Science  and  Art  of  Medicine. 
Crown  8vo.     Cloth,  price  6^. 

KINAHAN(G.  Henry), M.R.I. A., 
&c.,  of  her  Majesty's  Geological 
Survey. 
Manual  of  the  Geology  of 

Ireland.  With  8  Plates,  26  Wood- 
cuts, and  a  Map  of  Ireland,  geologi- 
cally coloured.  Square  8vo.  Cloth, 
price  1 5 J. 


KING  (Mrs.  Hamilton). 
The    Disciples.      A   Poem. 

Fourth  Edition,  with  some  Notes. 
Crown  8vo.     Cloth,  price  -js.  6d. 

Aspromonte,  and  other 
Poems.  Second  Edition.  Fcap, 
8vo.     Cloth,  price  /\s.  6d. 

KING  (Edward;. 
Echoes    from    the   Orient. 
With  Miscellaneous  Poems.     Small 
crown  8vo.     Cloth,  price  3J.  6d. 

KINGSLEY  (Charles),  M.A. 
Letters  and  Memories  ol 
his  Life.  Edited  by  his  Wife. 
With  2  Steel  engraved  Portraits  and 
numerous  Illustrations  on  Wood,  and 
a  Facsimile  of  his  Handwriting. 
Thirteenth  Edition.  2  vols.  Demy 
Bvo.     Cloth,  price  36J. 

*,f*  Also  a  Cabinet  Edition   in  2 
vols.     Crown  8vo.     Cloth,  price  i2.y. 

All  Saints'  Day  and  other 

Sermons.  Second  Edition.  Crown 
Bvo.  Cloth,  -js.  6d. 
True  Words  for  Brave 
Men:  a  Book  for  Soldiers'  and 
Sailors'  Libraries.  Fifth  Edition. 
Crown  8vo.     Cloth,  price  zs.  6d. 

KNIGHT  (Professor  W.). 
Studies  in  Philosophy  and 
Literature.  Large  post  Bvo.  Cloth, 
price  7.y.  6d. 

LACORDAIRE  (Rev.  Pere). 
Life :     Conferences   delivered 
at  Toulouse.    A  New  and  Cheaper 
Edition.  CrownBvo.  Cloth, price3J.6rf. 

LAIRD-CLOWES  (W.). 
Love's  Rebellion  :  a  Poem. 

Fcap.  Bvo.  Cloth,  price  35.  6d. 
LAMONT  (Martha  MacDonald). 
The  Gladiator  :  A  Life  under 
the  Roman  Empire  in  the  beginning 
of  the  Third  Century.  With  four 
Illustrations  by  H.  M.  Paget.  Extra 
fcap.  Bvo.     Cloth,  price  3J.  6d. 

LANG  (A.). 
XXII    Ballades     in     Blue 

China.  Elzevir.  Bvo.  Parchment, 
price  35'.  6d. 

LAYMANN  (Capt.). 
The     Frontal     Attack     of 
Infantry.    Translated    by   Colonel 
Edward    Newdigate.      Crown    Bvo. 
Cloth,  price  2j.  6d. 
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LEANDER  (Richard). 
Fantastic  Stories.  Trans- 
lated from  the  German  by  Paulina 
B.  Granville.  With  Eigkt  full-page 
Illustrations  by  M.  E.  Fraser-Tytler. 
Crown  8vo.     Cloth,  price  5J. 

LEE  (Rev.   F.  G.),  D.C.L. 
The     Other     World;     or, 

Glimpses  of  the  Supernatural.  2  vols. 
A  New  Edition.  Crown  Svo.  Cloth, 
price  155. 

LEE  (Holme). 
Her  Title   of  Honour.     A 

Book  for  Girls.  New  Edition.  With 
a  Frontispiece.  Crown  Svo.  Cloth, 
price  55. 

LEWIS  (Edward  Dillon). 
A  Draft  Code  of  Criminal 
Law  and  Procedure.    Demy  Svo. 
Cloth,  price  iis. 

LEWIS  (Mary  A.). 
A   Rat  with  Three   Tales. 

With  Four  Illustrations  by  Catherine 
F.Frere.  Crown  Svo.  Cloth,  price  5J. 

LINDSAY(W.  Lauder),  M.D.,&c. 
Mind  in  the  Lower  Animals 
in  Health  and  Disease.  2  vols. 
Demy  Svo.      Qoth,  price  32J. 

LLOYD  (Francis)  and  Charles 
Tebbitt. 

Extension  of  EmpireWeak- 
ness  ?  Deficits  Ruin  ?  With  a 
Practical  Scheme  for  the  Reconstruc- 
tion of  Asiatic  Turkey.  Small  crown 
Svo.     Cloth,  price  3.9.  6d. 

LOCKER  (F.). 
London  Lyrics.    A  New  and 

Revised  Edition,  with  Additions  and 
a  Portrait  of  the  Author.  Crown  Svo, 
Cloth,  elegant,  price  6.y. 

Also,  a  Cheaper  Edition.    Fcap 
Svo.     Cloth,  price  ■zs.  6d. 

LOCKYER(J.  Norman),  F.R.S. 
Studies  in  Spectrum  Ana- 
lysis ;  with  six  photographic  illus- 
trations of  Spectra,  and  numerous 
engravings  on  wood.  Second  Edi- 
tion. Crown  Svo.  Cloth,  price  6s.  6d. 
Vol.  XXIII.  of  The  International 
Scientific  Series. 

LOKI. 
The  New  Werther.     Small 
crown  Svo.     Cloth,  price  25.  6d. 


LOMMEL  (Dr.  E.). 
The  Nature  of  Light :  With 

a  General  Account  of  Physical  Optics. 
Second  Edition.  With  1S8  Illustra- 
tions and  a  Table  of  Spectra  in 
Chromo-lithography.  Third  Edi- 
tion. Crown  Svo.  Cloth,  price  5^. 
Volume  XVIII.  of  The  Interna- 
tional Scientific  Series. 

LONSDALE  (Margaret). 
Sister  Dora.  A  Biography, 
with  Portrait  engraved  on  steel  by 
C.  H.  Jeens,  and  one  illustration. 
Twelfth  edition.  Crown  Svo.  Cloth, 
price  6s. 

LORIMER  (Peter),  D.D. 
John  Knox  and  the  Church 
of  England:  His  Work  in  her  Pulpit, 
and  his  Influence  upon  her  Liturgy, 
Articles,  and  Parties.  Demy  Svo. 
Cloth,  price  12s. 

John  Wiclif  and  his 
English  Precursors,  by  Gerhard 
Victor  Lechler.  Translated  from 
the  German,  with  additional  Notes. 
2  vols.  Demy  Svo.   Cloth,  price  21s. 

Love's     Gamut     and     other 

Poems.     Snmll  crown  Svo.     Cloth, 

price  3.?.  6d. 
LOWNDES  (Henry). 

Poems    and   Translations. 

Crown  Svo.     Cloth,  price  6s. 
mP^Q,  CLINTOCK  (L.). 

Sir  Spangle  and  the  Dingy 

Hen.     Illustrated.      Square   crown 

Svo.,  price  zs.  6d. 
MACDONALD  (G.). 

Malcolm.     With  Portrait   of 

the  Author  engraved  on  Steel.  Fourth 

Edition.    Crown  Svo.     Price  6s. 

The    Marquis    of    Lossie. 

Second  Edition.    Crown  Svo.  Cloth, 

price  6.r. 

St.  George  and  St.  Michael. 

Second  Edition.  Crown  Svo.  Cloth, 6j. 
MACKENNA  (S.  J.). 
Plucky  Fellows.  A  Book 
for  Boys.  _  With  Six  Illustrations. 
Fourth  Edition.  Crown  Svo.  Cloth, 
price  35.  6d. 

At    School    with    an    Old 

Dragoon.  With  Six  Illustrations. 
Second  Edition.  Crown  Svo.  Cloth, 
price  5J. 
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MACLACHLAN  (Mrs.). 
Notes  and  Extracts  on 
Everlasting  Punishment  and 
Eternal  Life,  according  to 
Literal  Interpretation.  Small 
crown  8vo.     Cloth,  price  35.  td. 

MACNAUGHT  (Rev.  John). 
Ccena  Domini:     An   Essajr 

on  the  Lord's  Supper,  its  Primi- 
tive Institution,  Apostolic  Uses, 
and  Subsequent  History.  Demy 
8vo.     Cloth,  price  14J. 

MAGNUSSON    (Eirikr),     M.A., 
and  PALMER(E.H.),  M.A. 
Johan  Ludvig  Runeberg's 
Lyrical  Songs,  Idylls  and  Epi- 
grams.   Fcap.  8vo.  Cloth,  price  5*. 

MAIR  (R.  S.),  M.D.,  F.R.C.S.E. 
The     Medical    Guide    for 

Anglo-Indians.  Being  a  Compen- 
dium of  Advice  to  Europeans  in 
India,  relating  to  the  Preservation 
and  Regulation  of  Health.  With  a 
Supplement  on  the  Management  of 
Children  in  India.  Second  Edition. 
Crown  Bvo.    Limp  cloth,  price  3^.  6d. 

MALDEN  (H.  E.  and  E.  E.) 
Princes     and    Princesses. 

Illustrated.  Small  crown  Svo.  Cloth, 
price  2j.  6d. 

MANNING  (His  Eminence  Car- 
dinal). 
Essays    on    Religion    and 

Literature.  By  various  Writers. 
Third  Series.  Demy  Svo.  Cloth, 
price  loj.  dd. 

The  Independence  of  the 

Holy  See,  with  an  Appendix  con- 
taining the  Papal  Allocution  and  a 
translation.   Cr.  Svo.  Cloth,  price  5^. 

The  True  Story  of  the 
Vatican  Council.  Crown  Svo. 
Cloth,  price  55. 

MAREY  (E.  J.). 
Animal      Mechanics.        A 

Treatise  on  Terrestrial  and  Aerial 
Locomotion.  With  117  Illustrations. 
Second  Edition.  Crown  Svo.  Cloth, 
price  55. 

Volume  XI.  of  The  International 
Scientific  Series. 


Marie  Antoinette  :  a  Drama. 

Small  crown  Svo.     Cloth,  price  5^. 

MARKHAM  (Capt.  Albert  Hast- 
ings), R.N. 
The  Great  Frozen  Sea.     A 

Personal  Narrative  of  the  Voj'age  of 
the  "Alert"  during  the  Arctic  Ex- 
pedition of  1875-6.  With  six  full- 
page  Illustrations,  two  Maps,  and 
twenty-seven  Woodcuts.  Fourth 
and  cheaper  edition.  Crown  Svo. 
Cleth.  price  6s. 

Master  Bobby  :    a  Tale.     By 

the  Author  of  "Christina  North." 
With  Illustrations  by  E.  H.  Bell. 
ExU'a  fcap.  Svo.     Clot>h,  price  3^.6^. 

MASTERMAN  (J.). 
Half-a-dozen       Daughters. 

With  a  Frontispiece.  Crown  Svo. 
Cloth,  price  35.  td. 

MAUDSLEY  (Dr.  H.). 
Responsibility    in    Mental 

Disease.  Third  Edition.  Crown 
Svo.     Cloth,  price  5^. 

Volume  VI 1 1 .  of  The  International 
Scientific  Series. 
MEREDITH  (George). 
TheEgoist.  AComedyinNar- 
rative.    3  vols.    Crown  Svo.    Cloth. 

%*  Also  a  Cheaper  Edition,  with 
Frontispiece.  Crown  Svo.  Cloth, 
price  6s. 

The  Ordeal  of  Richard  Fe- 

verel .  A  History  of  Father  and  Son. 
In  ane  vol.  with  Frontispiece.  Crown 
8r».     Cloth,  price  6s. 

MERRITT  (Henry). 
Art  -  Criticism  and  Ro- 
mance. With  Recollections,  and 
Twenty-three  Illustrations  in  eau- 
forte,  by  Anna  Lea  Merritt.  Two 
vols.     Large  post  Svo.     Cloth,  25^-. 

MIDDLETON  (The  Lady). 
Ballads.  Square  i6mo.  Cloth, 
price  3J.  6d. 

MILLER  (Edward). 
The  History  and  Doctrines 
of  Irvingism  ;  or,  the  so-called  Ca- 
tholic and  Apostolic  Church.  2  vols. 
Large  post  Svo.  Cloth,  price  255. 
The  Church  in  Relation  to 
the  State.  Crewn  Svo.  Cloth,  price 
TS.  6d. 
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MILNE  (James). 
Tables  of  Exchange  for  the 

Conversion  of  Sterling  Money  into 
Indian  and  Ceylon  Currency,  at 
Rates  from  is.  Sd.  to  2S.  3d.  per 
Rupee.  Second  Edition.  Demy 
8vo.     Cloth,  price  ;^2  ^s. 

MINCHIN  (J.  G.). 
Bulgaria    since    the    War. 

Notes  of  a  Tour  in  the  Autumn  of 
1879.  Small  crown  8vo.  Cloth, 
price  3^.  6</. 

MIVART  (St.  George),  F.R.S. 
Contemporary   Evolution  : 

An  Essay  on  some  recent  Social 
Changes.  Post  Svo.  Cloth,  price 
7s.  6a. 

MOCKLER  (E.). 
A  Grammar  of  the  Baloo- 

chee  Language,  as  it  is  spoken  in 
Makran  (Ancient  Gedrosia),  in  the 
Persia-Arabic  and  Roman  characters. 
Fcap.  Svo.     Cloth,  price  5^ . 

MOFFAT  (Robert  Scott). 
The  Economyof  Consump- 
tion;  an  Omitted  Chapter  in  Political 
Economy,  with  special  reference  to 
the  Questions  of  Commercial  Crises 
and  the  Policy  of  Trades  Unions ;  and 
with  Reviews  of  the  Theories  of  Adam 
Smith,  Ricardo,  J.  S.  Mill,  Fawcett, 
&c.     Demy  Svo.     Cloth,  price  18^. 

The  Principles  of  a  Time 
Policy :  being  an  Exposition  of  a 
Method  of  Settling  Disputes  between 
Employers  and  Employed  in  regard 
to  Time  and  Wages,  by  a  simple  Pro- 
cess of  Mercantile  Barter,  without 
recourse  to  Strikes  or  Locks-out. 
Reprinted  from  "The  Economy  of 
Consumption,"  with  a  Preface  and 
Appendix  containing  Observations  on 
some  Reviews  of  that  book,  and  a  Re- 
criticism  of  the  Theories  of  Ricardo 
and  J.  S.  Mill  on  Rent,  Value,  and 
Cost  of  Production.  Demy  Svo. 
Cloth,  price  3s.  6d. 

MOLTKE  (Field-Marshal  Von). 
Letters    from     Russia. 

Translated  by  Robina  Napier. 
Crown  Svo.     Cloth,  price  6s. 

Notes  of  Travel.  Being  Ex- 
tracts from  the  Journals  of.  Crown 
Svo.     Cloth,  price  6s, 


Monmouth:  A  Drama,  of  which 
the  Outline  is  Historical.  Dedicated 
by  permission  to  Mr.  Henry  Irving. 
Small  crown  Svo.     Cloth,  price  55. 

MORELL  (J.  R.). 

Euclid  Simplified  in  Me- 
thod and  Language.  Being  a 
Manual  of  Geometry.  Compiled  from 
the  most  important  French  Works, 
approved  by  the  University  of  Paris 
and  the  Minister  of  Public  Instruc- 
tion.   Fcap.  Svo.   Cloth,  price  2s.  6d. 

MORICE  (Rev.  F.  D.),  M.A. 
The  Olympian  and  Pythian 
Odes  of  Pindar.     A  New  Transla- 
tion  in  English  Verse.     Crown  Svo. 
Cloth,  price  IS.  6d. 

MORSE  (E.  S.),  Ph.D. 
First     Book    of    Zoology. 

With  numerous  Illustrations.  Crown 

Svo.     Cloth,  price  $s. 
MORSHEAD  (E.  D.  A.) 

The  Agamemnon  of  .^s- 

chylus.     Translated    into    English 

verse.   With  an  Introductory  Essay. 

Crown  Svo.     Cloth,  price  55. 
MORTERRA  (Felix). 

The  Legend  of  Allandale, 

and  other  Poems.  Small  crown  Svo. 
Cloth,  price  6s. 

NAAKE  (J.  T.). 
Slavonic       Fairy       Tales. 

From  Russian,  Servian,  Polish,  and 
Bohemian  Sources.  With  Fourlllus- 
trations.  Crown  Svo.  Cloth,  price  5^. 
NEWMAN  (J.  H.),  D.D. 
Characteristics     from     the 

Writings  of.  Being  Selections 
from  his  various  Works.  Arranged 
with  the  Author's  personal  approval. 
Third  Edition.  With  Portrait. 
Crown  Svo.  Cloth,  price  6s. 
%*  A  Portrait  of  the  Rev.  Dr.  J .  H. 
Newman,  mounted  for  framing,  can 
be  had.  price  2J.  6d. 
NICHOLAS  (Thomas),  Ph.D., 
F.G.S.  ,.   , 

The  Pedigree  of  the  English 
People:  an  Argument,  Historical 
and  Scientific,  on  the  Formation  and 
Growth  of  the  Nation,  tracing  Race- 
admixture  in  Britainfrom  the  earliest 
times,  with  especial  reference  to  the 
incorporation  of  the  Celtic  Abori- 
gines. Fifth  Edition.  Demy  Svo. 
Cloth,  price  j6^. 
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NICHOLSON  (Edward  Byron). 
The  Christ  Child,  and  other 
Poems.     Crown  8vo.     Cloth,  price 

The  Rights  of  an  Animal. 

Crown  8vo.     Cloth,  price  3J.  6d. 

The  Gospel  according  to 
the  Hebrews.  Its  Fragments  tran«- 
latcd  and  annotated,  with  a  critical 
Analysis  of  the  External  and  Internal 
Evidence  relating  to  it.  Demy  8vo. 
Cloth,  price  gs.  6d. 

NICOLS      (Arthur),      F.G.S., 
F.R.G.S. 
Chapters  from  the  Physical 

History  of  the  Earth.  An  Introduc- 
tion to  Geology  and  Palaeontology, 
with  numerous  illustrations.  Crown 
8vo.     Cloth,  price  55. 

NOAKE  (Major  R.  Compton). 
The    Bivouac  ;    or,    Martial 
Lyrist,  with  an  Appendix — Advice  to 
the  Soldier.    Fcap.  8vo.   Price  ss.  6d. 

NORMAN  PEOPLE  (The). 
The   Norman    People,  and 

their  Existing  Descendants  in  the 
British  Dominions  and  the  United 
States  of  America.  Demy  8vo. 
Cloth,  price  21J. 

NORRIS  (Rev.  Alfred). 
The  Inner  and  Outer  Life 
Poems.   Fcap.  8vo.  Cloth,  price  6s. 

Notes   on   Cavalry   Tactics, 

Organization,  &c.  By  a  Cavalry 
Officer.  With  Diagrams.  Demy8vo. 
Cloth,  price  12s. 

Nuces  :  Exercises  on  the 
Syntax  of  the  Public  School 
Latin  Primer.  New  Edition  in 
Three  Parts.  Crown  8vo.  Each  u. 
*^*  The  Three  Parts  can  also  be 
had  bound  together  in  c  loth,  price  3 J. 

O'BRIEN  (Charlotte  G.). 
Light   and  Shade.     2  vols. 
Crown  8vo.     Cloth,  gilt  tops,  price 
1 2  J. 

Ode  of  Life  (The). 

Third  Edition.  Fcap.  8vo.  Cloth, 
price  55. 


O'HAGAN  (John). 
The  Song  of  Roland.  Trans- 
lated   into    English    Verse.     Large 
post  8vo.     Parchment  antique,  price 
icy.  6d. 

O'MEARA  (Kathleen). 
Frederic  Ozanam,  Professor 

of  the  Sorbonne  ;  His  Life  and 
Works.  Second  Edition.  Crown 
8vo.     Cloth,  price  yj.  6d. 

Oriental  Sporting  Magazine 
(The). 

A  Reprint  of  the  first  5  Volumes, 
in  2  Volumes.  Demy  Svo.  Cloth, 
price  28J. 

OWEN(F.  M.). 

John      Keats.        A     Study. 

Crown  8vo.     Cloth,  price  6s. 
OWEN  (Rev.  Robert),  B.D. 
Sanctorale  Catholicum  ;  or 

Book  of  Saints.  With  Notes,  Criti- 
cal, Exegetical,  and  Historical. 
Demy  Svo.     Cloth,  price  iZs. 

Palace  and  Prison  and  Fair 

Geraldine.  Two  Tragedies,  by  the 
Author  of"  Ginevra  "  and  the  "  Duke 
of  Guise."     Crown  Svo.     Cloth,  6s. 

PALGRAVE  (W.  Gifford). 

Hermann  Agha ;  An  Eastern 

Narrative.  Third  and  Cheaper  Edi- 
tion.    Crown  Svo.     Cloth,  price  6s. 

PALMER  (Charles  Walter). 
The  \Veed  :  a  Poem.    Small 
crown  Svo.     Cloth,  price  3J. 

PANDURANG  HARI  ; 
Or,  Memoirs  of  a  Hindoo. 

With  an  Introductory  Preface  by  Sir 
H.  Bartle  E.  Frere,  G.C.S.I.,  C.B. 
Crown  Svo.     Price  6^-. 

PARKER  (Joseph),  D.D. 

The   Paraclete:    An    Essay 

on  the  Personality  and  Ministry  of 
the  Holy  Ghost,  with  some  reference 
to  current  discussions.  Second  Edi- 
tion.    Demy  Svo.     Cloth,  price  12s. 

PARR  (Capt.  H.  Hallam). 
A  Sketch  of  the  Kafir  and 
Zulu    Wars :    Guadana  to  Isand- 
hlwana,  with   Maps.      Small  crown 
Svo.     Cloth,  price  5J. 
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PARSLOE  (Joseph). 
Our    Railways  :     ^Sketches, 

Historical  and  Descriptive.  With 
Practical  Information  as  to  Fares, 
Rates,  &c.,  and  a  Chapter  on  Rail- 
way Reform.  Crown  8vo.  Cloth, 
price  dy. 

PATTISON  (Mrs.  Mark). 
The  Renaissance  of  Art  in 

France.  With  Nineteen  Steel 
Engravings.  3  vols.  Demy  8vo. 
Cloth,  price  32^. 

PAUL  (C.  Kegan). 
Mary  Wollst onecraft. 
Letters  to  Imlay.  With  Prefatory 
Memoir  by,  and  Two.  Portraits  in 
eaii  forte,  by  Anna  ^ea  Merritt. 
Crown  8vo.     Cloth,  price  ds. 

Goethe's   Faust.      A    New 

Translation  in  Rime.  Crown  8t©. 
Cloth,  price  6.y. 

William  Godwin :  His 
Friends  and  Contemporaries. 
With  Portraits  and  Facsimiles  of  the 
Handwriting  of  Godwin  and  his 
Wife.  2  vols.  Square  post  8vo. 
Cloth,  price  285. 

The  Genius  of  Christianity 

Unveiled.  Being  Ecsays  by  William 
Godwin  never  before  published. 
Edited,  with  a  Preface,  by  C. 
Kegan  Paul,  Crown  8vo.  Cloth, 
price  TS.  6d. 

PAUL  (Margaret  Agnes). 
Gentle  and  Simple :  A  Story. 
2  vols.    Crown  8^40.    Cloth,  gilt  tops, 
price  125. 

%*  Also  a  Cheaper  Edition  in  ene 
vol.  with  Frontispiece,  Crown  8vo. 
Cloth,  price  6s. 

PAYNE  (John). 
Songs  of  Life  and  Death. 

Crown  8vo.     Cloth,  price  55. 
PAYNE  (Prof.  J.  F,). 

Lectures     on     Education. 

Price  6d. 

II.  Frobel    and    the    Kindergarten 

system.     Second  Edition. 


PAYNE  (Prof.  J.  ¥.)— continued. 
A  Visit  to  German  Schools  : 
Elementary  Schools  in  Ger- 
many. Notes  of  a  Professional  Tour 
to  inspect  some  of  the  Kindergartens, 
Primary  Schools,  Public  Girls' 
Schools,  and  Schools  for  Technical 
Instruction  in  Hamburgh,  Berlin, 
Dresden,  Weimar,  Gotha,  Eisenach, 
in  the  autumn  of  1874.  With  Critical 
Discussions  of  the  General  Principles 
and  Practice  of  Kindergartens  and 
other  Schemes  of  Elementary  Edu- 
cation. Crown  8vo.  Clolli,  price 
AS.  6d. 

PELLETAN  (E.). 

The   Desert    Pastor,    Jean 

Jarousseau.  Translated  from  the 
French.  By  Colonel  E.  P.  De 
L'Hoste,  With  a  Frontispiece.  New 
Edition,  Fcap.  Svo.  Clofli,  price 
3^.  6d. 

PENNELL  (H.  Cholmondeley). 

Pegasus    Resaddled,       By 

the  Author  of  "  Puck  on  Pegasus," 
&c.  &c.  With  Ten  Full-page  Illus- 
trations by  George  Du  Maurier. 
Second  Edition,  Fcap,  4to.  Cloth 
elegant,  price  12s.  6d. 

PENRICE  (Maj.  J.),  B.A. 
A  Dictionary  and  Glossary 

of  the  Ko-ran.  With  copious  Gram- 
matical References  and  Explanations 
of  the  Text.    4to.    Cloth,  price  21  j. 

PESCHEL  (Dr.  Oscar). 
The    Races    of    Man    and 

theirOeographical  Distribution. 

Large  crown  8vo.     Cloth,  price  gs. 

PETTIGREW   (J.    Bell),    M.D., 
F.R.S. 
Animal    Locomotion ;    or, 

Walking,  Swimming,  and  Flying. 
With  130  Illustrations.  Second  Edi- 
tion.    Crown  Svo.     Cloth,  price  55. 

Volume  VII.  of  The  Internartional 
Scientific  Series. 

PFEIFFER  (Emily). 
Quarterman's    Grace,    and 
other  Poems.    Crown  Svo.    Cloth, 
price  5J. 

Glan  Alarch:  His  Silence 
and  Song.  A  Poem.  Second 
Edition.    Cpown  Svo.    price  6s, 
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PFEIFFER  i^vaWy)— continued. 
Gerard's    Monument,    and 
other   Poems.      Second    Edition. 
Crown  8vo.     Cloth,  price  &s. 

Poems.        Second     Edition. 
Crown  8vo.     Cloth,  price  ds. 
Sonnets  and  Songs.     New 

Edition.  i5mo,  handsomely  printed 
and  bound  in  cloth,  gilt  edges,  price 

PINCHES  (Thomas),  M.A. 
Samuel  Wilberforce:  Faith 
—Service— Recompense.  Three 
Sermons.  With  a  Portrait  of  Bishop 
Wilberforce  (after  a  Photograph  by- 
Charles  Watkins).  Crown  8vo.  Cloth, 
price  4^.  dd. 

PLAYFAIR  (Lieut.  -  Col.),  Her 
Britannic  Majesty's  Consul-General 
in  Algiers. 

Travels  in  the  Footsteps  of 
Bruce   in    Algeria    and    Tunis. 

Illustrated  by  facsimiles  of  Bruce's 
original  Drawings,  Photographs, 
Maps,  &c.  Royal  4to.  Cloth, 
bevelled  boards,   gilt    leaves,   price 

POLLOCK  (W.  H.). 
Lectures  on  French  Poets. 

Delivered  at  the  Royal  Institution. 
Small  crown  Svo.     Cloth,  price  ^s. 

POUSHKIN  (A.  S.). 

Russian         Romance. 

Translated  from  the  Tales  of  Belkin, 
&c.  By  Mrs.  J.  Buchan  Telfer  («/^ 
Mouravieflf).  Crown  Svo.  Cloth, 
price  3^.  6rf. 

PRESBYTER. 
Unfoldings  of  Christian 
Hope.  An  Essay  showing  that  the 
Doctrine  contained  in  the  Damna- 
tory Clauses  of  the  Creed  commonly 
called  Athanasian  is  unscriptural. 
Small  crown  Svo.    Cloth,  price  4J.  bd. 

PRICE  (Prof.  Bonamy). 
Currency     and      Banking. 

Crown  Svo.    Cloth,  price  ds. 

Chapters  on  Practical  Poli- 
tical Economy.  Being  the  Sub- 
stance of  Lectures  delivered  before 
the  University  of  Oxford.  Larg« 
post  Svo.     Cloth,  price  i2f. 


Proteus    and   Amadeus.      A 

Correspondence.  Edited  by  Aubrey 
DeVere.  Crown  Svo.  Cloth,  price  5^. 

PUBLIC  SCHOOLBOY. 
The  Volunteer,  the  Militia- 
man, and  the  Regular  Soldier. 
Crown  Svo.     Cloth,  price  5.1. 

PULPIT  COMMENTARY  (The). 
Edited  by  the  Rev.  J.  S.  Exell  and 
the  Rev.  Canon  H.  D.  I\I.  Spence. 

Ezra,     Nehemiah,     and 

Esther.  By  Rev.  Canon  G.  Rawlin- 
son,  jNI.A.  ,  with  Homilies  by  Rev. 
Prof.  J.  R.  Thomson,  M.A.,  Rev. 
Prof.  R.  A.  Redford,  LL.B.,  M.A., 
Rev.  W.  S.  Lewis,  M.A.,  Rev.  J.  A. 
Macdonald,  Rev.  A.  Mackennal, 
B.A.,  Rev.  W.  Clarkson,  E.A.,  Rev. 
F.  Hastings,  Rev.  \V.  Dinwiddle, 
LL.B.,  Rev.  Prof.  Rowlands,  B.A., 
Rev.  G.  Wood,  B.A.,  Rev.  Prof.  P. 
C.  Barker,  LL.B.,  M.A.,  and  Rev. 
J.  S.  Exell.  Second  Edition.  One 
Vol.,  price  \'2S.  6d. 
I  Samuel.  By  the  Very  Rev. 
R.  P.  Smith,  D.D.  With  Homilies 
by  the  Rev.  Donald  Eraser,  D.D., 
Rev.  Prof.  Chapman,  and  Rev.  B. 
Dale.     Price  155. 

Punjaub    (The)    and    North 

Western  Frontier  of  India.     By  an 
old  Punjaubee.    Crown  Svo.    Cloth, 
price  5J. 
QUATREFAGES  (Prof.  A.  de). 
The    Human     Species. 

Second  Edition.  Crown  Svo.  Cloth, 
price  ss'. 

Vol.  XXVI.  of  The  I»teruational 
Scientific  Series. 

RAVENSHAW  Qohn  Henry), 
B.C.S. 

Gaur:  Its  Ruins  and  In- 
scriptions. Edited  with  consider- 
able additions  and  alterations  by  his 
Widow.  With  forty-four  photo- 
graphic illustrations  and  twenty-five 
fac-similes  of  Inscriptions.  Super 
royal  4to.     Cloth,  3/.  135.  6d. 

READ  (Carveth). 
On  the  Theory  of  Logic  : 
An    Essay.       Crown    Svo.      Cloth, 
price  6s. 

Realities  of  the  Future  Life. 
Small  crown  Svo.  Cloth,  price 
IS.  6d. 
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REANEY  (Mrs.  G.  S.). 
Blessing   and    Blessed ;    a 

Sketch  of  Girl  Life.  With  a  frontis- 
piece.    Crown  Svo.     Cloth,  price  $$, 

Waking  and  Working  ;  or, 
from  Girlhood  to  'Womanhood. 
With  a  PVontispiece.  Crown  Svo. 
Cloth,  price  5^. 

English  Girls  :   their  Place 

and  Power.  With  a  Preface  by 
R.  W.  Dale,  M.A.,  of  Birmingham. 
Second  Edition.  Fcap.  Svo.  Cloth, 
price  2S.  6d. 

Just  Anyone,  and  other 
Stories.  Three  Illustrations.  Royal 
i6mo.     Cloth,  price  i.y.  6d. 

Sunshine  Jenny  and  other 
Stories.  Three  Illustrations.  Royal 
i6mo.     Cloth,  price  is.  6d. 

Sunbeam  Willie,  and  other 
Stories.  Three  Illustrations.  Royal 
i6mo.     Cloth,  price  i^.  6d. 

REYNOLDS  (Rev.  J.  W.). 
The  Supernatural  in  Na- 
ture. A  Verification  by  Free  Use  of 
Science.  Second  Edition,  revised 
and  enlarged.  Demy  Svo.  Cloth, 
price  143-. 

Mystery  of  Miracles,  The. 

By  the  Author  of  "  The  Supernatural 
in  Nature."  Crown  Svo.  Cloth, 
price  6s. 

RIBOT  (Prof.  Th.). 
English  Psychology.  Se- 
cond Edition.  A  Revised  and  Cor- 
rected Translation  from  the  latest 
French  Edition.  Large  post  Svo. 
Cloth,  price  gs. 

Heredity  :  A  Psychological 
Study  on  its  Phenomena,  its  Laws, 
its  Causes,  and  its  Consequences. 
Large  crown  Svo.     Cloth,  price  gs. 

RINK  (Chevalier  Dr.  Henry). 
Greenland  :  Its  People  and 

its  Products.  By  the  Chevalier 
Dr.  Henry  Rink,  President  of  the 
Greenland  Board  of  Trade.  With 
sixteen  Illustrations,  drawn  by  the 
Eskimo,  and  a  Map.  Edited  by  Dr. 
Robert  Brown.  Crown  Svo.  Price 
loj.  6d. 


ROBERTSON    (The    Late    Rev. 

F.  W.),  M.A.,  of  Brighton. 

Notes  on  Genesis.  New 
and  cheaper  Edition.  Crown  8vo., 
price  35.  6d. 

Sermons.  Four  Series.  Small 
crown  Svo.    Cloth,  price  35.  6d.  each. 

Expository  Lectures  on 
St.  Paul's  Epistles  to  the  Co- 
rinthians. A  New  Edition.  Small 
crown  Svo.     Cloth,  price  5J. 

Lectures    and    Addresses, 

with  other  literary  remains.  A  New 
Edition.   Crown  Svo.    Cloth,  price  55. 

An  Analysis  of  Mr.  Tenny- 
son's  "  In  Memoriam."  (Dedi- 
cated by  Permission  to  the  Poet- 
Laureate.)  Fcap.  Svo.  Cloth,  price  2 J. 

The     Education     of     the 

Human  Race.  Translated  from 
the  German  of  Gotthold  Ephraim 
Lessing.  Fcap.  Svo.  Cloth,  price 
25.  6d. 

Life  and  Letters.  Edited  by 
the  Rev.  Stopford  Brooke,  M.A., 
Chaplain  in  Ordinary  to  the  Queen. 

I.  2  vols.,  uniform  with  the  Ser- 
mons. With  Steel  Portrait.  Crown 
Svo.     Cloth,  price  -js.  6d. 

II.  Library  Edition,  in  Demy  Svo., 
with  Two  Steel  Portraits.  Cloth, 
price  i2.y. 

III.  A  Popular  Edition,  in  one  vol. 
Crown  Svo.     Cloth,  price  6.s. 

The  above  Works  can  also  be  haa 
half-bound  in  morocco. 

%*  A  Portrait  of  the  late  Rev.  F.  W. 
Robertson,  mounted  for  framing,  can 
be  had,  price  2J.  td. 

ROBINSON  (A.  Mary  F.). 
A      Handful     of     Honey- 
suckle.    Fcap.    Svo.    Cloth,  price 
3J.  6d. 

RODWELL    (G.    F.),    F.R.A.S., 
F.C.S. 

Etna  :  a  History  of  the 
Mountain    and    its    Eruptions. 

With  Maps  and  Illustrations.  Square 
Svo.     Cloth,  price  gs. 


C.  Kegan  Paul  6r*  Co.^s  Publications. 
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ROOD  (Ogden  N.). 
Modern  Chromatics,  with 
Applications  to  Art  and  In- 
dustry. With  130  Original  Illus- 
trations. Crown  8vo.  Cloth,  price  5^. 
Vol.  XXVII.  of  The  International 
Scientific  Series. 

ROSS  (Mrs.  E.),  ("Nelsie  Brook"). 
Daddy's  Pet.  A  Sketch 
froni  Humble  Life.  With  Six  Illus- 
trations. Royal  i6mo.  Cloth,  price  is. 

ROSS   (Alexander),  D.D. 
Memoir       of       Alexander 
Ewing,  Bishop  of  Argyll  and  the 
Isles.    Second  and  Cheaper  Edition. 
Demy  8vo.     Cloth,  price  10s.  6d. 

SADLER  (S.  W.),  R.N. 

The   African    Cruiser.      A 

Midshipman's  Adventures  on  the 
West  Coast.  With  Three  Illustra- 
tions. Second  Edition.  Crown  8vo. 
Cloth,  price  ^j.  6d. 

SALTS  (Rev.  Alfred),  LL.D. 
Godparents    at    Confirma- 
tion.    With  a  Preface  by  the  Bishop 
of  Manchester.     Small   crown   8vo. 
Cloth,  limp,  price  -zs. 

SAUNDERS  (Katharine). 
Gideon's    Rock,   and    other 
Stories.    Crown  8vo.    Cloth,  price  6s. 
Joan  Merry weather,and  other 

Stories.    Crown  8vo.    Cloth,  price  6x. 

Margaret  and  Elizabeth. 
A  Story  of  the  Sea.  Crown  8vo. 
Cloth,  price  6s. 

SAUNDERS  (John). 
Israel  Mort,   Overman  :  A 

Story  of  the  Mine.  Cr.  8vo.  Price  6s. 
Hirell.  With  Frontispiece. 
Crown  8vo.     Cloth,  price  3J.  6d. 

Abel  Drake's  Wife.     With 

Frontispiece.  Crown  Svo.  Cloth, 
price  3J.  6d. 

SAYCE  (Rev.  Archibald  Henry). 
Introduction  to  the  Science 

of  Language.  Two  vols.,  large  post 
Svo.     Cloth,  price  255. 

SCHELL  (Maj.  von). 
The  Operations  of  the 
First  Army  under  Gen.  von 
Goeben.  Translated  by  Col.  C.  H. 
von  Wright.  Four  Maps.  Demy 
Svo.     Cloth,  price  9*. 


SCHELL  (Maj.  von)— continued. 
The  Operations  of  the 
First  Army  under  Gen.  von 
Steinmetz.  Translated  by  Captain 
E.  O.  Hollist.  Demy  8vo.  Cloth, 
price  10s.  6d. 

SCHELLENDORF  (Maj. -Gen. 
B.  von). 

The  Duties  of  the  General 
Staff.  Translated  from  the  German 
by  Lieutenant  Hare.  Vol.  I.  Demy 
Svo.     Cloth,  los.  6d. 

SCHERFF  (Maj.  W.  von). 
Studies  in  the  New  In- 
fantry Tactics.  Parts  I.  and  II. 
Translated  from  the  German  by 
Colonel  Lumley  Graham.  Demy 
8vo.     Cloth,  price  7^.  6d. 

SCHMIDT  (Prof.  Oscar). 
The   Doctrine   of  Descent 

and  Darwinism.  With  26  Illus- 
trations. Third  Edition.  Crown 
Svo.     Cloth,  price  5^. 

Volume  XII.  of  The  International 
Scientific  Series. 

SCHUTZENBERGER(Prof.F.). 
Fermentation.  With  Nu- 
merous Illustrations.  Second  Edition. 
Crown  Svo.     Cloth,  price  5J. 

Volume  XX.  of  The  International 
Scientific  Series. 

Scientific  Layman.  The  New 
Truth  and  the  Old  Faith  :  are  they 
Incompatible?  Demy  Svo.  Cloth, 
price  \os.  6d. 

SCOONES  (W.  Baptiste). 
Four  Centuries  of  English 

Letters  A  Selection  of  350  Letters 
by  150  Writers  from  the  period  of  the 
Paston  Letters  to  the  Present  Time. 
Edited  and  arranged  by.  Large 
crown  Svo.     Cloth,  price  9J. 

SCOTT  (Leader). 
A  Nook  in  the  Apennines: 
A  Summer  beneath  the  Chestnuts. 
With  Frontispiece,  and  27  Illustra- 
tions in  the  Text,  chiefly  from 
Original  Sketches.  Crown  Svo. 
Cloth,  price  75.  6d. 

SCOTT  (Robert  H.). 
Weather  Charts  and  Storm 
W^arnings.  Illustrated.  SecondEdi- 
tion.   Crown  Svo.   Cloth,  price  3J.  6d. 

Seeking  his  Fortune,  and 
other  Stories.  With  Four  Illustra- 
tions. Crown  Svo.  Cloth,  price  3* .  6d. 
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SENIOR  (N.  W.). 
Alexis      De     Tocqueville. 

Correspondence  and  Conversations 
with  Nassau  W.  Senior,  from  1833  to 
1859.  Edited  by  M.  C.  M.  Simpson. 
2  vols.  Large  post  8vo.Cloth,price2ij. 

Sermons  to  Naval  Cadets. 

Preached  on  board  H.M.S. 
"  Britannia."  Small  crown  8vo. 
Cloth,  price  35.  6d. 

Seven  Autumn  Leaves  from 

Fairyland.  Illustrated  with  Nine 
Etchings.  Square  crown  8vo.  Cloth, 
price  3J.  6d. 

SHADWELL  (Maj.-Gen.),  C.B. 
Mountain  Warfare.  Illus- 
trated by  the  Campaign  of  i799_  in 
Switzerland.  Being  a  Translation 
of  the  Swiss  Narrative  compiled  from 
the  Works  of  the  Archduke  Charles, 
Jomini,  and  others.  Also  of  Notes 
by  General  H.  Dufour  on  the  Cam- 
paign of  the  Valtelline  in  1635.  With 
Appendix,  Maps,  and  Introductory 
Remarks.  Demy  8vo.  Cloth,  price  i6f. 

SHAKSPEARE  (Charles). 
Saint      Paul     at     Athens  : 

Spiritual  Christianity  in  Relation  to 
some  Aspects  of  Modern  Thought. 
Nine  Sermons  preached  at  St.  Ste- 
phen's Church,  Westbourne  Park. 
With  Preface  by  the  Rev.  Canon 
Farrar.  Crown  8vo.  Cloth,  price  5.^. 

SHAW  (Major  Wilkinson). 
The  Elements  of  Modern 

Tactics.  Practically  applied  to 
English  Formations.  With  Twenty- 
five  Plates  and  Maps.  Small  crown 
8vo.     Cloth,  price  12^. 

%*  The  Second  Volume  of  "Mili- 
tary Handbooks  for  Officers  and 
Non-commissioned  Officers."  Edited 
by  Lieut.-Col.  C.  B.  Brackenbury, 
R.A.,  A.A.G. 

SHAW  (Flora  L.). 
Castle    Blair :     a    Story   of 
Youthful  Lives.    2  vols.   Crown  8vo. 
Cloth,  gilt  tops,  price  i2j.     Also,  an 
dition  in  one  vol.     Crown  Svo.    ds. 


SHELLEY  (Lady). 
Shelley     Memorials     from 

Authentic  Sources.  With  (now 
first  printed)  an  Essay  on  Christian- 
ity by  Percy  Bysshe  Shelley.  With 
Portrait.  Third  Edition.  Crown 
8vo.     Cloth,  price  5^. 

SHELLEY  (Percy  Bysshe). 
.  Poems  selected  from.  Dedi- 
cated to  Lady  Shelley.  With  Pre- 
face by  Richard  Gamett.  Printed 
on  hand-made  paper.  With  miniature 
frontispiece.  Elzevir. Svo., limp  parch- 
ment antique.  Price  6.f., vellum  js.td. 

SHERMAN  (Gen.  W.  T.). 
Memoirs  of  General  W. 
T.  Sherman,  Commander  of  the 
Federal  Forces  in  the  American  Civil 
War.  By  Himself.  2  vols.  With 
Map.  Demy  Svo  Cloth,  price  24J. 
Copyright  English  Edition. 

SHILLITO  (Rev.  Joseph). 

Womanhood  :     its    Duties, 

Temptations,  and  Privileges.  A  Book 
for  Young  Women.  Second  Edition. 
Crown  Svo.     Price  3.?.  6d. 

SHIPLEY  (Rev.  Orby),  M.A. 
Principles  of  the  Faith  in 
Relation  to  Sin.  Topics  for 
Thought  in  Times  of  Retreat. 
Eleven  Addresses.  With  an  Intro- 
duction on  the  neglect  of  Dogmatic 
Theology  in  the  Church  of  England, 
and  a  Postscript  on  his  leaving  the 
Church  of  England.  Demy  Svo. 
Cloth,  price  i2j. 

Church  Tracts,  or  Studies 
in  Modern  Problems.  By  various 
Writers.  2  vols.  Crown  Svo.  Cloth, 
price  5J.  each. 

SMITH  (Edward),  M.D.,  LL.B., 
F.R.S. 

Health  and  Disease,  as  In- 
fluenced by  the  Daily,  Seasonal,  and 
other  Cyclical  Changes  in  the  Human 
System.  A  New  Edition.  Post  Svo. 
Cloth,  price  ^s.  6d. 

Foods.  Profusely  Illustrated. 
Sixth  Edition.  Crown  Svo.  Cloth, 
price  $s. 

Volume  III.  of  The  International 
Scientific  Series. 
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SMITH  (Edward),  M.D.,  LL.B., 
F .  R ,  S .  — contijuied. 

Practical  Dietary  for 
Families,  Schools,  and  the  La- 
bouring Classes.  A  New  Edition. 
Post  8vo.     Cloth,  price  3J.  6d. 

Tubercular  Consumption 
in  its  Early  and  Remediable 
Stages.  Second  Edition.  Crown 
8vo.     Cloth,  price  6s. 

Songs  of  Two  Worlds.     By 

the  Author  of  "  The  Epic  of  Hades." 
Fifth  Edition.  Complete  in  one 
Volume,  with  Portrait.  Fcap.  8vo. 
Cloth,  price  75.  6d. 

Songs  for  Music. 

By   Four   Friends.      Square  crown 
8vo.     Cloth,  price  55. 
Containing  songs   by   Reginald    A. 
Gatty,  Stephen   H.   Gatty,  Greville 
J.  Chester,  and  Juliana  Ewing. 

SPEDDING  (James). 
Reviews  and  Discussions, 
Literary,    Political,     and    His- 
torical, not  relating  to   Bacon. 
Demy  8vo.     Cloth,  price  12J.  6d. 

SPENCER  (Herbert). 
The    Study   of    Sociology. 

Eighth  Edition.  Crown  8vo.  Cloth, 
price  5^. 

Volume  V.   of  The  International 
Scientific  Series. 

STEDMAN  (Edmund  Clarence). 
Lyrics  and  Idylls.  With 
other  Poems.  Crown  8vo.  Cloth, 
price  7^.  6d. 

STEPHENS    (Archibald   John), 
LL.D. 
The      Folkestone      Ritual 

Case.  The  Substance  of  the  Argu- 
ment delivered  before  the  Judicial 
Committee  of  the  Privy  Council.  On 
behalf  of  the  Respondents.  Demy 
8vo.     Cloth,  price  6s. 

STEVENS  (William). 
The  Truce  of  God,  and  other 
Poems.     Small  crown  8vo.     Cloth, 
price  3^.  6d. 

STEVENSON  (Robert  Louis). 
An   Inland  Voyage.     With 
Frontispiece      by    Walter      Crane. 
Crown  8vo.     Cloth,  price  js.  6d. 


STEVENSON   (Robert    Louis)— 

continued. 

Travels  with  a  Donkey  in 
the  Cevennes.  With  Frontispiece 
by  Walter  Crane.  Crown  8vo.  Cloth, 
price  -js.  6d. 

STEVENSON  (Rev.  W.  P.). 
Hymns  for  the  Church  and 
Home.     Selected  and  Edited  by  the 
Rev.  W.  Fleming  Stevenson. 

The  most  complete   Hymn  Book 
published. 

The  Hymn  Book  consists  of  Three 
Parts  :— I.  For  Public  Worship.— 
II.  For  Family  and  Private  Worship. 
—III.  For  Children. 
*^*  Published  in  various  forms  and 
prices,  the  latter  ra^iging  from  8d. 
to  6s.  Lists  and  full  particulars 
■will  be  furnished  on  application  to 
the  Publishers. 

STEWART(Prof.  Balfour),  M.A., 
LL.D.,  F.R.S. 
On    the    Conservation    of 

Energy.  Fifth  Edition.  With 
Fourteen  Engravings.  Crown  8vo. 
Cloth,  price  <^s. 

Volume  VI.  of  The  International 
Scientific  Series. 
STORR(Francis),  and  TURNER 
Hawes). 
Canterbury     Chimes ;     or, 

Chaucer  Tales  retold  to  Children. 
With  Illustrations  from  the  EUes- 
mere  MS.  Extra  Fcap.  8vo.  Cloth, 
price  3J.  6d. 
STRETTON  (Hesba). 
David  Lloyd's  Last  Will. 
With  Four  Illustrations.  Royal 
i6mo.,  price  is.  6d. 

The       Wonderful       Life. 

Thirteenth  Thousand.       Fcap.   8vo. 
Cloth,  price  2j.  6d. 
Through  a  Needle's  Eye  : 
a  Story.    2  vols.   Crown  8vo.  Cloth, 
gilt  top,  price  12J, 

%*  Also  a  Cheaper  Edition  in 
one  volume, with  Frontispiece.  Crown 
Svo.  Cloth,  price  6s. 
STUBBS  (Lieut.-Colonel  F.  W.) 
The  Regiment  of  Bengal 
Artillery.  The  History  of  its 
Organization,  Eguipment,  and  War 
Services.  Compiled  from  Published 
Works,  Official  Records,  and  various 
Private  Sources.  With  numerous 
Maps  and  Illustrations.  2  vols. 
Demy  Svo.    Cloth,  price  32J. 
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STUMM  (Lieut.  Hugo),  German 
Military  Attache  to  the  Khivan  Ex- 
pedition. 

Russia's  advance  East- 
ward. Based  on  the  Official  Reports 
of.  Translated  by  Capt.  C.  E.  H. 
Vincent.  With  Map.  Crown  8vo. 
Cloth,  price  6s. 

SULLY  (James),  M.A. 
Sensation    and     Intuition. 

Demy  8vo.     Cloth,  price  los.  6d. 

Pessimism  :  a  History  and 
a  Criticism.     Demy  8vo.    Price  14J, 

Sunnyland  Stories. 

By  the  Author  of ' '  Aunt  Mary's  Bran 
Pie."  Illustrated.  Small  8vo.  Cloth, 
price  35.  6d. 

Sweet     Silvery    Sayings    of 

Shakespeare.  Crown  Svo.  Cloth 
gilt,  price  ts.  6d. 

SYME  (David). 
Outlines  of   an    Industrial 

Science.  Second  Edition.  Crown 
Svo.    Cloth,  price  6s. 

Tales  from  Ariosto.  Retold  for 

Children,  by  a  Lady.  With  three 
illustrations.  Crown  Svo.  Cloth, 
price  45.  6d. 

TAYLOR  (Algernon). 
Guienne.  Notes  of  an  Autuma 
Tour.  Crown  Svo.  Cloth,  price  4.?.  6^. 

TAYLOR  (Sir  H.). 
Works  Complete.    Author's 
Edition,    in    5    vols.      Crown    Svo. 
Cloth,  price  6s.  each. 

Vols.  I.  to  IIL  containing  the 
Poetical  Works,  Vols.  IV.  and  V. 
the  Prose  Works. 

TAYLOR  (Col.  Meadows),  C.S.I., 
M.R.I.A. 

A  Noble  Queen  :  a  Romance 
of  Indian  History.  Crown  Svo. 
Cloth.    Price  6s. 

Seeta.  3  vols.  Crown  Svo. 
Cloth. 

Tippoo  Sultaun :   a  Tale  of 

the  Mysore  War.  New  Edition  with 
Frontispiece.  Crown  Svo.  Cloth, 
price  6s. 


TAYLOR(Col.  Meadows),  C.S.I., 

M.R.I.  K.—conthincd. 

Ralph  ^Darnell.  New  and 
Cheaper  'Edition.  With  Frontis- 
piece.    Crown  Svo.    Cloth,  price  6s. 

The  Confessions  of  a  Thug. 

New  Edition.  Crown  Svo.  Cloth, 
price  6s. 

•Tara  :  a  Mahratta  Tale. 
New  Edition.  Crown  Svo.  Cloth, 
price  6.y. 

TEBBITT  (Charles)  and  Francis 
Lloyd. 

Extension  of  Empire  Weak- 
ness ?  Deficits  Ruin  ?  With  a 
Practical  Scheme  for  the  Recon- 
struction of  Asiatic  Turkey.  Small 
crown  Svo.     Cloth,  price  35.  6d. 

TENNYSON  (Alfred). 
The  Imperial  Library  Edi- 
tion. Complete  in  7  vols.  Demy  Svo. 
Cloth,  price  ;^3   13^.    6d.  ;  in    Rox- 
burgh binding,  £,i,  js.  6d. 

Author's  Edition.  Complete 

in  6  Volumes.  Post  Svo.  Cloth  gilt ; 
or  half-morocco,  Roxburgh  style  : — 

Vol.  I.    Early  Poems,  and 

English  Idylls.  Price  6s.  ;  Rox- 
burgh, Ts.  6d. 

Vol.  II.  Locksley  Hall, 
Lucretius,    and    other     Poems. 

Price  6s.  ;  Roxburgh,  7s.  6d. 

Vol.    III.      The    Idylls    of 

the  King  {Complete).  Price  75.  6d.\ 
Roxburgh,  gs. 

Vol.  IV.  The  Princess, and 

Maud.  Price  6j.  ;  Roxburgh,  7.r.  6rf. 

Vol.  V.  Enoch  Arden, 
and  In  Memoriam.  Price  6s.  ; 
Roxburgh,  -js.  6d. 

Vol.  VI.  Dramas.  Price  7x. ; 

Roxburgh,  Sj.  6d. 

Cabinet  Edition.  12  vols. 
Each  with  Frontispiece.  Fcap.  Svo. 
Cloth,  price  2s.  6d.  each. 

Cabinet  Edition.  12  vols.  Com- 
plete in  handsome  Ornamental  Case. 
2,2s. 

Pocket    Volume     Edition. 

13  vols.  In  neat  case,  36.1.  Ditto, 
ditto.    Extra  cloth  gilt,  in  case,  42*. 
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TENNYSON  {,PAir&d.)— continued. 
The  Royal  Edition.  Com- 
plete in  one  vol.  Cloth,  16^.  Cloth 
extra,  185.  Roxburgh,  half  morocco, 
price  2QS. 

The  Guinea  Edition.  Com- 
plete in  12  vols.,  neatly  bound  and 
enclosed  in  box.  Cloth,  price  aij. 
French  morocco,  price  31J.  6d. 
The  Shilling  Edition  of  the 
Poetical  and  Dramatic  Works,  in  12 
vols,,  pocket  size.  Price  \s.  each. 
The  Crown  Edition.  Com- 
plete in  one  vol.,  strongly  bound  in 
cloth,  price  (>s.  Cloth,  extra  gilt 
leaves,  price  -js.  6d.  Roxburgh, 
half  morocco,  price  Zs.  6d. 

%*  Can  also  be  had  in  a  variety 
of  other  bindings. 

Original  Editions  : 

The  Lover's  Tale.      (Now 

for  the  first  time  published.)  Fcap. 
8vo.     Cloth,  3J.  6d. 

Poems.     Small  8vo.     Cloth, 

price  6s. 

Maud,       and    other    Poems. 
Small  8vo.     Cloth,  price  3J.  6d. 
The    Princess.     Small   8vo. 

Cloth,  price  35.  6d. 

Idylls  of  the   King.     Small 

8vo.     Cloth,  price  sj. 

Idylls  of  the  King.  Com- 
plete.    Small  8vo.     Cloth,  price  6s. 

The  Holy  Grail,  and  other 
Poems.  Small  8vo.  Cloth,  price 
4-s.  6d. 

Gareth  and  Lynette.    Small 

8vo.     Cloth,  price  35. 

Enoch   Arden,  &c.      Small 

8vo.     Cloth,  price  3J.  6d. 

In   Memoriam.     Small  8vo. 

Cloth,  price  4J. 

Queen    Mary.      A   Drama, 

New  Edition.  Crown  8vo.  Cloth, 
price  6s. 

Harold.     A  Drama.     Crown 

Svo.     Cloth,  price  6s. 
Selections     from     Tenny- 
son's 'Works.    Super  royal  i6mo. 
Cloth,  price  -^s.  6d.    Cloth  gilt  extra, 
price  45. 


TENNYSON  (,hUrGd.)— continued. 
Songs     from     Tennyson's 

Works.  Super  royal  i6mo.  Cloth 
extra,  price  3J.  6d. 

Also  a  cheap  edition.  i6mo. 
Cloth,  price  2s.  6d. 

Idylls    of    the    King,    and 

other  Poems.  Illustrated  by  Julia 
Margaret  Cameron.  2  vols.  Folio. 
Half-bourid  morocco,  cloth  sides, 
price  £6  6s.  each. 

Tennyson  for  the  Young  and 

for  Recitation.  Specially  arranged. 
Fcap.  8vo.     Price  li-.  6d. 

Tennyson     Birthday    Book. 

Edited  by  Emily  Shakespear.  32mo. 
Cloth  limp,  2J. ;  cloth  extra,  ■^. 

*jf*  A  superior  edition,  printed  in 
red  and  black,  on  antique  paper, 
specially  prepared.  Small  crown  8vo. 
Cloth  extra,  gilt  leaves,  price  5.?.  ; 
and  in  various  calf  and  morocco 
bindings. 

In  Memoriam.  A  new  Edi- 
tion, choicely  printed  on  hand- 
made paper,  with  a  Miniature  Por- 
trait in  eau  forte  by  Le  Rat, 
after  a  photograph  by  the  late  Mrs. 
Cameron.  Bound  in  limp  parchment, 
antique,  price  6j.,  vellum  yj.  6d. 

The  Princess.  A  Medley. 
Choicely  printed  on  hand-made 
paper,  with  a  miniature  frontispiece 
by  H.  M.  Paget  and  a  tail-piece  in 
outline  by  Gordon  Browne.  Limp 
parchment,  antique,  price  6s., 
vellum,  price  7.$-. 

Songs    Set    to    Music,    by 

various  Composers.  Edited  by  W. 
G.  Cusins.  Dedicated  by  express 
permission  to  Her  Majesty  the 
Queen.  Royal  4to.  Cloth  extra, 
gilt  leaves,  price  21  J.,  or  in  half- 
morocco,  price  2S.y. 

THOMAS  (Moy). 
A    Fight   for    Life.       With 
Frontispiece.      Crown  Svo.      Cloth, 
price  -^s.  6d. 

THOMPSON  (Alice  C). 
Preludes.       A    Vohime    of 

Poems.  Illustrated  by  Elizabeth 
Thompson  (Painter  of  "The  Roll 
Call ").     Svo.     Cloth,  price  7* .  dd. 
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THOMSON  0-  Turnbull). 
Social  Problems  ;  or,  an  In- 
quiry into   the   Law  of  Influences. 
With  Diagrams.   Demy  8vo.    Cloth, 
price  los.  6d. 

THRING  (Rev.  Godfrey),  B.A. 
Hymns  and  Sacred  Lyrics. 

Fcap.  8vo.     Cloth,  price  35.  6d. 

THURSTON  (Prof.  R.  H.). 
A  History  of  the  Growth 
of  the  Steam  Engine.  With 
numerous  Illustrations.  Second 
Edition.  Crown  8vo.  Cloth,  price 
6s.  6d. 

TODHUNTER  (Dr.  J.) 
A  Study  of  Shelley.    Crown 

Svo.     Cloth,  price  -js. 

Alcestis  :   A  Dramatic  Poem. 

Extra  fcap.  Svo.     Cloth,  price  55. 

Laurella;  and  other  Poems. 

Crown  Svo.     Cloth,  price  65-.  6d. 
TOLINGSBY  (Frere). 
Elnora.     An  Indian  Mytho- 
logical Poem.     Fcap.  Svo.      Cloth, 
price  6^-. 

Translations  from  Dante, 
Petrarch,  Michael  Angelo,  and 
Vittoria  Colonna.  Fcap.  Svo. 
Cloth,  price  7^.  6d. 

TURNER  (Rev.  C.  Tennyson). 
Sonnets,  Lyrics,  andTrans- 
lations.     Crown  Svo.     Cloth,  price 
45.  6d. 

TWINING  (Louisa). 
Recollections     of     Work- 
house   Visiting    and    Manage- 
ment during  twenty-five  years. 
Small  crown  Svo.  CUth,  price  3^.  6d. 

TYNDALL  (John),  LL.D.,  F.R.S 
Forms  of  Water.  A  Fami- 
liar  Exposition  of  the  Origin  and 
Phenomena  of  Glaciers.  With 
Twenty-five  Illustrations.  Seventh 
Edition.  Crown  Svo.  Cloth,  price  55. 
Volume  I._  of  The  International 
Scientific  Series. 

VAN  BENEDEN  (Mons.). 
Animal       Parasites       and 

Messmates.   With  83  Illustrations. 
Second  Edition.     Cloth,  price  sj. 

Volume  XIX  of  The  International 
Scientific  Series. 


VAUGHAN  (H.  Halford),  some- 
time Regius  Professor  of  Modern 
History  in  Oxford  University. 

New  Readings  and  Ren- 
derings of  Shakespeare's  Tra- 
gedies. Vol.  I.  Demy  Svo.  Cloth, 
price  155. 

VILLARI  (Prof.). 
Niccolo    Machiavelli    and 

•  His  Times.  Translated  by  Linda 
Villari.  2  vols.  Large  post  Svo. 
Cloth,  price  245. 

VINCENT  (Capt.  C.  E.  H.). 
Elementary  Military 
Geography,  Reconnoitring,  and 
Sketching.  Compiled  for  Non- 
commissioned Officers  and  Soldiers 
of  all  Arms.  Square  crown  Svo. 
Cloth,  price  2s.  6d. 

VOGEL  (Dr.  Hermann). 
The    Chemical    Effects   of 

Light  and  Photography,  in  their 
application  to  Art,  Science,  and 
Industry.  The  translation  thoroughly 
revised.  With  100  Illustrations,  in- 
cluding some  beautiful  specimens  of 
Photography.  Third  Edition.  Crown 
Svo.     Cloth,  price  55. 

Volume  XV.  of  The  International 
Scientific  Series. 

VYNER  (Lady  Mary). 
Every      day      a      Portion. 

Adapted  from  the  Bible  and  the 
Prayer  Book,  for  the  Private  Devo- 
tions of  those  living  in  Widowhood. 
Collected  and  edited  by  Lady  Mary 
Vyner.  Square  crown  Svo.  Cloth 
extra,  price  5^. 

WALDSTEIN  (Charles),  Ph.  D. 
The  Balance  of  Emotion 
and  Intellect :  An  Essay  Intro- 
ductory to  the  Study  of  Philosophy. 
Crown  Svo.     Cloth,  price  6s. 

WALLER  (Rev.  C.  B.) 
The  Apocalypse,  Reviewed 
under  the  Light  of  the  Doctrine  of 
the  Unfolding  Ages  and  the  Resti- 
tution of  all  Things.  Demy  Svo. 
Cloth,  price  12s. 

WALTERS  (Sophia  Lydia). 
The  Brook:  A  Poem.  Small 
crovim  Svo.     Cloth,  price  3^.  6d. 
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WALTERS  (Sophia  Lydia)—<:^«- 

tinued. 

A  Dreamer's  Sketch  Book. 

With  Twenty-one  Illustrations  by 
Percival  Skelton,  R.  P.  Leitch, 
W.  H.  J.  Boot,  and  T.  R.  Pritchett. 
Engraved  by  J.  D.  Cooper.  Fcap. 
4to.     Cloth,  price  125-.  td.  ' 

WARTENSLEBEN    (Count   H. 
von). 
The     Operations     of    the 

South  Army  in  January  and 
February,  1871.  Compiled  from 
the  Official  War  Documents  of  the 
Head-quarters  of  the  Southern  Army. 
Translated  by  Colonel  C.  H.  von 
Wright.  With  Maps.  Demy  8vo. 
Cloth,  price  6j. 

The  Operations  of  the 
First  Army  under  Gen.  von 
Manteuffel.  Translated  by  Colonel 
C.  H.  von  Wright.  Uniform  with 
the  above.  Demy  8vo.  Cloth,  price  qs. 

WATERFIELD.W. 

Hymns  for  Holy  Days  and 

Seasons.  32mo.  Cloth,  price  is.  6d. 
WATSON  (William). 
|The    Prince's    Quest    and 

other  Poems.     Crown  Svo.    Cloth, 

price  5^. 

WATSON   (Sir  Thomas),   Bart., 
M.D. 
The  Abolition  of  Zymotic 

Diseases,  and  of  other  similar  ene- 
mies of  Mankind.  Small  crown  Svo. 
Cloth,  price  3.?.  6d. 

WAY  (A.),  M.A. 
The  Odes  of  Horace  Lite- 
rally Translated  in  Metre.    Fcap. 

Svo.     Cloth,  price  2.f. 

WEBSTER  (Augusta). 
Disguises.  A  Drama.    Small 
crown  Svo.     Cloth,  price  5^. 

WEDMORE  (Frederick). 
The     Masters     of     Genre 

Painting.  With  sixteen  illustrations. 
Crown  Svo.    Cloth,  price  7^.  6d 

WELLS  (Capt.  John  C),  R.N. 
Spitzbergen— The  Gate- 
way to  the  Polynia  ;  or,  A  Voyage 
to  Spitzbergen.  With  numerous  Il- 
lustrations by  Whymper  and  others, 
and  Map.  New  and  Cheaper  Edi- 
tion.    Demy  Svo.     Cloth,  price  6s. 


Wet    Days,    by    a    Farmer. 

Small  crown  Svo.     Cloth,  price  6s. 
WETMORE  (W.  S.). 

Commercial  Telegraphic 
Code.  Second  Edition.  Post  4to. 
Boards,  price  42J. 

WHITAKER  (Florence). 
Christy's    Inheritance.      A 

London  Story.  Illustrated.  Royal 
i6mo.     Cloth,  price  is.  6d. 

WHITE  (A.  D.),  LL.D. 

Warfare  of  Science.    With 

Prefatory  Note  by  Professor  Tyndall. 
Second  Edition.  Crown  Svo.  Cloth, 
price  35.  6d. 

WHITNEY  (Prof.  W.  D.) 
The    Life   and   Growth    of 

Language.  Second  Edition.  Crown 
Svo.  _  Cloth,  price  5*.  Copyright 
Edition. 

Volume  XVI.  of  The  International 
Scientific  Series. 

Essentials  of  English 
Grammar  for  the  Use  of  Schools. 

Crown  Svo.     Cloth,  price  35.  6a. 

WICKHAM  (Capt.  E.  H.,  R.A.) 
Influence  of  Firearms  upon 

Tactics  :  Historical  and  Critical 
Investigations.  By  an  Officer  of 
Superior  Rank  (in  the  German 
Army).  Translated  by  Captain  E. 
H.  Wickham,  R.A.  Demy  Svo. 
Cloth,  price  7J.  6d. 

WICKSTEED  (P.  H.). 
Dante  :  Six  Sermons.    Crown 
Svo.     Cloth,  price  5.^. 

WILLIAMS  (Rowland),  D.D. 
Life  and  Letters  of,  with  Ex- 
tracts from  his  Note-Books.  Edited 
by  Mrs.  Rowland  Williams.  With 
a  Photographic  Portrait.  2  vols. 
Large  post  Svo.     Cloth,  price  245-. 

Stray  Thoughts  from  the 
Note-Books  of  the  Late  Row- 
land Williams,  D.D.  Edited  by 
his  Widow.  Crown  Svo.  Cloth, 
price  3^.  6d. 

Psalms,  Litanies,  Coun- 
sels and  Collects  for  Devout 
Persons.  Edited  by  his  Widow. 
New  and  Popular  Edition.  Crown 
Svo.     Cloth,  price  3J.  6d- 
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WILLIS  (R.).  M.D. 
Servetus    and    Calvin  :    a 

Study  of  an  Important  Epoch  inthe 
Early  History  of  the  Reformation. 
8vo.     Cloth,  price  i6j. 

William  Harvey.  A  History 
of  the  Discovery  of  the  Circula- 
tion of  the  Blood.  With  a  Portrait 
of  Harvey,  after  Faithorne.  Demy 
8vo.    Cloth,  price  i+r. 

WILLOUGHBY(TheHon.Mrs.). 
On     the     North     Wind  — 

Thistledown.  A  Volume  of  Poems. 
Elegantly  bound.  Small  crown  8vo. 
Cloth,  price  Ts.  6d. 

WILSON  (H.  Schiitz). 
The  Tower    and   Scaffold. 

A  Miniature  Monograph.  Large 
fcap.  8vo.     Price  \s. 

Within    Sound   of  the   Sea. 

By  the  Author  of  "  Blue  Roses," 
"  Vera,"  &c.  Third  Edition.  2  vols. 
Crown  8vo.  Cloth, gilt  tops,  price  12s. 
*#*  Also  a  cheaper  edition  in  one 
Vol.  with  frontispiece.  Crown  8yo. 
Cloth,  price  6s. 

WOINOVITS  (Capt.   I.). 
Austrian  Cavalry  Exercise. 

Translated  by  Captain  W.  S.  Cooke. 
Crown  8vo.     Cloth,  price  7J. 

WOLLSTONECRAFT  (Mary). 
Letters   to    Imlay.    With  a 

Preparatory  Memoir  by  C.  Kegan 
Paul,  and  two  Portraits  in  eau  forte 
by  Anna  Lea  Merritt.  Crown  8vo. 
Cloth,  price  ds. 

WOLTMANN  (Dr.  Alfred),  and 
WOERMANN  (Dr.  Karl). 
Histoiy  of  Painting.  Edited 
by  Sidney  Colvin.  With  numerous 
illustrations.  Medium  8vo.  Vol.  I. 
Painting  in  Antiquity  and  the  Middle 
Ages.  Cloth,  price  28^.  ;  cloth, 
bevelled  boards,  gilt  leaves,  price 
30J. 


WOOD  (Maj«r-GeneralJ.  Creiefa- 

ton). 

Doubling    the    Consonant. 

Small  crowm  8vo.    Cloth,  price  u.  6rf. 
WOODS  (James  Chapman). 
A    Child    of    the    People, 
and  other  poenw.     Small  crown  Svo. 
Cloth,  price  ^s. 

WRIGHT  (Rev.  David),  M.A. 
Waiting  for  the  Light,  and 

other  Sermons.  Crown  Svo.  Cloth, 
price  6j. 
V7URTZ  (Professor). 
The  Atomic  Theory.  Trans- 
lated   by    E.    Cleminshaw,    F.C.  S. 
Crown  Svo.     Cloth,  price  5.^. 

Vol.   XXX.  of  The  International 
Scientific  Series. 

YOUMANS  (Eliza  A.). 
An  Essay  on  the  Culture 
of  the  Observing  Powers  of 
Children,  especially  in  connection 
with  the  Study  of  Botany.  Edited, 
with  Notes  and  a  Supplement,  by 
Joseph  Payne,  F.C.  P.,  Author  of 
"  Lectures  on  the  Science  and  Art  of 
Education,"  &c.  Crown  Svo.  .  Cloth, 
price  2j.  td. 

First     Book     of     Botany. 

Designed  to  Cultivate  the  Observmg 
Powers  of  Children.  With  300  En- 
gravings. New  and  Cheaper  Edi- 
tion. Crown  Svo.   Cloth,  price  2j.  6d. 

YOUMANS  (Edward  L.),  M.D. 
A  Class  Book  of  Chemistry, 

on  the  Basis  of  the  New  System. 
With  200  Illustrations.  Crown  Svo. 
Cloth,  price  5J. 

YOUNG  (William). 
Gottlob,    etcetera.       Small 

crown  Svo.     Cloth,  price  3^.  dd. 
ZIMMERN  (H.). 
Stories  in  Precious  Stones. 
With  Six  Illustrations.     Third  Edi- 
•      tion.     Crown  Svo.     Cloth,  price  5J. 


London:— C.  Kegan  Paul  &  Co.,  i,  Paternoster  Square. 
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